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Abstract

As workers switch jobs, they also often choose to move residences to be closer to their new
place of work. This thesis investigates the dynamic interactions between housing and labour
markets, showing that when housing is scarce, it acts as a barrier to job market transitions
and aggregate employment.

While previous research has explored these markets independently, this study contributes
to the literature by developing a Dynamic Stochastic General Equilibrium (DSGE) model
treating the markets jointly. Chapter 1 introduces the theoretical framework, demonstrating
how search frictions and spillover effects between housing and labour markets allow the model
to replicate key stylized facts.

The second chapter empirically estimates the model using Bayesian methods and UK time-
series data from 1971Q2 to 2020Q1. It quantifies spillover elasticities, monetary policy pa-
rameters, and shock decompositions, shedding light on the effects of major housing and
labour policy interventions during the Thatcher era. Counterfactual simulations reveal how
policy reforms shaped market flexibility and economic resilience. The third chapter extends
the analysis to the US economy using data from 1965Q2 to 2020Q1. Comparative analysis
highlights structural differences in labour market flexibility between the UK and the US. A
counterfactual experiment explores the macroeconomic consequences of a more flexible labour
market in the United Kingdom, drawing lessons from the experience of the United States.
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Overview

Based on the observation that the labour market is heterogeneous and spatially concentrated
in cities, where the higher wages demanded by the specialised labour force raises the cost of
housing, the relationship between the real estate and labour markets have achieved sporadic
attention from policymakers and academia over the past 50 years. Within academia, the
foundations of the studies into the relationship started from the labour, housing, and urban
economics literatures. In labour economics, the key strands of research lie within the geo-
graphical local nature of labour markets', and insights from the search friction literature?.
Particularly relevant to this thesis hypothesis that tight housing markets act as a barrier to
job market activity is Manning and Petrongolo (2017), who show that costs associated with
accessing labour markets increase rapidly with distance, due to limiting the geographical size
of job-search areas.

In the housing literature, an early study into the relationship is Kain (1968), who
examined how the prevalence of segregation in the housing market led to African Americans
being concentrated in specific urban neighborhoods, limiting their ability to relocate closer to
employment hubs. Other strands of research, not focusing on explicit discrimination, instead
examine how the housing market may be a key input in determining workers’ willingness to
be geographically mobile. Oswald (1996) explores the link between homeownership and
mobility, noting that homeowners display lower levels of mobility than renters. Building
on the insights from the labour literature discussed above, more recent papers, such as
Head and Lloyd-Ellis (2012), develop a theoretical model where they show that mobility is
directly related to the ease with which housing transactions can be undertaken, causing a
cyclical dynamic where recessions are associated with low selling probabilities and low levels
of labour mobility even when households face extended periods of unemployment.

Urban-Rural Classification

Mean GDP per Capita Mean House Price

12

% Savey

Urban Map Income Map Output Map House Price Map

Figure 2: From Left to Right: Urban Classification is taken from Eurostat described in its
Territorial typologies manual. Average Weekly Earnings computed as the mean earnings per
region for the period 2010 to 2020 from the Office National Statistics. Data on output
per capita is taken at an annual interval from 2022 to 2023 available from Office National
Statistics. House prices are taken from the U.K. Land Registry

!See for example Enrico (2011) for a thorough discussion of the topic in the handbook of labour economics.
2See for example Rogerson and Shimer (2011) chapter in the handbook of labour economics tracing the
key developments in the search literature.
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In the urban economics literature, it is well-established that large urban centers give rise
to an urban productivity premium arising from agglomeration, creating a concentration of
firms and workers who generate positive externalities on one another. This agglomeration
combined with localised labour markets results in low unemployment rates and high wages,
creating a pull effect on outside labour. However, as demand for relocation increases, it creates
upward pressures on real estate prices and housing costs, raising the cost of relocation and
commuting, acting as a barrier to job-sector matching. Hinting at such an urban productivity
premium translating into higher wages and house prices are illustrated in figure 2, which plots
the urban classification and quantile divisions of average weekly income per capita, mean GDP
per capita, and average house prices in the UK.

As the ratio of house prices to incomes, plotted in figure 3, reaches increasingly high
levels, attention to the negative effects unaffordable housing has on the aggregate economy
has increasingly resulted in calls for policy intervention from think tanks, policymakers, and
politicians?, with the newly elected 2024 UK Labour Party government making housing
market intervention a major point in their party manifesto to facilitate economic growth®.

Seeking to contribute to this discussion, this thesis examines the relationship between
housing and labour markets through a structural model parameterised for, and applied to
the aggregate economies of the United Kingdom and United States.

1087.00 1989.00 199100 1893.00 189500 1997.00 1999.00 00000 200300 200500 2007.00 200900 201100 201300 201500 2017.00 2019.00 202000 202300

Figure 3: House Price to Income Ratio in the UK, 1987Q1 to 2024Q3, data taken from
Organization for Economic Co-operation

The first chapter presents the model. The model operates with homogeneous households
and firms, search and matching frictions in both the housing and labour markets, a monetary
policy channel that transmits shocks onto the housing market, and a spillover channel between
the two markets. The labour market is modeled in the well-established fashion of Diamond,
Mortensen, and Pissarides types of search models®, with the housing market based on Head,
Lloyd-Ellis, and Sun (2014). The spillover channel is guided by the theoretical strands
identified above, where tight labour markets, associated with low unemployment and high
wages, drive up housing market activity. A tight housing market, on the other hand, is
associated with high house prices and difficulties in finding houses, acting as a barrier to
labour market activity.

In addition to contributing to the theoretical literature on search and matching in hous-
ing and labour markets, chapter two adds to the empirical literature. This chapter applies

3See Behrens and Robert-Nicoud (2015) for a survey of findings in agglomeration economics.

4See for example Judge (2019), who provides an overview of the relationship in the UK and the negative
effects on the labour market.

5See: Labour Party Manifesto

6See Pissarides (2000)
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the structural model to the UK economy using Bayesian techniques and UK time-series data
ranging from 1971Q2 to 2020Q1 to quantify the value of the spillover elasticities active in
the housing and labour markets, the model’s monetary policy parameters, and the exoge-
nous shocks driving the dynamics of the UK economy during the period. This empirical
contribution situates the research in the established class of estimated New Keynesian Dy-
namic Stochastic General Equilibrium (NK-DSGE) models over the labour market”. It is also
broadly related to the existing literature on estimated DSGE models for the housing market,
where only a few examples incorporate search frictions®. In treating the housing and labour
markets jointly, there exists, to my knowledge, only a theoretical literature, highlighting the
research’s ability to fill a meaningful gap.

To validate the estimation results and inform the ongoing policy debate in the UK, the
chapter continues by examining the effect of housing and labour market interventions under
Margaret Thatcher’s premiership through counterfactual analysis. The chapter also examines
the estimated state probabilities and shock decomposition analysis to validate the model’s
ability to detect periods of high volatility and changes in monetary policy priorities, contex-
tualizing these results within key historical events and policy shifts.

Chapter three studies the implications of labour market mobility on the aggregate econ-
omy by comparing the UK labour market to its more flexible US counterpart. The section
extends the empirical research by estimating the parameterised economy for the United States
using time-series data from 1965Q2 to 2020Q1. These results are then compared to those
reported in 2 to highlight structural differences in the housing-labour market relationship
in the two countries. Finally, a counterfactual experiment examines the consequences had
the UK’s housing and labour market interventions of the early 1980s induced greater labour
market flexibility and mobility.

"See for example Lubik (2009) for the US, or Faccini et al. (2011) for the UK.
8The closest is perhaps Carrillo (2012), though the focus of our studies differs significantly.



Contents

1 Housing and Labour Market Spillovers 1
1.1 Imtroduction . . . . . . . . . . . e 1
1.2 Model . . . . . . e 3

1.2.1 Setting and Population . . . . ... ... ... . L. 3
1.2.2 Households . . . . . . . . . . . e 3
1.2.3 Labour Market . . . . . . . . . . ... ... 6
1.2.4 Housing Sector . . . . . . . . . . . e 12
1.2.5 Policy . . . . o e 17
1.2.6  Spillovers . . . . . . . 17
1.2.7 Resource Constraint . . . . . . . . . .. ..o 19
1.3 Calibration . . . .. .. . e 20
1.3.1 Stationarity and Detrending . . . . . . . .. ... ... ... ... 20
1.3.2 Empirical Parameters: . . . . . . . .. ... ... ... ... 20
1.3.3 Calibrated Parameters: . . . . .. .. ... ... ... ......... 22
1.3.4 Computed steady-state parameters . . . . . . . . . . ... ... .... 23
1.4 Model Dynamics . . . . . . .. L e 23
1.4.1 Labour and Housing Market shocks . . . .. ... ... ... ... ... 24
1.4.2 Technology . . . . . . . . . . . e 27
1.4.3 Consumption Demand Shock . . . . ... ... ... ... .. ..., 29
1.5 Monetary Policy Implications . . . . . . .. .. .. ... ... 30
1.6 Concluding Remarks . . . . .. .. ... L 32

2 Searching for flexibility: The Joint Impact of Thatcher’s Reforms of UK
Labour and Housing Markets™ 33
2.1 Imtroduction . . . . . . . . .. 33
2.2 The Model . . . . . . 35

2.2.1 Households . . . . .. .. . 35
2.2.2 Production . . .. ... 37
2.2.3 Housing Sector . . . . . . . ... 40
2.2.4  Aggregation and Equilibrium . . . .. ... o0 000000 44
2.2.5 Imterconnected Markets . . . . . . . ... ... 45
2.2.6 Monetary Policy . . . .. .. .. .. 46
2.2.7 Shock Volatilities . . . . . . . . . . ... 46
2.3 Bayesian Estimation . . . . . . ... o oo 46
2.3.1 Shocksand Data . . . .. ... ... .. 46
2.3.2 Parameter Estimates . . . . . . . .. ... oL 47
2.3.3 Historical Narrative . . . .. .. .. ... ... .. .. .. 50
2.3.4 Interconnected Markets . . . . ... ... ... .. oo, 50
2.3.5 Relative Importance of Shocks . . . .. ... ... ... ... ... 54
2.4 Economic Implications . . . . . . . . . ... . L 56
2.4.1 Fall in Housing Construction . . . . .. . . ... . ... ... ..... 56
242 RighttoBuy . .. .. . . 57
2.4.3 Trade Unions . . . . . . . . . . . . e 58
2.4.4 Monetary Policy . . . .. .. .. . 59

xi



2.5 Concluding Remarks . . . . .. . ... o 60

3 A More Mobile Labour Market 61

3.1 Introduction: . . . . . . . . . . e 61

3.2 Model . . . .. 62
3.2.1 Setting and Population . . . .. ... ... ... ... ... ... ... 62
3.2.2 Households . . . . . . . . . . 62
3.2.3 Labour Market . . . . .. .. .. ... ... 65
3.2.4 Housing Sector . . . . . . . ... 71
3.25 Policy . . . . . 7
3.2.6 Spillovers . . . .. e 78
3.2.7 Equilibrium . . . ... 79

3.3 Calibration . . . . . . . . . . e 79
3.3.1 Stationarity . . . . .. .. 79
3.3.2 Empirical Parameters: . . . . . . . ... Lo Lo 80
3.3.3 Calibrated Parameters: . . . . . .. . ... ... .. ... ... .... 82
3.3.4 Computed steady-state parameters . . . . . . . . ... ... ... ... 83

3.4 Bayesian Estimation . . . . . .. .. .o 85
3.4.1 State Space Representation: . . . . . . .. .. ... 85
3.4.2 Identificataion Strategy . . . . . . . . . ... 85
3.4.3 Measurement and Data . . . . . .. ... L Lo 86
3.4.4 Estimation Results: . . . . . .. ... ... o o 88

3.5 Counter-factual . . . . . . ... 94

3.6 Concluding Remarks: . . . . . . . ... 97

Appendix A:i

Bibliography . . . . . . . A:i

A:1 Data Sources and Measurement Equations: . . . . . .. ... ... ... ... Atix
A Details on data used in estimation . . . . ... ... ... .. ..... Aiix
B Steady State Computation . . . . ... ... ... ... ........ A:xiii

A:2 Mathematical Appendix . . . . . . . . . ... A:xviii
A Households: . . . . . . . . . . . . e A:xviii
B Matching Technology in the Labour Market: . . . .. .. .. ... .. Axxi
C Matching Technology in the Housing Market: . . . . . .. .. .. ... A:xxi
D Housing Market Tightness Equation with Chains: . . . . . .. ... .. A:xxii
E Final Good Producers . . . . . . . . . . ... ... .. ... ... ... A:xxiii
F Intermediary Goods producers . . . . ... ... ... ... A:xxiv
G Output Aggregation . . . . . . .. . ... o A:xxix
H Wage Bargaining Problem: . . . . . .. ... ... 0 0oL Aixxx
I House price equation . . . . . . . . . ... .. ... ... ... Axxxii
J Resource Constraint . . . . . . . . ... ... oo Axxxiii

A:3 Stationary representation: . . . . . . . ... Axxxiv
A Households: . . . . . . . . . . Axxxv
B Law of Motion for the Labour Market . . . . . ... ... .. ..... A:xxxv
C Law of Motion for the Housing Market: . . . . ... ... ... .... Axxxvi
D Output: . . . . . e e A:xxxvii
E Resource Constraint: . . . . . . . .. .. ... o Axxxvii
F Housing Stock: . . . . . . . . L Lo Axxxvii
G Production of Developed land: . . . . .. ... ... ... .. ..... Axxxvii
H Law of Motion for Housing: . . . . . . . .. .. ... ... .. ..... Axxxvii
I Construction sector wage equation: . . . . . . . ... ... Axxxviii
J Value Functions in the Housing Market: . . . . .. .. .. .. .. ... Axxxviii
K House Price Equation: . . . . . .. .. . ... . L o L. Axxxix

A:4 Full System: . . . . . .. A:xl
A Aggregated Variables. . . . . ... .o oo A:xl

xii



B Normalised Representation . . . . ... ... ... ... ........ A:xliv
C Steady-State . . . . . .. L A:li
A:5 Numerical Implementation . . . . . . . ... ... L A:lv
A:6 Simulation Appendix for Chapter 1: Housing and Labour Market Spillovers . A:lvi
A Labour Supply Shock . . . . .. .. ... A:lvi
B Housing Demand Shock . . . . . . ... ... ... ... ... A:lvii
C Total Factor Productivity Shock . . . . . ... ... ... ... .... A:lviii
D Consumption Preference Shock . . . . . ... ... ... ... ..... A:lix
E Cost Push Shock . . . . . .. . .. .. . ... Alx
F Interest Rate Shock . . . . . . .. ... ... A:lxi
A:7 Simulation Appendix for Chapter 3: A More Mobile Labour Market . . . . . A:lxii

xiii



Xiv



List of Tables

1.1
1.2
1.3
1.4

2.1
2.2
2.3
2.3
24

3.1
3.2
3.3
3.4
3.5
3.6

Empirical Parameter Values . . . . . . .. ... ... . . 0oL, 21
Combined Calibrated Parameters . . . . . . . . . ... ... ... ....... 22
Steady-State Variables (Parameter Values) . . .. ... ... ......... 23
Shock processes considered in Chapter 1.. . . . . .. ... ... ... ..... 23
Known Steady State Ratios . . . . . . . .. .. .. ... ... ... ..., 47
Calibrated Parameters . . . . . . . . . . . . . .. . 49
Estimation Results 1971Q2-2020Q1. . . . . . . . . . . . . ... ... 52
Estimation Results 1971Q2-2020QQ1 — continued. . . . . . . . . ... ... .. 53
Variance decomposition. Ergodic distribution. . . . . . . . .. ... ... ... 55
Empirical Parameter Values in the US and the UK Economies . . ... ... 80
Combined Calibrated Parameters for USand UK . . . . . ... .. ... ... 82
Steady-State Variables . . . . . . . .. ..o o 83
Estimation Results 1971Q2-2020Q1 (UK) and 1965Q1-2020Q1 (US). . . . . . 89

Estimation Results 1971Q2-2020Q1 (UK) and 1965Q1-2020Q1 (US) — continued. 90
Estimation Results 1971Q2-2020Q1 (UK) and 1965Q1-2020Q1 (US) — continued. 91
Measurement Equations and Corresponding Data Concepts Including House

Price to Rent Ratio. . . . . . . . . . . . ... .o A:ix
Steady-State Variables (Page 1) . . . . . . .. ... ... ... ... ... .. A:xiii
Steady-State Variables (Page 2) . . . . . . . . . . . . ... ... Axiv

XV



xvi



List of Figures

1.1

1.2
1.3
14
1.5

1.6

1.7

2.1
2.2
2.3
24
2.5
2.6
2.7
2.8

3.1
3.2
3.3
3.4
3.5
3.6

10
11
12
13

14

15

NUTS3 Data on UK Spatial Differences . . . . . . ... ... ... .. ....
House Price to Income Ratio in the UK, 1987Q1 to 2024Q3 . . . . . .. . ..

The joint movement of: Employment, Vacancies, Homeownership, and Resi-
dential Housing for Sale in the United States (1966Q1-2020Q1). . . . . . ..
Timing of events in the labour market. . . . . . .. . ... ... .. ...
Response of the UK parameterised economy to a Labour Supply Shock.

Response of the UK parameterised economy to a Housing Demand Shock. . .
Response of the UK parameterised Economy to an Aggregate Productivity

Historical Dataonthe UK . . . . . . .. .. .. ... ... ... . .......
State Probabilities . . . . . . . . . ...
Historical decomposition of selected variables. . . . . . . . .. ... ... ...
Collapse of Local Authorities Housing Construction . . . . .. ... ... ..
Right to Buy . . . . . .
Trade Unions . . . . . . . . . 0
Effect of a switch to Hawkish policy . . . ... ... ... ... ... .....
Combined effect of three reforms: housing, trade-unions, and privatisation . .

Timing of events in the labour market. . . . . . . ... ... ... ... ....
Historical Data for USand UK . . . .. ... ... ... .. ..........
Housing Supply Shock . . . . . . . .. L
Housing Demand Shock . . . . . .. ... ... ... . . oo
Probability of Being in Dovish Monetary State . . . . . ... ... ... ...
A more mobile labour market . . . . ... ...
Labour Supply Shock, Full System Response . . . . . ... ... ... ....
Housing Demand Shock, Full System Response . . . . . ... ... .. ....
Productivity Shock, Full System Response . . . . . . . ... ... ... ....
Consumption Demand Shock, Full System Response . . .. ... ... ....
Cost Push Shock, Full System Response . . . . .. .. ... .. ........
Interst Rate Shock . . . . . . . . . ..
Response of the UK economy under Baseline and counter-factual experiment
to a unit shock to housing construction productivity. . . . . . . . . . ... ..
Response of the UK economy under Baseline and counter-factual experiment
to a labour supply shock . . . . . . . ... o
Comparisson of Simulated Counterfactuals, Full System of Latent Variables .

xvil

26

60



This page intentionally left blank



Chapter 1

Housing and Labour Market
Spillovers

This chapter investigates how the joint dynamics of housing and labour markets influence the
aggregate economy. It presents a theoretical framework that integrates search-and-matching
frictions in both markets, endogenous housing supply, and a monetary authority responding
to inflation and output changes. A key innovation is the interaction between the two search
markets, which reproduces the co-movement of vacancies, unemployment, housing vacancies,
and homeownership in response to housing and labour market shocks. Through a simulation
exercise, the chapter also compares monetary policy outcomes with and without the spillover
channel, demonstrating how these interactions amplify and propagate monetary shocks.

1.1 Introduction

Understanding housing and labour market dynamics is key to answering fundamental ques-
tions within macroeconomics. However, while these topics have been treated independently,
a theoretical framework suited for empirical investigation exploring the joint dynamics of
the two markets is lacking in the macroeconomic literature. This chapter addresses this gap
by developing a unified framework that captures the joint dynamics of housing and labour
markets, showing that the framework is able to replicate the observed co-movement of job
vacancies, employment, houses for sale, and homeownership over the business cycle.

The resulting model features search frictions in housing and labour markets, and a
spillover channel through which one market affects the other. While the model is aggregate
in nature and features no financial frictions or spatial dimensions directly, it still captures key
channels of transmission between markets, and does a good job of replicating the aggregate
dynamics arising from job changes and residential moves being highly correlated (See for
example, Topel and Ward (1992), Kennan and Walker (2003), or Langella and Manning
(2022)). I also show that the simulated economy is able to replicate key stylised facts of
the business cycle dynamics of the two markets, importantly the joint co-movement of both
housing and labour market supply and demand over the business cycle, as plotted on figure
1.1.

This research is related to six strands of previous literature. The first two, studying
labour over the business cycle, and studying the relationship between labour markets and
monetary policy, are at the very core of macroeconomics, and fits into seminal papers such
as Keynes (1937), Kydland and Prescott (1982), Rogerson (1988) on dynamics, and
Beveridge (1944), Phillips (1958), and Okun (1963) on policy, see Topel (1999) for a
survey on the relationship. In studying housing markets in the macroeconomy, the model is
also broadly related to the literature examining the housing markets role in shock propogation
and amplification over the business cycle!.

!See for example, Monacelli (2009), Tacoviello and Neri (2010), Mian and Sufi (2014), Jorda et al.



Methodologically more closely related to the proposed model, both housing and labour
market research have emphasised the role of search frictions in general equilibrium mod-
elling. This class of models, typically attributed to the joint work of Peter A. Diamond, Dale
T. Mortensen, and Christopher Pissarides (DMP for short), was initially applied to labour
markets, with Mortensen and Pissarides (1994) showing how search frictions were able to
reproduce the key stylised fact of the co-movements in vacancies and unemployment across
the business cycle, as illustrated for the United States in Figure 1.1. Further work on the now
canonical version of the DMP model summarised in Pissarides (2000) extends the analysis
by incorporating Nash Bargaining, with work by Shimer (2005) and Hall (2005) exam-
ining the framework’s ability to capture the presence of sticky wage contracts and the low
volatility of wages relative to employment. In the proposed framework, the labour market
is a discrete-time version of Pissarides (2000), suitable for empirical estimation similar to
Lubik (2009).

In incorporating search frictions in the housing market, the research is related to Kain
(1968) and Krainer (2001). In modeling the housing market with search frictions in a Dy-
namic Stochstic General Equalibrium (DSGE) setting, the model is also related to Genesove
and Han (2012), Head, Lloyd-Ellis, and Sun (2014), and Hedlund (2016) studies into the
business cycle dynamics of housing markets?. As I will discuss in greater detail in section
1.4, the search frictions are crucial for the housing market to reproduce the co-movement of
housing supply and demand over the business cycle analagous to the puzzle answered by the
DMP model in the labour market. This business cycle movement is depicted on Figure 1.15.

Figure 1.1: The joint movement of: Employment, Vacancies, Homeownership, and Residential
Housing for Sale in the United States (1966Q1-2020Q1).

Top: Year-on-Year Growth in Aggregate Employment (Red) and Unfilled Vacancies (Blue)
in the United States for the period 1966Q1 to 2020Q1. Aggregate Employment is defined
as the product the intensive and extensive margin of labour. Hours worked is taken from
U.S. Bureau of Labor Statistics, and employment is taken as a rate and computed as 1
less the unemployment rate. Unemployment and Vacancy data are taken from Brian C
Jenkins’ extended reproduction files of Shimer (2005) available at: https://github.com/
letsgoexploring/economic-data/blob/master/dmp/csv/beveridge_curve_data.csv.
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Bottom: Year-on-Year Growth in Homeéwheréhip (Rbd)‘, Vacant HTou'sin\g iistings (Blue) in
the United States for the period 1966Q1 to 2020Q1. Data on housing tenure is taken from

U.S. Census Bureau, and normalised by the total housing stock.

(2016), and Garriga, Kydland, et al. (2017)

*For a more complete survey of the literature, please see Han and Strange (2015)

3Note that there is little reliable data on homelessness, so as a proxy I use homeownership, meaning that
there is a positive relationship in the housing market data as opposed to the inverse relationship observed in
the labour market data.


https://github.com/letsgoexploring/economic-data/blob/master/dmp/csv/beveridge_curve_data.csv
https://github.com/letsgoexploring/economic-data/blob/master/dmp/csv/beveridge_curve_data.csv

Finally, the proposed model is at its core a study into the joint dynamics of housing and
labour markets, but the existing literature treating these markets jointly is sparse and not
sufficiently developed. Kain (1968) provides an early study describing some theoretical
relationships between the two markets but does not present a formal model. Nenov (2015)
examines the relationship in a spatial model where workers face moving decisions and make
optimal choices based on relocation costs and job market premia. Most similar to my work,

Head and Lloyd-Ellis (2012) propose a two-"country” model with search frictions in both
the residential and labour markets, and households making moving decisions between the
economies based on moving costs, housing market liquidity, and wage premia.

The structure of this chapter is as follows: Section 1.2 and 1.3 describe the model’s
structural relationships and report parameter calibration. Section 1.4 investigates the model’s
dynamics in response to exogenous shocks to aggregate supply and demand shocks, and to
isolated labour and housing market shocks. Through a comparison of the shocks when the
spillover channel is active and inactive, the simulations are used to highlight the importance
of the interconnected market in driving cyclical variations in the the housing and labour
market jointly. Section 1.5 extends the analysis of the model dynamics by examining the role
of the spillover channel for monetary policy transmission. Section 1.6 concludes.

1.2 Model

1.2.1 Setting and Population

Time is discrete and the economy is populated by a measure ); individual agents. The
aggregate measure of population grows at the the constant and exogenous net rate p:

Qi1 = (1+ p)Q¢ (1.1)

All households are infinitely lived, discount time at a rate S;, own firms, and consume
consumables. Households own two types of labour. They supply labour to the the con-
struction sector frictionlessly, and face search frictions when operating in general industry
which produces output goods. All agents also require housing which they either rent or own.
While the rental market clears in a Walrasian fashion in every period, households face search
frictions when buying houses in the housing market.

1.2.2 Households

The population is distributed amongst a constant number of households H. As the aggregate
population grows between periods, these u(); new entrants are assigned to existing house-
holds s.t. each household grows by %Qt members per period. There is no mobility between
the households once assigned. To avoid creating a high level of heterogeneity and to aid
aggregation, we follow Merz (1995) in assuming that each household is made up of an ex-
tended family, where some proportion of the household is employed and earn a wage income,
and some proportion is unemployed receiving an unemployment benefit. Similarly, some pro-
portion of household members rent and and some own houses. Within the household, there
exists perfect consumption risk sharing.

1.2.2.1 The individual Household

The individual household derive utility from consuming the habbit adjusted composite good
(X¢), enjoying leisure hours (1 — k), and per period consumption of housing services (zy).
They derive disutility from providing labour to general industry (L) and to the construction
sector (Lp¢). Their utility function takes the form:

3



X : —
U( t) H hc,ta H ’ H)
> Xi7Q Ley (1= hied)' ™" — 1 QN
t 2,t 7t c,t 1,C,t 715 H
Eogﬁ Qt71_0H+Xc,tH 11— XhLzhtH+H
(1.2)
Where: All variables with subscript ”i” represent choice variables belonging to the indi-

vidual household.

To recreate well-established consumption smoothing behaviour and persistence in con-
sumption, it is assumed that households habit adjusted bundle depend on external habits
a la Campbell and Cochrane (1999) and Abel (1990). That is, the consumption bundle
is made up of the individual households choice of per period consumption (c;:), and the
per-household measure of all households consumption in the previous period (C;—1). That is:

Cit

Xit = 1.3
M A At 1 (13)
Where: Ay captures the trend level of aggregate productivity, and satisfies:
A1 = (1+ 24 Ay (1.4)
In (1.2), the first term — Qt T Qt —represents the utility derived from consumption. Each

individual member of the household consumes the composite good X;; as described by (1.3).
Since the consumption adjusted bundle X+ represents the utility of an individual household

member, we multiply the bundle by L to develop a representation of the consumption of the
household.

1-ht i7v—1 . . . .
The second term — X7 Loy (# — represents the dis-utility of working in the gen-

eral industry. x.; is a smoothlng parameter. L., is the aggregate number of people employed

in the general industry of the economy, thus Llfjt represent the proportion of employed mem-
bers of the household. h; . represent the number of labour hours provided by the individual
worker, and v represent elasticity of substitution with respect to leisure hours.

The third term — Xth,t% — represent the dis-utility associated with providing labour
hours to the construction sector. Since construction sector labour only depends on the in-
tensive margin, there is no need to normalise Lj; by the number of households The final
term — ]I\;tzH is the utility value of home-ownership derived by the Mt 7t proportion of the

household who are homeowners.

When firms and unemployed workers in the general industry match, they sign contracts
where the real wage rate w,; is obtained through a Nash surplus bargaining process. These
employed individuals thus receive a labour income h;.;w.;. Unemployed persons receive
an unemployment benefit b.; as a transfer from the government, which is financed through

lump-sum taxes?.

4See section: 1.71



Households face a disaggregated budget constraint that states that all household members
(%) face costs associated with their expenditure on per-period consumption spending (Cj ),
lump sum taxes (7;+), any €; ; housing costs, and, any savings in private bonds which can be
brought forwards to the next period (A;¢+1). Household incomes are made up of unemploy-
ment benefits (b.) derived by the U, ; unemployed households, the returns on bonds brought
forward from the previous period (R;A;;), any profits made from owning firms (®;;), and
labour incomes in the two sectors: we h; s derived by the L.; employed agents in the general
industry, and wp; incomes from the construction sector.

Qt Qt Q Qt

Cit i HAzt+1+ Hth-i- HQi,t:
L., Uy
%‘pzt'i- chthct+ Hbc,t+%whthht+QthA

(1.5)
Households housing costs are divided into the maintenance/taxation (m]) costs paid by all
matched homeowners, rental costs (rf) paid by renters, and transaction costs in the housing
market for sales and purchases. These transactions are summarized by the final two terms of
expression (1.6) below. Because all agents who are active in the housing market transition
between either being a matched homeowner, (N;) or a searching buyer (B;), any per-period
adjustments in the stock of homeowners must reflect either a successful match, or a separation
and sale. L.e: If a member of household ”i” has successfully matched with a house previously
owned by household ”j”, there has been a one unit increase in the level of home-ownership
in household "i”, and a one unit decrease in household ”j”. The transaction is then carried
out at the equilibrium house price P, which is dlscussed in further detail in section 1.2.4.6.
Due to the presence of perfect risk sharing within the household the, these housing costs can
be collected together in the variable (£2;;):

%Qz‘,t = Fyery + Nigmy + PPNy — Nig—1) — P"(Nj¢ — Njy—1) (1.6)
Where: Subscript 7/ denote variables belonging to household ’i’, while subscript ’j’ be-
longs to ”other” households.

1.2.2.2 Individual Households Problem

The households problem is to maximise their utility function (1.2), subject to their habitual
consumption bundle (1.3) and their budget constraint (1.5). They have choice variables of
consumption, labour supply to the construction sector, and bond savings — {Cj ¢, L; p ¢, Ai t+1}
— and take: { rP', mp}, Weyt, ety bet, Whit, Q, Niy Fy, Ley, and H } as given. Thus, the
households maximisation problem can be described:

t Qt Lc, ( h’;ct) =1 Q Nt H
) L; e
{Xltvolrtr}%z)(hty zt OZB +XtH 1_1/ Xh htH+H
Czt C
St:X; -0
A At 1
Qt Qt Qt Qt
And :—C; i T, Q;
7 Cie + A + e+ Qi =
Ley Uet
%q)lt‘i‘ H 7Ucthct+ H bct+%whthht+QthAi’t

Yielding the following F.O.C®:

5See appendix: A:2 for derivations



o X; = MAy (1.7)

Wh,t

Xn = 0 X, (1.8)

1 Qi1
zt+1A 41 Qt

1
o X, taz = BE; |01+1X; > ——Ri1 (1.9)

1.2.2.3 Aggregate Household

Consider the optimal choice of the individual household. Since all households are homo-
geneous, they all make the same optimal choices {Xj¢, Ciy, Li pt, Airt1}i2g, thus we can
express the aggregate budget constraint by multiplying by the number of households (H):

CitQi + QrAi 11+ QiTip + Qi€hiy = Qe®Pit + Leywethet + Uctber + Qrwn ¢ L hy + QiR Ay

And defining the aggregate measure as the realisation of individual variables multiplied
by population:

Cr+ A1 + Ty + Q = O + Legwethey + (Qr — Let)bey + wnp Ly + Re Ay (1.10)

Where: The level of housing investment undertaken by households can be expressed as:
A

QO = Nym! + BBy | (Hip1 — Hy)( Zlvm) (1.11)

And: SE{(Hi41— Ht)( Vt+1)} represent the discounted value of transacting for newly

constructed houses®.

Where: the aggregation of the individual households first order conditions yield”:

A = Qt(gz)_a (1-12)
_ (Kt o Wit
Xn = Qt(Qt) A (1.13)
o @t Xit1,_o Qe+
(Qt) A, BE; Qt+1(Qt+1) Ay Ry (1.14)

And where: the aggregate consumption bundle is defined as:

Xy Cy Ci—1
— = —0 1.15
o~ 04 A0, (1.15)

1.2.3 Labour Market
1.2.3.1 General Industry

Suppose there exists a continuum of final good producers who operate in perfect competition
and frictionlessly package intermediary goods into final goods production — Y;, which can be
converted frictionlessly into consumption goods®. There also exists j € J normalised by mea-
sure 1 intermediary firms in the general industry. Such intermediary firms firms produce an
intermediary good — y;(j) — by hiring workers through a costly process of search and matching
based on Diamond, Mortensen and Pissarides workhouse model summarised in Pissarides
(2000). Once matched, a firm-worker pair negotiate wages and hours through a Nash bar-
gaining process, and a match is destroyed by a stochastic process. Final goods firms sell
their output to households, and intermediary producers sell their goods in a monopolistically
competitive market,.

6See section: 1.2.4
"See appendix: A:2 for derivations
8See section 1.2.7



1.2.3.2 Matching Technology

Suppose that the probability that a worker matches with a vacant job is as typically in the
literature dependent on the aggregate number of unemployed workers and vacancies in the
economy. Let the total number of matches in the economy be captured by the matching
function M. (Ve s, Uey), which depend on the level of matching efficiency (k¢:), and on U
and V. ; — the total number of unemployed workers and vacancies respectively. That is:

b 1-0.
Mc,t(Uc,tv ‘/c,t) = /{c,tUQt’tV;;,t . (1.16)

Where: V. = fol Vi(j)ds aggregation over all firms, indexed by <.

Let the labor market tightness be denoted as:

Vet
Uc,t

(1.17)

We,t =

We can then express the job filling rate (matching probability for the firm) as 767t97
ensuring that a tighter labour market reduces the matching probability of firms:

Mc,t(Uc,t) VVc,t) —5c,t

= 1.18

Vet =

And the job finding rate of the unemployed (matching probability for unemployed) as
Ae+10, ensuring that a tighter labour market raises the matching probability of workers:

M,t U t,V,t 1-dc
>\c,t = C([]C’c) — 7c,twc,t — thwc,t ,t (119)
c,t

1.2.3.3 Transition Probabilities and Laws of Motion in the Labour Market

At the beginning of period ”t”, there are L.;—1(j) employed persons in firm-worker matches
carried over from period 7t — 1”7 within firm ”j”. During period ”t”, these existing matches
suffers separations by probability: 9., € (0,1), such that (1 —9Y.¢)Lc¢—1(j) matches survive.
The firm also advertise vacancies, of which which 7.V, .(j) are filled within period "¢”. The
number of employed persons at the end of period ”t” is thus:

LC,t(j) =(1- ﬁC,t)th—l(j) + 'Yc,th,t(j) (1.20)

It is assumed that the job filling rate is the same for all firms. Aggregating the above
equation, we can express the total number of employed households L.; = fol Lct(j),dj, and

the total number of vacancies V. ; = fol Vet(7), dj in the economy. That is:
Ley =1 —=0ct)Let—1+ YetVer (1.21)

At the beginning of period ”t”, the total number of unemployed households is defined
as being equal to the labour force less those who are not employed at the end of period
"t —17. During period "t”, ¥;L.;—1 persons become unemployed. They are then added to
the stock of unemployed, and immediately start searching for a new job. That is: U,; =
Q¢ — Let—1+V¢Let—1. Hence, we can define the aggregate number of unemployed persons in
the economy at the end of period "t”:

Uc,t - Qt - ( - 790,1&)[10,15—1 (122)

9See appendix: A:2
10G8ee appendix: A:2



The timing described above can be summarised by Figure 3.1, below:

i Existing matches suffer separations, and

|
|
|
I 1 |
Beginning of period: ”t” : created vacancies are filled and matches occur. : End of period: "¢”
|

Realisation of Lei—1 Realisation 'of Ley, Uey

Figure 1.2: Timing of events in the labour market.

1.2.3.4 Final Good Producers

Following Dixit and Stiglitz (1977), there exists a continuum of perfectly competitive final
goods producing firms which purchase intermediary inputs and aggregates them according
to the production technology described by (1.23), which they then sell to households.

m_[AZMﬁ%I@T; (1.23)

Where: Y; and y(j) denotes the aggregate and individual output respectively. € > 1 is
the stochastic elasticity of substitution between intermediary input goods.

Such final good producing firms face a maximisation problem where they decide how
many final goods to produce, and how many intermediary goods to purchase — {Y;, y:(j)} —
taking prices {P;,p+(j)} as given in order to maximise profits:

1
EZBK—AMUMM@ (1.24)

Where: P, and p.(j) denotes the aggregate and individual price level respectively.

Yielding the aggregate demand curve for intermediary goods'!:

ye(J) = (p'}g‘j)>€1€ (1.25)

Where: € > 1 is the elasticity of substitution between goods.

And path for the aggregate price level'?:

1

P = [ /O ) dy’] (1.26)

1.2.3.5 Intermediary Good Producers

9 49

In the intermediary goods producing industry, firm ”j” operates the following technology:

Yt(J) = 2eAtLet(§)het(5) (1.27)

Where: Y;(j) is firm ”j” output, z; is a stationary productivity shock, A is trend growth
rate of productivity, L..(j) is the number of workers hired by firm ”3”, and h.(j) is the
number of hours provided by labour to firm ”j”.

These firms face a cost of ¢« when posting vacancies, and must compensate labour at a wage
rate w,; determined through Nash surplus bargaining. The individual firms profit function

is thus: .
N pe(Jf) . . . .
() = =5 79t (7) — werher () Lee(5) — Ve (5) (1.28)
t
Intermediary good producers set prices according to Calvo (1983), and keep prices in

each period with probability ¢ € [0, 1] such that (1 —¢) firms set prices optimally each period.

1Gee appendix: A:2 for derivations
128ee appendix: A:2 for derivations



Hence, intermediary firms solve a profit maximisation problem described by (1.28) where
they must choose the price of their goods, level of labour to hire, the number of vacancies
to post — {pt(4), Let(7), Ver(J)} — subject to the law of motion for employment (1.20), their
production function (1.27), and their demand curve (1.25). They take {P;, wet, Y3}52, as
given. That is:

>89 2 5) = werhea ) L) = Vo)
t=0

S.t: Lc,t(j) = (1 - ﬁc,t)Lc,t—l(j) + ’Yc,t‘/c,t(j)
And : Yi(j) = 2 At Let(5)het (5)

And: Y(j) = (pt(j)>_€Y%

max d.(7) :E
e 28Xy BeU) B0

The first order conditions of the firms optimisation yields'?:

L

= 1.29
g 'yc,t ( )
A
N = het(§e2eAr — wer) + BSEy {t:lﬁtﬂ] (1—"cy) (1.30)
L At41 L

— = het(§20Ar — wey) + (BO)E, | ——(1 — Vet) (1.31)

Ve,t At Vet+1

_ 1 e K t> 1-e
+) =2 11— (—== 1.32
(i +1) g( -9 (e (1.32)
Where: v )
K1y = wep—— + s AE; [ “lia+ 7Tt+1)€+1K1,t+1] (1.33)
ZtAt )\t
A

Kag = Vi 608 | 2014 mon) Kagoa| (134

Where (1.29) is the job-posting condition, and states that firm ”j” will post vacancies
so long as the value of filling a position is greater or equal to the cost of posting a vacancy:
NtYetr > L. (1.30) is the job-creation condition and states that firm ”;” will create jobs so
long the value of an unfilled vacancy is equal to the current period profit generated from
filling a vacancy, and the discounted expected future value of the vacancy in the next period.
(1.31) is a combination of (1.29) and (1.30), and relates the job-posting to job-creation in
equilibrium. & is the Lagrange multiplier associated with the demand curve (1.25), while n;
is the Lagrange multiplier attached to the law of motion for employment (1.20). (1.32) is the
Phillips curve and describes the path of path of inflation.

The aggregation of (1.27) and (1.28) for all j € J yields:

A
Y, = %Lcﬁthcﬁt (1.35)
t
S =Y —weihetLes — Ve (1.36)

* —&
Where, A; = (1 —¢) <%) +¢my - Ay—q is the price dispersion in the economy. Because
the system is log-linearised around its deterministic steady state where: m = 1, Ay = 1, the

price dispersion doesn’t introduce additional first-order dynamics outside of those described
in 1.35.

13See appendix: A:2 for derivations



1.2.3.6 Value Functions in the General Industry

1.2.3.6.1 Workers Value Functions Let V,” and V;V represent the value of employ-
ment/unemployment respectively to a worker. If workers are employed in the general industry
they receive labour income, and enjoy (1 — h.;) leisure hours which provide utility at a rate:

Qt%. We can then express the value to the household of employment as:
Xe,t (1 - hct)lil/ -1
VE=h s : 1.37
t etWet + A ( (1 — V) ( )
A
HBE, [ S5 [(1 = e (1= Aeps1))Vily + Vepga (1 — )‘C,tJrl)V;t(-i]-l]}
t

Where, the terms inside the expectation is a composite describing the expected pay-off
of being either employed or unemployed in the next period. With probability (1 —¥¢+41) an
employed person does not suffer a separation and remains employed in the next period. Of
those ¥ ¢41 that become unemployed, they find a new job within the same period according
to the job finding probability: Ac;41. Alternatively, reddc¢11(1 — A¢41) become unemployed
and are unable to find a new job in the next period.

Next, consider the value of unemployment. These workers earn no labour income, but
receive the unemployment benefit: b.;. These unemployed households remain unemployed
in the next period with a probability: 1 — A.;+1, and become employed by the job finding
probability: Ac;+1. Thus, the value to the household of unemployment is:

A
V?fzbgr+5Et[jgl[u-—xn+ov¢h—%Aw+1w£J] (1.38)

We can then express the worker’s surplus from becoming employed (V¥ = V,F — VV):

c 1—he)tv =1 A
= V;gW = hc,twc,t - bc,t + X)\: <( (17t_) I/) > + BEt |:§\—:1(1 - ﬁc,t—l—l)(l - )‘C,t-l-l))‘/t‘—/[i-/l]
(1.39)

1.2.3.6.2 Firms Value Functions Let V" and V}" represent the value of a match /vacancy
to the firm. In each period, firms derive revenues from producing output, and has labour
costs h¢iwe per worker: V;F = hei(2:&Ar — wey). In period "t + 17, the match between the
firm and the worker survive to the next period by probability: (1 — ¥ 41), and workers and
firms are separated from the match by probability: ¥.¢11. The present value of a filled job
to a firm is thus a combination of this net-revenue and the future expected stream of revenue
from the match. That is:
At41

VE = hey(z&Ar — wey) + BEy Tt[(l — Dep1) Vi + Det Vi)

If a separation occurs, the probability of filling the vacancy is 7., and cause the firm to
incur a cost ¢ of posting the vacancy. By (1.29), firms post vacancies so long as the value
of employing a worker to the firm equals the cost of recruitment: 'ycﬂ/'tF = (. Recognising
that the value of a filled vacancy is equal to the R.H.S. of (1.30) with equilibrium described

L

by (1.31), we have: V" =, = 5+ Free entry of firms implies that the value of unfilled

vacancy will be driven to zero VtV = 0,Vt. In other words, the model assumes that the same
position cannot be readvertised and refilled, and the match between a particular firm and a
particular worker is destroyed with probability ¥.;. Thus:

A L
Vi = hea (206 — wey) + BB | 51— Pegin) —— (1.40)
t Ve,t+1
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1.2.3.7 Bargaining Problem and Wage Equation

When firms and workers meet to negotiate wages, they divide the total surplus from the
match according to a Nash bargaining process where we assume that worker’s share of the
joint surplus is given by e.;. Following the efficiency proof established by Hosios (1990), we
set the steady state value of e.; equal to the matching elasticity in the labour market (d.).
Total surplus of a match is the sum of the value of the match to the firm and worker, that
is: Vg; = chg + VCFt Then, maximizing the Nash product of the match requires solving the
unconstrained maximisation problem:

max : (V) (V)7 — o (VY + V- V)

|z A
F.O0.C: 5L
i = 0= (VY Y
t
oL . .
s = 0= (1= ) ()= (V) — gy
t

Which implies'*:

A 1 —€qt)ec )
heites = €cy [hqtftztAt + BE, [ L1 —esin) (1 —(1- Ac,m)( 2 J“) H
At (1 - 6c,t+1)€c,t Ve, t+1

Xc,t (1 - hc,t)l_y -1
ot T N, -1 (1.41)

+(1—€cy) [b

Where (1.41) determines the wage as a weighted average between the marginal revenue
product of the worker plus the cost of replacing the worker, and the outside option of the
worker.

1.2.3.8 Hours Worked

Finally to close the labour market, firms and workers determine how many hours to sup-
ply/hire based on an optimisation problem aimed at maximising the joint surplus of the
match:

max (V1) = max (VW + yfirm
{hc,t}( ) {hc,t}( t ¢ )

— max hc,twc,t - bc,t + et

fhes) | 3, (Ot e

(1-v)

A
+BE, [ :1 (1 —Pepq1)(1 - )\c,t+1)v;5‘_/[|_/1:|

A L
Fhei (2666 As — wey) + PE [;\H(l —Vet41) ”
t Ve, t+1

First order conditions:

Xc,t
At

0=wes — (1= hey) ™ + 26 Ay — wey

From where we can express optimal labour hours:

€ Ay = %(1 — hey) Y (1.42)
t

1Gee appendix: A:2 for derivations
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1.2.4 Housing Sector

In the housing sector there is a stock of houses (H;) which grows endogenously through hous-
ing construction described in section: 1.2.4.4. Households require housing in every period,
which they either rent or own. To buy a house, searching buyers engage in a costly process
of search and matching similar to the friction described in section 1.2.3. Rental contracts are
either short- of long-term in nature. Permanent renters have no interest in owning housing
and thus opt for long-term contracts, while searching buyers are only renting temporarily
and thus opt for short-term contracts.

1.2.4.1 Housing Stock

At time ¢ the city has stock of housing in the economy (H;) which is either vacant and listed
for sale (V},), or occupied by one of the economies @); agents. Thus, total housing stock can
be defined:

Hy = Q¢+ Vi (1.43)

Where: these Vj,; vacant houses are made up of a combination of newly constructed
houses by property developers, and houses which have been listed for sale by mismatched
homeowners.

1.2.4.2 Matching Technology

Matching in the housing market is determined by the matching function M}, ¢, which depends
on the matching technology (kp ), and the number of searching buyers (B;) and houses for
sale (St).

My, (B, St) = ki B S0 (1.44)

Let market tightness, which acts as our proxy for housing market liquidity be defined as
the number of searching buyers divided by the number of houses for sale. That is:

By

5 (1.45)

wh,t =

Let the house filling rate (matching probability for houses for sale) be denoted by ~p,

and defined!®:
My 4 (By, St)

St

And, let the house finding rate (matching probability of a searching buyer) be denoted
by An: and be defined!S:

Vht = = fop ), (1.46)

)\ht = - = ﬁh,twgfbt_l (147)

1.2.4.3 Transition Probabilities and Laws of Motion in the Housing Market

1.2.4.3.1 Home Owners At time t, there are N; home-owning households. These home-
owners become mismatched with their house at an exogenous probability ¥4, € (0,1). If
mismatched, homeowners become unhappy with their home and no longer receive the utility
value of home-ownership (z7). As a consequence, these households seek to sell their house
which gets added to the stock of houses for sale — S;, and become searching buyers — B;
— trying to match with a new house. Their law of motion is thus number of homeowners
who did not become mis-matched in the previous period — (1 — ¥p,4+)Ni—1, and those Ap By
searching buyers who successfully matched with a house in the current period:

Ne = (1= 9p¢) N1 + At By (1.48)

158ee appendix section: A:2
16See appendix section: A:2

12



1.2.4.3.2 Permanent Renters Permanent renters never change type, and have no in-
terest in owning houses. By (1.1), each period the population grows by a rate p. Let 1y
represent the proportion of the u@; people who act as searching buyers, while 1 — 1); be the
proportion that acts as perpetual renters. The stock evolution of perpetual renters is then
given by:

Fr=F1+ (1 —¢-1)pQi— (1.49)

1.2.4.3.3 Searching Buyers Each period, a proportion — 9, ;/N; — homeowners become
mismatched and transition into being searching buyers. Next, recall that by (?7), the popu-
lation is equal to the stock of renters, buyers and homeowners. The stock of searching buyers
is thus given by the difference between per-period population, and per-period renters and
homeowners. That is:

By =Qi— F, — (1 = Upt)Ne—a (1.50)

1.2.4.3.4 Houses for Sale The number of houses for sale are those vacant housing units
— Vit — which are currently unoccupied. There are also ”chains”, which are those housing
units which are listed for sale but still occupied while the seller attempts to find match with
a buyer — C}, ;. This is a feature of multiple housing markets, notably prevalent in the UK,
where a sequence of houses listed for sale are dependant both upon the buyers receiving
the money from selling their houses and on the sellers successfully buying the houses that
they intend to move into'®. The shock thus mimics an implicit form of on the 7job” search
similarly to the process described in Pissarides (2000).

The stock of houses for sale is thus:
St = Vat + Chy (1.51)
It is assumed that some proportion — 7 — of houses for sale are in chains, that is:
Ch =75 (1.52)
Combining (1.45) with (1.51), and (1.52) the housing market tightness must satisfy'?:

Bt (1 — T)Bt
= — = — 1.
Wh,t S, 2R (1.53)

1.2.4.4 Housing Construction

In the construction sector, there are three key stocks: undeveloped land (K[), developed
land (H,), and constructed housing (Hy). All undeveloped land is owned by the government,
which releases it for development to firms in the construction sector. These firms operate
under perfect competition and undertake both the development of land and the construction
of new housing. To produce housing, firms combine developed land with construction labour
(Lp¢) using a simple technology. They solve a cost minimisation problem dependant these
two cost factors: ) )

Hy\1 — H, = min (Ht+1 — A, ¢tLh7t> (1.54)

Where: ¢; denotes the productivity of construction labour.

Solving the minimisation implies that land is developed until the cost of development
equals the cost of employing labour. That is:

Hyy1 — Hy = ¢uLny (1.55)

17See: Office of Fair Trading (2010)

8].e: In a four-household chain, A buys B’s house, B uses the money from that sale to buy C’s house, and
C uses the money from that sale to buy D’s house

19Gee appendix section A:2
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Unable to store developed land and with free entry into the construction sector, firms
construct new houses so long as profitable. They therefore build houses on any developed
parcel of land. That is:

Ht+1 — Ht = (f)tLhﬂg (156)

Undeveloped land (K/) is released exogenously at the rate s, intended to capture the
rate at which the government releases land for development. Thus, the exogenous law of
motion for land satisfies:

Kk = (1+ K] (1.57)

Such undeveloped land can be sold to construction sector firms at a price gy ;. Prior to
making the purchase, the firm can costlessly evaluate the development costs associated with
the parcel. Reflecting that different parcels of land require different levels of development
with different levels of associated costs, these costs are assumed to be heterogenous and draw
from the distribution

c~ Alc), cé€lcT

With free entry, profits are driven to zero until all units of land with development costs
¢ < qp are used for construction, ensuring that land development is increasing in gy, ;. With
the level of undeveloped land being the difference between total available land and developed
land - K} — H,, the quantity of land converted satisfies:

Heon — H = A (%Z’t> (KF - H) (1.58)
t

Where, A <qh t) is the reduced form land conversion function defined: A (qh:)w, with
0<w<l.

Consider the profit earned by firms operating in the construction sector. To construct a
new house, house builders face aggregate labour costs — Ly, ;wj, ; — and buy a unit of developed
land for gp;. They earn revenues by selling newly constructed houses. Once a new house
is built, it is listed for sale at the option price — f/}“. Their profit function is thus the
difference between the revenues earned from house selling and the cost of land acquisition for
the Ht 1 — H}T units of houses constructed, and the aggregate costs of hiring labour:

A N
Meonst,t = (Ht+1 - Ht) |:/8Et [(Zl‘/ﬂl)] - Qh,t:| - wh,tLh,t =0 (1'59)

Where: Vt+1 is the value function associated with a vacant house not yet listed either for
sale or for rent, and can be thought of as the option price of a vacant house. Requiring the
profit function to equal zero follows from both developers and house builders opperating in
perfect competition.

Wh,tLn,t

Per unit of houses constructed, house builders face ="~ labours costs, by (1.56)
(He1—Ht)

Wt Lt wp Lyt wh t
(Hiy1—Hy) &tLn,; - . With

the zero profit condition described by (1.59), this implies that the wage rate in the housing
construction sector is given by:

this implies that developer face per house labour costs:

w A
"t~ BE, [ A Vt+1] — Ght (1.60)
bt At

1.2.4.5 Value Functions in the Housing Market

1.2.4.5.1 Perpetual renters Renters are never interested in buying a house, and thus
never transition. Their value function thus only depends on cost of their long-term rental
contracts and their continuation value:

A
" = BE; [ :1 V;t+1:| —rf (1.61)
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1.2.4.5.2 Homeowners Each period, homeowners homeowners pay maintenance/housing
tax costs — m?, and receive the utility value of homeownership — zf — normalised by the La-
grange multiplier associated with households maximisation — A;. If they suffer a separation

shock, they list their house for sale and receive its expected Value - )‘“’1 Vt+1- If a searching

+1

buyer matches with a house for sale, they pay the house price — Pt L

H
z
VN = —mh 4 T+ BE, \ (1= 95t (1 = Apar1))ViL
t t (1.62)

A0t (Vi1 — Mg 1 PRy) + Ona(1 — )\h,t—&-l)vﬁ-lﬂ

At+1

Where: The first term captures that each period, homeowners pay maintenance/ housing tax
costs — m?. They receive the They receive the normalised utility value £ 5, The third term is a
compos1te capturing their continuation values. The first part of the composite term captures
that with probability 9, ; homeowners suffer a separation, of which A, ;i match with a new
house in the next period. Thus the stock of households who start at homeowners in period ”¢”
and remain as homeowners at the end of period "t +1” is: (1 —134(1—Ap ), these households
then receive the next next period value of homeownership — thil The second part captures
that of those who suffer the mismatch shock in period ”t”, all receive the value of a vacant
house, and that Ay ;41 of them purchase a new house in the period immediately following.
The third term captures that with probability: ¥ ;(1 — Ay ¢), mismatched households do not
match with a new house, and thus transition into searching buyers.

1.2.4.5.3 Searching Buyers In period "t”, searching buyers rent through short-term
contracts, while searching for a house and pay housing rent — r . With probablhty Aht+1

they match with a house for sale in the next period, and pay the transaction price — “’1 Pt L
Their value function is thus:
B At41 B
VP = —r}* + BE; N [ M)V + M1 (VL = Pliy) (1.63)
¢

Where the first term is their rental costs, and the second term is their composite continua-
tion value. The first part of the continuation value captures that with probability: (1—Ap t4+1)
they fail to match with a house for sale and continue to search in future periods. The second
part captures that with probability: Aj ;41 they successfully match with a house, taking on
the value function of a homeowners — Vt}jrl and pay the transaction price — PJ_LH

1.2.4.5.4 Value of a vacant house At the beginning of each period, an unoccupied
house, can either be put on the short-term rental market, or listed for sale. Such vacant
houses move costlessly between sale and rental markets. Homeowners wish to maximise
profits, so they solve the maximisation problem:

’ h At41 ¢

Vi = max |} —mt + BE; TVtH , Vi (1.64)
Where: V; is the value of a vacant house. The first argument describes the value of a house
listed on the rental market. V; is the value of house designated for sale. As houses move
frictionlessly between the two markets, it follows that:

Aty1
At
Note that: this is an equilibrium condition - homeowners sell house until they are indifferent
between the sale price and rental return, and where rental prices (7*) adjusts to maintain

the equality above.

Vi = ri™ —m{ + BE, [ VZH] =V (1.65)

A vacant house on the for sale market matches with a searching buyer in the next period
with probability: 7,41, and transacts at equilibrium housing price — Pt}jrl. If no match
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occurs, the house is valued at the future options value — YA/}H. Thus, the value of a house to
a seller, V4, satisfies:

A .
V, = BE, “*tl [ Pl + (1 - vh,m)v;HH (1.66)

Where: The house transacting price (P}*) is determined through Nash bargaining?’.

1.2.4.6 Bargaining Problem, House Price Equation and Rents

1.2.4.6.1 House Prices When a searching buyer meets with a vacant house for sale they
determine the transaction price by engaging in Nash bargaining over the total surplus of a
match, similarly to how wages are determined in the general industry?!.

Let V;B“y be the value of successfully buying a house. This value is given by the value of
becoming a homeowner — V¥ — less the cost of purchasing the house — P/* — and the value of
continuing as a searching buyer — V,5.

VP = (N - Pl - VP (1.67)

Let V;°¢" be value of a match to the seller, and be the difference between the value of
being a homeowner, and becoming a searching buyer after a sale. That is:

Vel = (VP +v) - v (1.68)
Let VT, = vl 4 ;7.

Maximising the Nash product gives rise to the bargaining problem:

i !
max . (VtSell)ehyt (VtBuy)l_Ehi
VtSell VtBUy
B
St VT, = ViSell 4 ;B

Which yields the familiar sharing rule for house prices??:
Pl =01 -e)VN —=VP) + eV (1.69)

Where: €p,; denote the bargaining power of the buyer.

20Gee section 1.2.4.6
21Gee section: 3.2.3.7
228ee appendix section: A:2
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1.2.4.6.2 Rent Prices Long-term rental contracts are assumed to be related to the short-
term rate according to:
rh=orl | 4+ (1 —v) (1.70)

When v = 0 both rates are the market-determined optimising flexible rate. When v is
large, while the small proportion of the market is able to adjust the price when the new
rental contract is written, the substantial proportion of the market participants face a highly
persistent rent that reacts slowly to the market rent hikes and falls. This type of rent
dynamics can work as a rough description of a rent control policy where landlords are not
able to change the in-contract price, which mostly affects long-term (permanent) renters.

1.2.5 Policy
1.2.5.1 Fiscal Policy

There exists a government whose sole purpose is to finance the unemployment benefit b; paid
to all U.; unemployed persons. This government raises money through charging lump-sum
taxes Ty on all households, levying property taxes/charging maintenance costs m? on all Ny
units of owned housing, and from proceeds arising from selling (K — H;) units of land at
the price (gn+). The governments budget constraint is thus:

bc,tUc,t =T+ Ntm? + C]hﬂg(KtL — ﬁt)

Further, using that the construction sectors zero profit condition (1.59) implies that all
developed untis are used for construction, the governments budget constraint becomes:

= bc,tUc,t = Tt + _Z\/}?”I’L;1 + qh7t(Ht+1 — Ht) (171)

Where: the level of lump sum taxes (7;) adjust to maintain the equality. The total value
of land sales (qp+(Hi+1 — H¢)) is determined endogenously, while the values of land taxes
(m}") and unemployment benefits (b.;) reflect observed data ratios described in section 3.3.

1.2.5.2 Monetary Policy

The monetary authority sets interest rates by considering deviations of interest rates and
inflation, and the growth rate of output. That is, they follow the Taylor type rule described
below:

1+ 74 T+d-1\" 1+m \*" Y; A me (1.72)
= e .
L+ iss 14 g 1+ 7gs (1+M)(1+’}/)}€_1

Where: iss and 7, are steady state values

The monetary authority can follow one of two regimes — Hawkish (H) and dovish (D) —
which governs how strongly they respond to inflationary deviations captured through param-
eter a such that aff > af. The switches of the economy between these two regimes are
governed by two-regime Markov chain vy, € {H, D} with transition matrix

oM _ | L=pup  pHD
ppr 1 —ppH

Where: pij = P(Unre41 = jluae = 1).

1.2.6 Spillovers

To capture the spill-overs that occur between housing and labour markets the model allows
for for the state of one market to affect the matching and separation probabilities of the other.
While the two effects move in opposite directions, the matching effect dominates throughout
giving rise to net gains or losses to employment/home-ownership in response to adjustments
in the other market.
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1.2.6.1 Housing Market Spillovers

In the real world, people may separate from their current job due to a number of reasons, both
voluntary and involuntary. Following such a separation job seekers may choose to relocate
either within a local area or a more broadly to be close available job opportunities. The
"looser”?3 the housing market tightness — Wht = Jg—: — the easier it is for such unemployed
workers to make the relocation both in terms of house finding probabilities and prices. It
is therefore assumed that the matching efficiency in the labour market which governs the
ability of unemployed workers to match with vacant jobs to be decreasing with housing

market tightness:
7411
Ket = Kyt < “hit > (1.73)

Wh,ss

Conversely, if the housing market is very loose, currently employed workers may recognise
that the barrier of relocation is weak/small, and may respond by quitting/separating more

frequently.
5 Wht —C
ﬁc,t = ﬁc,t < : > (174)

Wh,ss

Where: While k.; and 2§C,t may, in principle, capture additional unmodelled variation,
their treatment differs across chapters. In Chapters 2 and 3, k. is modelled as stochastic and
evolves according to an exogenous shock process, allowing labour market matching efficiency
to vary in response to structural and policy shocks. In contrast, in Chapter 1, K. is treated as
a deterministic value computed from the steady state. In all chapters, separation rates—@c,t
and ﬁh,t—are treated as constant and calibrated directly from observed data or steady-state
conditions. The elasticities {,, and (y determine how labour market frictions respond to
housing market tightness.

1.2.6.2 Labour and Monetary Spillovers

While financial constraints are not explicitly modelled in the economy, financial constraints
are a key restriction on households ability to purchase homes. Thus, and noting the pro-
cyclicality of both housing and labour markets??,?®, the decision to move house will be in-
fluenced by the ability to find employment in the new area. With greater market tightness
in the labour market — w.; = Uii — the easier it is to find a job for an unemployed worker,
and by the wage bargaining solution (1.41), the higher the real wage earned by workers. In
a similar fashion to in the labour market, the matching efficiency in the housing market is
positively related to the the relative market tightness in the labour market, and negatively

related to the real interest rate:

ur - —0,
. We,t 1+
Kht = K : R 1.75
ht = Ryt <w0’53> (1 — ) (1.75)

The inclusion of real interest rates are motivated by the fact that while housing wealth
represent the majority of households assets, it also represents the largest liability faced by
households?® with the cost of financing directly influenced by the prevailing real interest rate
set by the monetary authority. Thus, its inclusion captures the transmission mechanism of
monetary policy onto the housing estimated in Iacoviello and Neri (2010) now seminal

paper.

As in the labour market, where a tighter housing market acted as a barrier to labour
market transitions, affecting both matching and separation rates, housing market separation

Z3That is, the lower the ratio of searching buyers to houses for sale
24For housing, see for example Piazzesi and Schneider (2016)
#5For labour, see for example Ashenfelter and Card (2011)

263ce for example Causa et al. (2019)
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also responds to both interest rates and labour market conditions. A tighter labour mar-
ket and lower interest rates facilitates moves, speeding up matches as described above, and

separations by: ,
Ny ; v
= We,t 1+
Ip =10 : R 1.76
hit = Unt <wc,ss> <1 — > (1.76)

Where: Analogously, K, is treated as stochastic in Chapters 2 and 3, evolving through
an exogenous shock process. This allows the housing market’s matching efficiency to respond
flexibly to real interest rate and labour market developments. In Chapter 1, however, Fp
is calibrated from the steady state and treated as deterministic. Separation in the hous-
ing market is modelled deterministically throughout. The elasticities 1, and ny govern the
responsiveness of housing market frictions to macroeconomic conditions.

1.2.7 Resource Constraint

All consumption undertaken by households are produced endogenously in the economy as
described in section 3.2.3.4. Combining the households budget constraint (1.5) with the ag-
gregated profit function (1.36) of intermediary producers, the governments fiscal policy (1.71),
the level of housing investment undertaken by households is given by (1.11), the construction
sectors labour demand equation (1.60), and the law of motion for housing construction (1.56),
we can express the aggregate resource constraint®7:

Yi=Cp+ Ve (1.77)

Where: (1.77) implies that output can be converted costlessly into consumption goods.

27See appendix section A:2
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1.3 Calibration

Let P represent the entire set of parameters in the model. This whole set of parameters

can be subdivided into three subsets. The first set — P; = {u, 7, R, lc,hc,ll—h,,;“”—g, th} ,
L 1 d h btf h

h
Fowes 20 Ve G g I, ﬁ, ﬁ, ﬁ} — is based on observations in the data and is de-
scribed in 3.3. The second group described in section 3.3.3 are stored in the subset: Py =

{7,0,0,v,€,6c,0n, A\, 53,0,5,Cx, Co, My N9, O, B9, Qy, 0y, oz}, and is made up calibrated param-
eters. The parameters contained in P; and Ps allows for the calculation of steady state param-
eters P3 = {Ba )‘Ca Yes ga Uc, ’190, Wey We, Y, C, T, >\a Xcs Xhy €cy Why Zha qh ka Tha Ve, S, 1N, ba fa Wh, )‘ha Yhs

Kn, &,v,m vB, UN}, as discussed in section 3.3.4.

1.3.1 Stationarity and Detrending

The model features two sources of deterministic trend growth: population growth, described
by equation (1.1), and productivity growth, described by equation (1.4). To ensure that all
variables and their dynamic responses can be interpreted as stationary deviations from a
balanced growth path, the model is made stationary by removing these trends from relevant
variables. This is achieved by dividing variables by the appropriate trend component to
ensure the existence of a stationary representation with constant steady-state values. See the
appendix, section A:3.

The model’s observation equations, presented in the appendix on data sources and mea-
surement equations, are consistent with this transformation. The same detrending logic
underpins the empirical implementation in Chapters 2 and 3.

1.3.2 Empirical Parameters:

Table 1.1 reports the empirical and calibrated parameters imposed on the model described
in section: 1.2. The values reported are taken as long run (”steady-state”) ratio’s observed
in data for the period 1971Q2-2020Q1. The full list of sources used in the table is available
in the appendix, section A:1.

The growth rate of population (), real rate of interest (R), and rate of inflation (1 + 7),
and the rate of employment (l.) is set to match the mean of the reported data variable. The
intensive margin of labour (h.;) is expressed as a fraction of a 40-hour work week. The ratio
of the construction sector to the consumption sector labour is obtained by calculating the
ratio of all employees in the construction sector to the total number of employed persons.

The ratio of earnings in the construction to consumption sector is calculated as the ag-
gregate income in the two sectors ( hqfq’;]c), where the notation account for the fact that the
consumption sector differentiates between the intensive and extensive margin, while the con-

struction sector only adjusts across the extensive margin.

The ratio of benefits to earnings, (hffuc) is taken from the OECD. The provided measure is
the long run mean observation from 2001 to 2020, expressed as the proportion of benefits re-
ceived by a single person without children after five months of unemployment who previously
received the average wage. Other benefits such as social payments or housing benefits are
excluded. While the aggregate income (h.w.) can be obtained through the sources discussed
in section A:1, there exists no good, published measures of the cost of posting vacancies.
This ratio is thus calibrated and uninformed. In parametrising the transition probabilities
within the labour market, I follow Pissarides (2000) and define the average unemployment
duration as one over the job-finding rate ()\%) With the data measured in weeks, we use
this measure in our parametrisation, and then compute the quarterly job finding rate as:

Ae =1 — (1= A\¥)52/4,
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Parameter Meaning Parameter Value
1 Trend population growth rate 0.0025
147 Steady state level of inflation, quarterly 0.0123
R Real interest rate, quarterly 0.0045
le Employment rate 0.93
he Hours worked 0.4101
% Ratio of Construction Employment to General Labour Employment 0.036
hﬂ’} - Wage in construction to general ratio 1.18
hbfu Unemployment benefit to earnings ratio 0.39
hCLw - Vacancy posting to earnings ratio 0.5
% Unemployment duration 40 weeks
i Daily job filling rate 0.05 days
% Housing stock to occupied housing ratio 1.03
% Rent to occupied house ratio 0.34
78 Average time between house moves, years 13.4 years
ﬁ House finding duration 20 weeks
h:;c Rent to earnings ratio 0.356
hfi;c House price to earnings ratio 24.03

Table 1.1: Empirical Parameter Values

Following Davis, Faberman, et al. (2013) who shows that treating monthly job open-
ings and hiring flows as outcomes of a daily processes helps address issues relating to time
aggregation biases. Specifically, as many vacancies are filled within less than one month,
aggregation at a monthly frequency will not account for vacancies that a posted and filled
within the reference period will be unrecorded in vacancy stocks, causing an underestimation
of vacancy durations. These issues would be even more pronounced in our model, as the data
is taken at a quarterly frequency. They report a mean daily job filling rate of ~ 5.2%, and

we use this parameter. We then translate the parameter into a quarterly measure through:
e =1 (1 =4

The housing stock (%), and the rent to occupied housing ratio (%) are parametrised
relative to the stock of occupied housing given that all agents require housing. For estimates
on the average time between house moves and average completion time to complete housing
transactions, I rely on industry data due to the lack of published time-series data. We
translate the monthly measure into quarterly data through the transformation: A\, = 1—(1—
)\7}{’)52/ 4. For house prices, I use estimates provided by the Land Registries hedonic model
for the UK housing market. For estimates on rental costs, I produce a combined measure
of rental costs taken from the OECD which provides a price-to-rent index, and translate
the index values to nominal prices through observations on average let agreed prices for a
reference period.
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1.3.3 Calibrated Parameters:

Table 1.2 reports calibrated parameters for the parametrised economy. The trend growth
rate of technology @ is set to zero to allow the discount rate () to be established directly
from the steady state level of interest. The habit persistence parameter associated with
the consumption bundle is set to a reasonable 0.8, the same level reported in Christiano,
Eichenbaum, and Evans (2005), and instead use the inter-temporal elasticity of substitution
(o) to alter consumption dynamics.

I set all matching elasticity parameters (d.,d,) to 0.7. Notice that that the bargaining
power for buyers in the housing market (€j,) is set to 0.5, assuming an even split of the surplus
between buyers and sellers. With d;, # €5, this parameterisation violates Hosios (1990)
efficiency condition for the housing market. This choice is motivated by an assumption that
the decentralised nature of the the housing market, the heterogeneity of the housing market,
and the non-modeled financial constraints on transactions, are all captured by the searching
and matching frictions. Because the bargaining power of workers (e.) is estimated, the labour
market also violates the efficiency condition.

A and w are parameters associated with the production function of land conversion
A(qAL’:), which has the functional form: A(qﬁ—‘:)w. The scaling parameter, A, and the elasticity
parameter, w, are set to reflect the assumption that land is scarce, motivated by the obser-
vation that the ratio of construction to stock of houses for the reference period is only 0.3
percent®®. Finally, as the focus of the current study is to understand the spill-overs between
the two markets, the parameter governing rental contracts is set to zero, so rental contracts

are fully flexible and optimized in each period.

The spill-over elasticities active in the labour and housing market ((x, (g, s, N9, Ok, 09),
as well as the Taylor rule parameters (o, o, o) are quantified and estimated in chapters 2
and 3, for the simulations reported in section 1.4 examining the model dynamics, I calibrate
these parameters to match the results from the estimation reported in chapter 2 and 3.

Parameter Meaning Parameter Value
1%/ Trend productivity growth rate 0.000
o Inter-temporal elasticity of substitution 2.0
0 Habit persistence parameter 0.8
v Elasticity of labour supply 2.0
€ Elasticity of substitution between intermediary goods 6.0
Oc Matching elasticity in labour market 0.7
On Matching elasticity in housing market 0.7
€n Bargaining power of buyers in housing market 0.5
A Production function parameter 0.025
w Production function parameter 0.5
v Rent control parameter 0.0
1S Calvo Parameter 0.8
Cu Elasticity of labour matching W.R.T. housing tightness 4.4792
Cy Elasticity of labour separation W.R.T. housing tightness 5.9529
Nk Elasticity of housing market matching W.R.T. labor tightness 5.1328
N9 Elasticity of housing separation W.R.T. labour tightness 0.4069
05 Elasticity of housing matching W.R.T. interest rates 2.9702
O FElasticity of housing separation W.R.T. interest rates 1.6315

Table 1.2: Combined Calibrated Parameters

283ee appendix section A:1
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1.3.4 Computed steady-state parameters

Based on the systems steady state relationship??, the empirical and calibrated parameter val-
ues reported in tables 1.1 to 1.2, the models remaining structural parameters: {3, Ac, Ve, &, Ue,
Ve, Wey Wes Yy C Ty Ay Xey Xy €cs Why 2705 Gy by 77, 06, 8,1, b, ) Wiy iy Vi Ky @, 0, mP 0B 0N} are
reported in table 1.3.

SS Variable (Symbol) ‘ Parameter Value I SS Variable (Symbol) ‘ Parameter Value
Discount Rate () 0.9955 Number of Homeowners (n) 0.6746
Finding rate (labour) (\.) 0.2805 Number of searching buyers (b) 0.0300
Filling rate (labour) () 0.9907 Number of permanent renters (f) 0.3100
Mark-up (€) 0.8333 Housing market tightness (wp,) 0.6010
Unemployment rate (1 — ;) 0.07 Housing market finding rate (\p,) 0.4867
Employment rate (I.) 0.93 Share of searching workers (u.) 0.0973
Separation rate (labour) (9.) 0.0269 Housing market filling rate (73) 0.2925
Labour market tightness (w.) 0.2831 Matching efficiency (Housing) (kp,) 0.4177
Wages (consumption sector) (w;) 0.8249 Construction sector productivity 0.0769
(¢)
Output (y) 0.3814 Vacancy Value (Housing) (v) 7.9395
Period Consumption (c) 0.3786 Cost of housing maintenance/tax 0.2386
(m™)
Habitual Consumption () 0.0757 Value of being a searching buyer -29.1357
(v")
Multiplier on households ()) 174.4295 Value of homeownership (vY) -20.8170
Dis-utility (Consumption sector) 50.5849 Utility Value of Home-ownership 17.3952
(xc) (=")
Dis-utility  (Construction sector) 69.6287 Land for construction (gy) 2.6943
(xn)
Bargaining power of workers (e.) 0.1323 Undeveloped land (k) 1.0927
Wages (Construction sector) (wy,) 0.3992 Rent (") 0.2937
Unemployment benefit (b.) 0.1319 Vacancies (v.) 0.0198
Cost of posting vacancy (v) 0.1015 Houses for Sale (s) 0.0300
Matching efficiency (Labour) (k) 0.4095 House Price (p") 8.1291
Labour supply (Construction) (I5,) 0.0335

Table 1.3: Steady-State Variables (Parameter Values)

1.4 Model Dynamics

To better understand the model’s dynamics, the system at rest is subject to a number of
AR(1) exogenous shocks. While a larger number of shock parameters (p;, 0;) are examined
and estimated in chapters 2 and 3, this section examines the generalized impulse response
functions of the system to unit shocks in order to facilitate a comparative analysis of the
different shock effects on the system. The process for the shocks examined as part of this
chapter is detailed below in table 1.4.

Shock Description Variable AR(1) Process Innovation Term
Labour supply shock Xejt Xeit = PyeXed—1 F Exe ex. ~ N(0, aic)
Housing demand shock Wy Yy = pythi—1 + €y ey ~ N(0, 05))
Productivity (TFP) shock 2 2t = pPazi_1+ € e, ~ N(0,02)
Consumption demand shock g Ot = Po0i—1 + € €0 ~ N(0, ag)
Cost-push (markup) shock €t € = Pe€t_1 + Ne Ne ~ N(0,02)

Table 1.4: Shock processes considered in Chapter 1.

29Gee the appendix, section: C
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The structure of this section is as follows, subsection 1.4.1 analyses the model’s response
to exogenous shocks isolated to labour and housing markets to highlight the propagation
mechanism that the spillover mechanism generates between the two markets. This is then
followed by an examination of the system’s response to shocks aggregate supply and demand
shocks in subsection 1.4.2 and 1.4.3 highlighting the role of the labour market in equilibrium
adjustments. Subsection 1.5 examines the implications of the spillovers existence for monetary
policy modelling.

1.4.1 Labour and Housing Market shocks

To examine the transmission channel between the two markets, I subject the model to two
exogenous shocks. The first raises the disutility of being active in the labour market (xc:),
causing households to supply less labour, cetris paribus. The second shock raises the propor-
tion of new enterants to the economy who wish to buy a house (1)), simulating a housing
demand shock in the economy. Figure 1.3 depicts the effect of the supply shock on key
variables in the model, the full system response is provided in the appendix, table 7.
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Figure 1.3: Response of the UK parameterised economy to a Labour Supply Shock.

From Left to Right: Panel 1: Output (Y;), Panel 2: Unemployment Rate (1 — L.;), Panel
3: Hours Worked (h.¢), Panel 4: LM tightness (w.;), Panel 5: HM tightness (wp ), Panel
6: Real Rate of Interest (R;), Panel 7: Proportion of Homeowners (N;), Panel 8: Proportion
of Searching Buyers (B;), Panel 9: Houses for Sale (S;). The system with active spillovers
is plotted in blue, the isolated system without housing and labour market interactions in
dashed red lines.

Consider first the response of the system absent the spillover mechanism of the intercon-
nected housing and labour markets. As intended, the shock causes households to reduce their
supply of labour in line with their utility maximising behavior in light of the higher disutility
of working in the consumption sector. As a consequence, there is a reduction in employment
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and an increase in unemployment, as shown in panel two of Figure 1.3. Due to the presence
of search frictions, the extensive margin of labour can only adjust gradually, and the intensive
margin initially contributes to absorbing the shock as shown in panel three. With production
in the economy taking only aggregate labour hours worked (L. h.) as an input, the knock
on effect of the shock is to reduce output produced in the economy as shown in panel one.

With a higher unemployment rate, the level of labour market tightness falls, as shown in
panel four. Notice that absent market spillovers, the labour market effect is isolated and the
adjustment in labour market tightness is significantly more prounounced than the effect on
unemployment.

Faced with a negative output gap, the monetary authority responds by initially letting
real interest rates fall below its steady state level as shown in panel six. Faced with lower
real borrowing costs, there is an increase in the number separatations and matches in the
housing market, but with the separation effect dominating. As a result, there is an increase in
demand as agents transition from being homeowners to searching buyers as shown in panels
seven and eight, respectively. With housing market activity falling, the incentive for housing
construction falls, resulting a fewer vacant houses being listed for sale, as shown in panel
nine. With greater housing demand and lower supply, the housing market tightness increases
above its steady-state level, as shown in panel five.

Consider next the system under its baseline specification with spillovers between the
two markets, plotted as blue lines in Figure 1.3. Upon the realisation of the shock, house-
holds utility maximising behaviour still dictates that households provide less aggregate labour
(Lcthet). As shown in panels two and three, the inclusion of the spillovers between the two
markets gives rise to a dynamic where hours worked reacts strongly. Over time, the extensive
margin is able to adjusts, and unemployment goes above its steady state level. The aggre-
gate effect on the labour market is to reduce supply, causing a knock on effect on output as
shown in panel one. While unemployment reaches its peak at a higher level of deviation from
steady state under the baseline specification, we see that the effect on labour market tight-
ness, plotted in panel four, is moderated relative to the baseline specification as consumption
sector firms increase vacancy creation, showing how the model reproduces the labour market
co-movement of vacancies and unemployment.

Again, we observe in panel six that the monetary authority responds to the shock by
allowing real interest rates to become negative. However, while we in the isolated market
specification saw that change to borrowing costs drove some minor changes in housing mar-
ket outcomes, we notice that the baseline specification with interconnected markets gives
rise to more dynamic responses as seen in panels seven to nine. Specifically, with a looser
labour market reducing, and lower real borrowing increasing housing market activity, the two
spillover channels are working in opposite directions. The labour market channel dominates,
and housing market activity falls. With lower net transition probabilities, housing demand
builds up, and the homeownership share falls, and with low transaction proabilities, prices
and constructions falls. Ultimately, these spillover effects cause the level of housing mar-
ket tightness to absorb some of the labour market effect, displaying an amplified change in
housing market tightness as shown in panel five.

Next, we will examine the response of the system to the housing demand shock, with aux-
iliary variables plotted in the appendix, Figure 8. Again, lets first consider the specification of
the model where the housing and labour market operate independently plotted as dashed red
lines of Figure 1.4. As shown in panel one, the shock raises the number of searching buyers
(my proxy for demand). All other things being equal, higher housing demand translates into
a tighter housing market, better selling probabilities and higher house prices. In response to
these changes, construction sector firms respond by building more houses, raising the number
of houses for sale, as shown in panel three. With both demand and supply increasing, there
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are more matches occurring in the housing market, raising the proportion of homeowners as
shown in panel two. Absent any spillovers, the labour market operates independently of the
housing market, and the variables do not react as shown in panels five and siz.
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Figure 1.4: Response of the UK parameterised economy to a Housing Demand Shock.

From Left to Right: Panel 1: Proportion of Searching Buyers (B;), Panel 2: Proportion of
Homeowners (Ny), Panel 3: Houses for Sale (S;), Panel: 4: Output (Y;), Panel 5: Unemploy-
ment (1 — L.;), Panel 6: LM tightness (w.;). The system with active spillovers is plotted
in blue, the isolated system without housing and labour market interactions in dashed red
lines.

Next, lets examine the systems response to the housing demand shock under the baseline
specification with market interactions plotted in solid blue lines. The direction of change
in the housing market remains unchanged, with the shock raising the number of searching
buyers, homeowners, supply, and the housing market tightness. However, as seen in panels
one to four, the magnitude of the effect changes dramatically due to the interaction between
the housing and labour market.

With a tighter housing market, the spillovers channel acts to reduce labour market ac-
tivity. Facing a reduction in both matching and seperation rates, the net effect is a small
increase in unemployment as shown in panel five. Labour market tightness is plotted in
panel siz. We notice that tightness adjusts about 10 times as much as the unemployment
rate, suggesting that vacancy creation in the economy must simultaneously be falling.

way nature of the market interaction, the tighter labour market acts to spur housing
market activity, driving the alternative response seen in panels one to four. Specifically,
a tighter labour market raises matching and separation probabilities, with the matching
probability dominating, resulting in a net increase in matches between searching buyers and
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vacant houses, explaining the relative lower deviation from steady state observed in supply
and demand (panels one and three), and thus higher proportion of homeowners plotted in
panel two.

By examining the systems response to isolated shocks under both interconnected and
independent markets we see that when the markets we find that when the spillovers are
inactive, both shocks have similar effects on their own market, but a negligible effect on the
other market. However, once we allow the markets to interact, the spillover mechanism allows
the model to recreate the key features of business cycle dynamics, namely the co-movement
of vacancies and employment, and houses for sale and home ownership.

1.4.2 Technology

To further highlight the crucial role of the spillover mechanism in propagating shocks and
in shaping model dynamics, the model is also subject to two shocks that affect household
and firm behavior. The first is a total factor productivity (TFP) shock, which raises the
level of output through the production function, Y; = 2;A;L.th. ¢, for all levels of aggregate
labour (L. thet) employed. Again, lets start by examining the behaviour of the system absent
market spillovers. The shock largely behaves as a standard TFP shock in a labour search
literature. Able to produce more from each firm-worker pair, output in the economy rises
quickly as shown in panel one of Figure 1.5%°. Higher productivity also raises the value of
a match between a firm-worker pair, which raises wages negotiated by workers through the
Nash bargaining process as shown in panel two.

A shortcoming of the model does a poor job of satisfying Okun (1963) law, predicting
an increase in unemployment in response to productivity and output increases in contrast
to the standard assumptions regarding the pro-cyclicality of the labour market discussed in

Rogerson and Shimer (2010). This counterintuitive result arises from households’ utility-
maximizing behaviour. Higher output raises household consumption, reducing the need to
supply labour as leisure becomes more valuable — a standard wealth effect. In response,
aggregate labour supply, h¢ L. falls below their steady state level. Search frictions ensures
that the intensive margin absorbs most of the initial adjustment as shown in panel three,
with changes in transition probabilities driving adjustments on the extensive margin over
time as shown in panel four. With unemployment rising, labour market tightness (panel
five) deviates negatively relative to its steady state, as unemployment increases faster than
vacancy creation. Faced with higher than steady state output, the central bank responds by
tightening monetary policy as shown in panel nine.

As the labour market has no direct effect on the housing market, we observe a similar
dynamic to that observed under the labour supply shock discussed in the preceding section.
Driven by households utility maximising behaviour, higher productivity and unemployment
in the consumption sector causes greater housing construction, raising supply of vacant houses
as shown in panel eight. As borrowing constraints tighten, both separations and matching
probabilities in the housing market suffers, and there is a gradual reduction in demand relative
to steady state, cetris paribus. However, as shown in panel seven, this is not the case in the
dynamic model, since all other things are not equal. As supply growth outpaces demand
growth, housing market tightness turns negative (see panel siz), facilitating matching. The
tightness effect, in turn dominates the effect of higher interest rates, ultimately leading to an
increase in the number of homeowners as shown in panel seven.

Turning now to the the models baseline behavior, the model with full housing-labour
market interactions in plotted as solid blue lines on Figure 1.5. Output and wages behave
similarly to under the independent market specification, increasing as each firm-workerer pair
becomes more productive as shown in panels one and two. Similarly, we also notice that the

30Please see auxiliary variables available the appendix, figure 9.
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intensive margin of labour absorbs much of the initial periods of the shock effect as plotted
in figure three. Finally, we also again observe that the positive output gap motivates the

monetary authority to set real interest rates higher than their steady state level as shown in
panel nine.
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Figure 1.5: Response of the UK parameterised Economy to an Aggregate Productivity Shock.

From Left to Right: Panel 1: Output (Y;), Panel 2: Wages in Consumption Sector (W),
Panel 3: Hours Worked (h.), Panel 4: Unemployment Rate (1 — L), Panel 5: LM tightness
(we,t), Panel 6: HM tightness (wp+), Panel 7: Proportion of Homeowners (N;), Panel 8:
Houses for Sale (S;), Panel 9: Real Rate of Interest (R;). The system with active spillovers

is plotted in blue, the isolated system without housing and labour market interactions in
dashed red lines.

Consider the housing market with interactions. In panel eight, we again observe that
households optimising behaviour causes supply to increase. However, higher interest rates and
unemployment now both contribute to reducing housing market activity, and their retarding
effect dominates. There is thus a build up of demand unable to match with a vacant house,
and the proportion of the economy acting as homeowners fall below its steady state level as
shown in panel seven. With both demand and supply rising, the two effects work in opposite
directions, but the demand effect dominates, and housing market tightness deviates positively
relavative to its steady state, as shown in panel siz.

Finally, consider the behaviour of the extensive margin of labour plotted in panel four.
With market interactions, the tight housing market has a retarding effect on labour market
activity, and there are both less matches and separations than when the market opperated
independently. The matching effect dominates, i.e: The reduction in matches is greater than
the reduction in separations. As a result, there is a net increase to unemployment relative to

only the shock effect as shown in panel four, highlighting the amplifying effect of the market
interaction.
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1.4.3 Consumption Demand Shock

To further investigate the model dynamics and highlight the crucial role of the spillover
mechanism in inducing a response in both markets, figure 1.6 reports the model’s response to a
shock to consumption preferences (g;)3!. Irrespective of whether housing and labour markets
operate in unison or independently, the shock functions as a standard consumption demand
shock. Initially, households, motivated by their utility maximising behavior, respond by
raising consumption of the habit adjusted bundle (X;) as shown in panel one. To enable this
higher consumption, output expands as shown in panel two. In turn, with output produced
taking only labour as an input, higher production requires higher levels of aggregate labour.
In the presence of search frictions, the intensive margin initially absorbs much of the reaction
as shown in panel three, before the extensive margin responds after 10-20 periods as shown
in panel four.
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Figure 1.6: Response of the UK parameterised Economy to a Consumption Preference Shock.

From Left to Right: Panel 1: Habitutal Consumption (X};), Panel 2: Output Y;, Panel
3: Hours Worked (h.;), Panel 4: Unemployment (1 — L.;), Panel 5: LM tightness (wc,),
Panel 6: HM tightness (wp ;). Panel 7: Proportion of Homeowners (/NV;), Panel 8: Real Rate
of Interest (R;). The system with active spillovers is plotted in blue, the isolated system
without housing and labour market interactions in dashed red lines.

When the two markets operate independently, we as in the three preceeding cases only
observe a small change in the housing market driven by the interest rate channel. As shown
in panel eight, the monetary authority responds to the output gap by allowing the real
rate of interest to turn positive relative to its steady state value. Higher borrowing costs
reduce net matching probabilities for searching buyers, reducing the number of well-matched
homeowners as shown in panel seven. With more buyers unable to match, there is a gradual
increase in the level of housing market tightness plotted in panel six.

31Please find auxiliary variables in figure 10
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Turning now to the baseline specification, we again see the role of market interactions
in shaping model dynamics. While the initial reactions in consumption (panel one), output
(panel two), and the intensive margin of labour (panel three) is unchanged, the knock on
effects give rise to different dynamics. As unemployment begins to increase as shown in panel
four it drives the increase in labour market tightness shown in panel five. A tighter labour
market encourages housing market activity, and more searching buyers are able to match
with a home, raising the level of homeownership shown in panel seven. In response, the level
of housing market tightness (figure siz) turns negative, which slows down the labour market,
contributing to the stronger response in unemployment shown in panel four.

1.5 Monetary Policy Implications

Having established that the spillover gives rise to important business cycle features, this sec-
tion explores the implications of the spillover for monetary policy formation by examining the
system’s behaviour with and without the spillover active to shocks to monetary policy vari-
ables. Specifically, I show that the inclusion of spillovers amplifies and propagates monetary
policy interventions onto the aggregate economy. The main simulation examines the system’s
response to an unexpected increase in inflation. The response is implemented through a unit
shock to the elasticity of substitution between intermediary goods (), which directly enters
the economy’s Phillips Curve (1.32), resulting in an above steady-state level of inflation, as
shown in panel one of Figure 1.7.

As before, lets start by considering the response of the system absent the market spillover
plotted in dashed red lines. As the elasticity of substitution between goods increases, final
goods producers reduce prices paid for intermediary goods, lowering the mark-up (§ = %)
charged by intermediary producers. As a consequence, the surplus generated by a matched
worker-firm pair shrinks, resulting in the job market equilibrium adjusting by reducing va-
cancy creation. With fewer vacancies created, it becomes harder for unemployed workers to
find a job, and there is a reduction in the job-market finding rate shown on panel three3?. As
a result of this lower job finding rate, there is a an increase in unemployment, as shown in
panel two. With higher unemployment and lower vacancy creation, the level of labour market
tightness reacts and falls drastically relative to its steady state level as shown in panel three.
Output is plotted in panel four, and is as previously discussed driven by the level of labour
being used as an input. We thus observe a reduction in output as unemployment increases.

The monetary authority thus faces both a negative output gap which calls for expansion-
ary monetary policy, while the rate of inflation is lies above its steady state level, calling
for nominal rates to adjust upwards. The central bank responds by raising nominal rates as
shown in panel five, but less so than the rate of inflation. The real rate of interest, plotted in
panel siz, thus falls below its steady state value. As seen in previous simulations, the housing
market only reacts marginally when opperating independently of the labour market. While
lower interest rates initially helps facilitate housing market matching, the shock causes hosing
construction to suffer as shown in panel eight. As a consequence, there is a minor reduction
in the number of homeowners as shown in panel seven, and the market tightens slightly as
shown in panel nine.

32Note that the change in the labour market finding rate under the specification lies between -0.5 and 1,
and thus does not show clearly on figure ten.
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Next, consider the case when the two markets are allowed to interact plotted in blue.
The unexpected inflation again reduces the value of a firm-worker match, and there is an
increase in unemployment and reduction in output as shown in plots two and four. However,
as unemployment rises, there is a reduction in labour market tightness plotted on panel ten.
This has a cooling effect on the housing market, reducing net probabilities for searching buyers
to transition into home-ownership, as shown in panel seven. As the number of homeowners
falls and demand builds up, raising the incentive for housing construction as shown in panel
eight. However, changes in demand dominates, and the housing market grows increasingly
tight for 15 periods as shown in panel nine.
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Figure 1.7: Response of the UK parameterised Economy to a Cost Push Shock.

From Left to Right: Panel 1: Rate of inflation (7;), Panel 2: Unemployment rate (1— L),
Panel 3: Labour Market Finding Rate (A. ), Panel 4: Output (Y;), Panel 5: Nominal Rate of
Interest (i;), Panel 6: Real Rate of Interest (R;), Panel 7: Proportion of Households acting
as Homeowners (V;), Panel 8: Houses for Sale (S;), Panel 9: Labour Market Tightness (wc ),
Panel 10: Housing Market Tightness (wp ). Baseline plotted in blue, and the specification
without the spillover channel in red.

The tighter housing market, in turn slows down activity in the labour market. The
finding rate suffers as shown in panel three, and the effect on unemployment plotted in panel
two displays an amplified effect relative to under the specification absent market interactions.
Comparing the response of the model with and without the spillover active, the key takeaway
is that the model’s output dynamics are strictly determined by the labour market in the
absence of spillovers. These model dynamics are further confirmed in an extension of this
analysis plotted in Figure 12 in the appendix, which simulates an unexpected implementation
of "bad” monetary policy that raises interest rates for one period through a unit AR(1) shock.
These two simulations illustrate that even in the absence of financial frictions and collateral
constraints, the model identifies a distinct channel through which monetary policy shocks
propagate and amplify their effects on output via housing (asset) markets. This dynamic

31



shares similarities with the financial accelerator mechanism of Bernanke et al. (1999), as
implemented in Iacoviello and Neri (2010), albeit operating through a different underlying
mechanism.

1.6 Concluding Remarks

This study has presented a theoretical framework that integrates the housing and labor
markets through search-and-matching frictions and examines their interconnected dynamics
under varying economic shocks and monetary policy interventions. A central finding is the
critical role of spillover effects in explaining the observed co-movement of key macroeconomic
indicators, including employment levels, homeownership rates, labor market vacancies, and
housing market tightness across the business cycle.

Without an active spillover mechanism, shocks to either the labor or housing markets
remain largely isolated, failing to propagate meaningfully into the other sector. For instance,
productivity or consumption preference shocks in the labor market have negligible impacts
on housing market outcomes in the absence of spillovers, and vice versa. The inclusion of
spillovers, however, enables the model to replicate robust stylized facts, such as the synchro-
nized responses of vacancies, unemployment, and housing market activity to macroeconomic
shocks.

Monetary policy responses are also significantly affected by the presence of spillovers. The
analysis demonstrates that monetary interventions, have amplified and more persistent effects
on the aggregate economy when spillovers are active. Specifically, the interplay between
the two markets influences output, employment, and housing activity in ways that simple
independent sectoral models fail to capture.

In conclusion, this study underscores the necessity of incorporating spillover effects be-
tween housing and labor markets to understand the broader macroeconomic consequences of
shocks and policy interventions. Future research should focus on refining the empirical esti-
mation of these spillover channels and exploring their implications under alternative policy
frameworks and in the context of different economic structures.
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Chapter 2

Searching for flexibility: The Joint
Impact of Thatcher’s Reforms of
UK Labour and Housing Markets"

This chapter applies the theoretical model developed in in Chapter 1 to evaluate the effects
of the policy interventions into the housing and labour market implemented in the United
Kingdom during the early 1980’s. Through eleven time series spanning 1971Q1 to 2020Q1, the
model’s structural parameters are estimated and analysed in relation to the strength of the
spillover parameters, the shift in monetary policy objectives, and to understand the sources
of aggregate fluctuations through an examination of the estimated variance decomposition of
the models exogenous shocks.

2.1 Introduction

The motivation for our paper lies in far-reaching reforms introduced in the 1980s. Britain,
like many other countries, faced serious economic challenges throughout the 1970s. The
Thatcher government, which assumed office in 1979, proceeded over three terms to introduce
fundamental reforms in many areas of economic and social life. The underlying philosophy
was one of freeing up markets and deregulation. A centerpiece of these reforms was a se-
quence of five laws aimed at shifting the balance of power in the labour market away from
trade unions to bolster management’s ‘right to manage’. This shift in the balance of power
proved enduring, undoubtedly assisted by a changing industrial structure moving away from
traditionally highly unionized sectors. Notably, the first piece of legislation introduced by the
new government, The Employment Act 1980, coincided with the peak of union membership
(just over 13 million), which then declined year after year for the next 11 years. By the time
Labour returned to government in 1997, membership was under 8 million.

The Thatcher governments also introduced many tax and benefit reforms over the decade
of the 1980’s', aimed at increasing employment. Briefly, one might point to changes to income
tax, increases in the relative importance of in-work benefits, and a decrease in out-of-work
benefits. For example, in 1982, the Earnings-Related Supplement (ERS) to unemployment
benefits was abolished. There were also initiatives to help the unemployed find work by
reducing search costs and by initiatives to improve training.? In short, trade union legislation,
welfare and tax reform and other innovations were aimed at increasing what one would now
label search and match efficiency.

“Note that this chapter is based on joint work with Tatiana Kirsanova and Charles Nolan for a paper under
the same title.

'Some of the more significant changes did not come in until the late 1980’s. See MAYHEW (1991).

2See Johnson and Stark (1989) for a contemporary assessment of some of those reforms. Muellbauer and
Soskice (2022) is a modern and wider perspective on many of those issues. A useful overview is in MAYHEW
(1991), while a detailed look at various tax and benefit changes are in Bowen and Mayhew (1990).
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Equally striking were the privatization programs, especially the Housing Acts of 1980,
which gave millions of council tenants the right to purchase their council houses on very fa-
vorable terms (see Jones and Murie (2006)). Interestingly, some economists had argued that
the preponderance of council housing before the 1980’s made the labour market less flexible
as workers might be unwilling to move if that meant joining the end of the housing queue in
a new locale. Later assessments on that issue uncovered a complex set of interactions.® In
any event, housing reform also proved to be an enduring feature of Mrs. Thatcher’s legacy.
Owner-occupied tenure in 1980 was 55.5%; by 1990, it had risen to 67.1%. Over the same
period, the proportion of publicly rented housing fell from 31.1% to 22.1%, and the private
rented sector decreased from 12.7% to 7.5%.* Moreover, Jones and Murie (2006) note that
sales of public sector dwellings under the Right to Buy policy had generated £36.8 billion by
the end of the financial year 2002/03 and will amount to about £40 billion over the first 25
years.

Alongside labour and housing reforms were several others that complemented them. Liqg-
uidity restrictions on banks were removed and capital controls were lifted enabling banks to
lend substantially more than before. Similarly, the building society sector was deregulated.
By the late 1970s, building societies had accounted for over 95% of mortgages, protected from
bank competition by the liquidity regulations just mentioned, among other tax and regulatory
privileges. These mutual institutions, primarily funded by retail savings, were largely pro-
hibited from accessing any form of wholesale funding source. Throughout the 1980s, building
societies were permitted to expand their product range, diversify their funding sources, and
demutualise. The result of these reforms on banks and building societies was a financial
sector that decisively shifted toward mortgage and property finance. Net mortgage lending
in 1980 was a little over £7 billion; by 1989, it had risen to over £34 billion ( Boleat (1994)).

These structural reforms went ahead simultaneously with a ‘paradigm shift’ in macroeco-
nomic policy, moving away from the Keynesian objective of full employment towards priori-
tising price stability in monetary policy, albeit without granting independence to the Bank of
England. The Medium Term Financial Strategy, launched in March 1980, aimed for a grad-
ually declining growth rate of the money supply. Over the ensuing four years, the growth
rate of money supply (M3) was to be reduced from 7-11 percent in 1980-81 to 4-8 percent in
1983-84. This shift in the monetary policy framework was a crucial backdrop to structural
reform since aggregate price stability was seen as central in allowing the price mechanism—the
free market—to work efficiently.

The interplay between reforms to monetary policy and labour and housing markets forms
the foundation of the complex legacy of Thatcher’s economic policies. The central question for
us is not merely how each reform performed in isolation but how, collectively, they influenced
the dynamics between labour and housing markets and the broader economy. In seeking to
contribute to a more robust and adaptable economic environment, did these policies, in fact,
operate in isolation? Or did they collectively enhance or mitigate the impact of one another?

To address these questions in a formal way, we build and estimate a small and stylized
New Keynesian model with interconnected labour and housing markets. This allows us to
study the joint determination of house prices and unemployment, controlling for monetary
policy stance. We use a workhorse search and matching model ( Mortensen and Pissarides
(1994)) in a general equilibrium setting (see, e.g., Christiano, Eichenbaum, and Trabandt
(2016), and Lubik (2009), for similar DSGE treatments), combined with a search and
matching model of the housing sector, where the modeling approach is most similar to Head,
Lloyd-Ellis, and Sun (2014). We introduce a linkage between the two markets, assuming that
the matching efficiency and separation rate in one market are affected by the tightness of the

3See  Muellbauer and Murphy (2008) for a detailed overview of that issue and many others related to
housing and the economy.
“The data are from the Department of the Environment, quoted in Stephens (1993).
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other market. Specifically, we allow for the fact that a tight housing market may inhibit job
search, resulting in fewer job quits and fewer job matches. As we mentioned earlier, when
council housing was much more significant, some economists worried that the housing market
was a significant impediment to labour market flexibility. On the other hand, a tight labour
market might incentivise labour to move. In that case, we allow for homeowners receiving a
mismatch signal such that they find a housing match more easily elsewhere.

As we discuss later, we also allow the real interest rate to enter directly into the matching
functions. This is to indicate if other channels related to issues such as stricter borrowing
constraints at times of high interest rates are of significance. Similarly, we allow the separation
rate in the labour market to be affected by a higher interest rate (to capture effects such as
an increase in the number of bankruptcies which is more likely when interest rates are high).
We model monetary policy in terms of simple rules, allowing coefficients to shift to reflect
important changes in the monetary policy framework. We then use a Bayesian approach to
estimate the model using quarterly UK data from 1971-2020.

The paper is organised as follows. Section 2.2 presents the model, section 2.3 reports the
result of Bayesian estimation, section 2.4 discusses implications of empirical findings for three
particular reforms. Section 2.5 concludes.

2.2 The Model

In this section, we outline a model of an economy populated by households, firms engaged
in production in the ‘general industry,” and ‘property developers’. Within each household,
there are both employed and unemployed individuals, renters and homeowners, with risk
sharing occurring at the household level. Credit frictions are not modelled explicitly but
their impact will be captured (albeit imperfectly) in the shocks we recover as part of the
estimation we undertake later on and via our permitting the real interest rate to impact the
matching functions (see later). Individuals participate in labor market activity as described
by standard search and matching models a la Mortensen and Pissarides (1994), and their
search and matching activity in the housing market is similar to that described by Head
and Lloyd-Ellis (2012). We assume, in effect, international risk sharing and employ a closed
economy model, based on Gali and Monacelli (2005).

2.2.1 Households

The economy is populated by households, with the population size denoted as (¢, which
grows at the exogenous net rate u:

Qi1 = (1 + p)Qr. (1.1)

Within this population, which also serves as the labour force, all individuals are infinitely
lived and discount time at a rate 8. Each individual supplies labour elastically to the con-
struction sector but can be either employed or unemployed in the general industry. Each
individual is either a permanent renter or not. People who are not permanent renters are
either homeowners who also occupy their own homes or they are ‘moving homes’, meaning
they live in rented accommodations, searching for a home to buy, and may also have a house
to sell. In contrast, permanent renters do not want to buy a house and do not have one to
sell.
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Each individual is a member of one of the households. There is a constant number of
households, H, while the size of a household changes over time. When the population rises,
people are assigned to existing households, and there is no mobility between households.
Each household may have both employed and unemployed individuals in the general and
construction industries. It may have homeowners, renters, and buyers. A household is the
unit at which consumption risk-sharing occurs, so all members of one household have the
same level of consumption.

All individuals derive utility from habit- and productivity-adjusted consumption:

Cit Ci—
X; —0 1.3
it = At At 1 ( )
Where A; is the trending productivity level of the economy:
A1 = (14+24) Ay (1.4)

With a stationary exogenous process a.

In the general industry, households face search frictions and unemployment. If employed,
they provide h.;; labour hours to the general industry. In the construction industry, indi-
viduals derive disutility from supplying elastically Lj, ;; units of labour, and this term enters
the utility function trivially and additively. Owner-occupiers derive utility z from housing
services of the owned house.

The total utility of a household can be expressed as:

Q1 Ny
— XhtLnit—+ I + 2{1 I%

Ut =By Zﬁt a7 Qr Lot (1= hes) 1
1 -0 H H 1—v
(1.2)
In this equation, L.; represents the number of employed individuals, and N; is the number
of owner-occupiers in the economy. The index i is associated with consumption, hours, and
labour supply in the construction sector—these are all choice variables. All individuals within
one household will make the same decisions.

When firms and households in the general industry match, they enter into contracts where
the real wage rate w.; is determined through a Nash bargaining process. Consequently, an
employed individual receives a labour income h.;;w.;. An unemployed person receives an
unemployment benefit b; as a government transfer, financed through lump-sum taxes.

The budget constraint for household i states that consumption spending (Cy), lump sum
taxes (1), investment in private bonds (A;+1), and net investment in housing (£;) must
be financed through labour incomes, unemployment benefits, bond returns, and any profits
earned by firms (®;):

Q Qt Q¢ Q1 _
Cigt T HAzt+1+ Hth-l- HQ
L. U.y
QHt(bzt+ chthct+ Hbct‘i‘%whthht‘i‘Qth-Ai,t

(1.5)

Households housing costs are divided into the maintenance/taxation (m/]') costs paid by all

matched homeowners, rental costs (rf) paid by renters, and transaction costs in the housing
market for sales and purchases. These transactions are summarized by the final two terms of
expression (1.6) below. Because all agents who are active in the housing market transition
between either being a matched homeowner, (NN;) or a searching buyer (B;), any per-period
adjustments in the stock of homeowners must reflect either a successful match, or a separation
and sale. L.e: If a member of household ”i” has successfully matched with a house previously
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owned by household ”j”, there has been a one unit increase in the level of home-ownership
in household ”i”, and a one unit decrease in household . The transaction is then carried
out at the equilibrium house price Pth, which is discussed in further detail in section 3.2.4.6.
Due to the presence of perfect risk sharing within the household the, these housing costs can
be collected together in the variable (£2;4):

Q4

77 it = r{ Fiy + Nigm) + Pl (Niy — Nig—1) — PI"(Nj4 — Nji-1),

9939
J

where index j denotes households other than the i-th household.
Aggregation of first-order conditions across all households yields (see Appendix A:2):

A = (@_ (1.12)

e = (g) ' (1.13)

<é§z> : %Qt = FE B <g§: > B ij: 0t+1 (1.14)
e

(2.1)

and the aggregated budget constraint can be written as:

Co+ A1 + T + Q= O + wethe Loy + bUcy + wp ¢ Ly + R Ay,

2.2.2 Production

We use workhorse search and marching model ( Mortensen and Pissarides (1994)) in a
general equilibrium setting, see e.g. Christiano, Eichenbaum, and Trabandt (2016) and
Lubik (2009) for more similar DSGE treatment. There is a unit-continuum of firms that hire
new workers at a matching market. Unemployed workers search for a job and fill a vacant
position. Firms pay fixed cost of posting a vacancy. Matches are stochastically destroyed
with exogenous probability and workers become unemployed. Wages and hours worked are
determined through a Nash bargaining process, that takes place between workers and firms.
Firms sell goods in a monopolistically competitive market and choose their price subject to
their demand curve. Prices are free to adjust.

2.2.2.1 Labour Dynamics

The number of workers employed by the j’th firm, j € [0,1], at the end of period ¢ — 1 is
denoted Lc;—1(j). New jobs are created at the beginning of period ¢ and some jobs are
exogenously dissolved at the end of period ¢ such that by the end of period ¢ the j’th firm’s
employment level is:

Lt (]) =(1- 196,1?) Let—1 (J) + 7c,t‘/<:7t(j)7 (1-20)

where ¥4 € (0,1) is the separation rate and 7.V, +(j) represents the number of new jobs, or
matches, formed between the pool of unemployed workers and firm j.

The total number of matches that occur economy-wide is governed by the constant-
returns-to-scale matching technology:

MC,t(Uc,t’ VC,t) = RC,thi%V:t_(SC? (1'16)

where V.; denotes the the economy-wide number of vacancies, §. € (0,1) represents the
elasticity of matches with respect to the unemployment rate, and x.; denotes the matching
efficiency.
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We define the level of labour market tightness, w. ¢, by

Ve
)
Uc t

t]

Wet = (117)

so that the labour market is tight (w., is high) when the size of the unemployment pool is
small relative to the number of vacancies. Given the matching technology and the definition
of labour market tightness, the economy’s job-filling rate is:
Mt (Uet, Ver -
’}/C’t g C, ( C, C, ) — HCﬂfwc tlsc (118)
Vet ’
and its job-finding rate is:

M (Uey, Ve -
)\C,t = c,t([]c,tc,t) f— /{Qtwit (Sc = Wc,t’}/c,t- (119)
c,t

We assume that all firms take w.; (and hence v.; and A.;) as given, and write equation
(1.20) as:

Let () = (1= Vei) Lep—1 (5) + Ver (5) Vet (1.20)
where V.+ (j) is the number of vacancies posted by the j’th firm.

1
With economy-wide employment equalling L.; = [ L (j) dj, the number of people that
0
are unemployed and searching for work at the start of period t is:

Uc,t - Qt - (]— - ﬁc,t)Lc,t—l- (122)

2.2.2.2 Firms

Firm j produces according to the production technology

Y (4) = ztAthet (5) Les () (1.27)

where A; is an aggregate technology shock and z; stationary productivity shock. To hire
more workers, firms must post a vacancy and pay a fixed cost ¢. Firms are monopolistically
competitive, choosing the price they charge for their good subject to the demand curve:

Y, (j) = <pt]§j>)_€5€e, (1.25)

where € > 1 is the stochastic elasticity of substitution among goods. In equation (1.25),
pt (§) denotes the price of the j’th firm’s good, P, denotes the aggregate price level, and Y;
denotes aggregate output.

Taking { P, ws, Yy, Let (j)},o, as given, the decision problem confronting the j’th firm is:

At (pt J)s . , : ﬂ
a Eo |7208' Vi (j) = we,thes () Ley () — 1Ve , (128
w8 o83 (PR 0) — wnihes ) Ler () = s )] (129

{pe(5),Le,t (),

subject to the production technology (1.27), the demand curve (1.25), and the law-of-motion
for employment (1.21).
Aggregated across firms, first order conditions yield (see Appendix F):

L= MtYets (1.29)
_ At41

Nt = hey (§20As — weyr) + BE; [ (1 — e q1) Ttﬁtﬂ (1.30)

Y; A .
Ky = wc,tit + afE, | 2L (14 mp1) T Kipa (1.33)

ZtAt )\t
A ¢

Koy =Y, + afE,; [f\:l (14 meq1) K2t+1:| (1.34)

1 l - W € ﬁ 1—e
(mi+ 1) = — <1 1 )<(6_ 3 Kﬂ) ) (1.32)

38



Here & is the Lagrange multiplier on the demand curve (1.25) which can be interpreted as
the real marginal cost of production. Lagrange multiplier n; is associated with the law of
motion for employment and represents the value of filling a vacancy (1.21).

Equation (1.29) is the job-posting condition that says that firms will post vacancies up
to the point where the expected payoff from filling a position equals the cost of posting
the vacancy. Equation (1.30) is the job creation condition which says that the value of a
newly filled position should equal the current-period profit generated from the match plus
the expected discounted value of a filled position next period.

The last three equations determine the inflation process under Calvo (1983) price setting.

Finally, the aggregated profit of firms is

O =Y, —weiheiLler — Ve (1.36)

2.2.2.3 Wages and Hours Worked

The real wage and the number of hours worked are determined through Nash bargaining
between workers and firms. FExpressed in terms of period-t final goods, we denote using
VE and VY the value to the household of having a member employed and unemployed,
respectively.

The value to a household of having a member employed is given by:

(1 —hes)V =1

VtE = hc,twc,t + Xept (1 1/) \
- t

(1.37)

+ BE; /\Zl (Vo1 (1 = Acg1) Vo + (1= Fepi1 (1= Aepg1)) Vt]frl) .

Looking at the terms on the right hand side of equation (1.37), the first term represents
the extra goods that the household receives through the worker’s labour income. The second
term captures the value of the worker’s leisure, expressed in terms of period-t final goods. The
third term is a composite one that reflects the expected payoffs to being either unemployed
or employed next period. For a worker that is employed today, the probability that they are
unemployed next period is given by the separation rate, .41, multiplied by the probability
that they are unable to be matched to a new job in period ¢ + 1, which equals one minus the
job-filling rate. The payoff to being unemployed next period in terms of next-period goods
is Vt[-]i-l' The next-period payoff to being employed equals Vgrl, which is multiplied by the
probability of being employed. These next-period payoffs are multiplied by the marginal
rate of substitution and the discount factor in order to be expressed in terms of period-¢ final
goods.

The value to the household of having a member unemployed is:

A
VY = by + BE, :1 (1= Aepr) Vi + A1 VED) | (1.38)

where the first term on the right hand side reflects the real benefits that accrue to being
unemployed today and the second term is a composite one reflecting the expected payoffs
to being either unemployed or employed next period, which are then expressed in terms of
period-t goods by multiplying by the marginal rate of substitution and the discount factor.

Given equations (1.37) and (1.38), the match surplus, V¥ = VF — VY, for the household
equals:
(1—hey) ™" =1
(1 - I/) )\t

Aty1
s

VP = hegWer —bet + Xe +0E (1 —cpr1) (1 — Aept1) VEH . (1.39)
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Turning to the representative firm, the value of an unfilled vacancy, VtV , equals zero while
the value of filling a vacancy, V/', is given by equation (1.30). Recognizing that Vf = n; and
making use of equation (1.29), we have:

)\t—i—l L

Vi = het (§e26Ar — wer) + BE: | (1 — Depy1) BV
t Vet+l

(1.40)

The first term on the right hand side captures the real profits obtained from the goods
produced from hiring an additional worker (filling a vacancy). The second term reflects the
payoff that the firm receives when the match continues next period and the firm does not
have to post a vacancy in order to fill a vacant position.

We assume that the real wages are set by Nash bargaining with the worker’s share of the
joint surplus equal to €., leading to the well-known sharing rule (see Appendix):

VP = (VP + V). (2.3)

Substituting equations (1.39) and (1.40) and the one-period lead of equation (1.29) into
equation (2.3) yields:

A 1—€.4)€ L
heiwer = €c <§tztz4thc,t + BE; [(1 —Vet41) :1 (1 — (I = Acir1) El . 21;?1) 5 t+1}>

et (I=he)'77 =1
+ (1= eey) (bc,t _ Xex t) ) . (1.41)

)\t (1 — I/)

Where (1.41) determines the real wage per worker as a weighted average of a terms equaling
the marginal revenue product of the worker plus the value of not having to replace the worker
and a term equaling the outside option of the worker.

Finally, hours worked are chosen to maximize the joint surplus of the match, V7 + VF',
which gives (see Appendix):
(1- hc,t)_y

» (2.4)

§t2tAr = Xe,t

2.2.3 Housing Sector
2.2.3.1 Housing Stock

At time ¢ the city has stock of housing in the economy (H;) which is either vacant and listed
for sale (V},4), or occupied by one of the economies @); agents. Thus, total housing stock can
be defined:

Hi = Q¢+ Viy (1.43)

Where: these Vj,; vacant houses are made up of a combination of newly constructed
houses by property developers, and houses which have been listed for sale by mismatched
homeowners.

2.2.3.2 Matching Technology

Matching in the housing market is determined by the matching function M}, ;, which depends
on the matching technology (kp, ¢), and the number of searching buyers (B;) and vacant houses
for sale (.St).

My 4(By, Sy) = ki B S —on (1.44)

Let market tightness, which acts as our proxy for housing market liquidity be defined as
the number of searching buyers divided by the number of vacant houses for sale. That is:

Whit = — (145)



Let the house filling rate (matching probability for vacant houses) be denoted by 73, ; and

defined®: My (B S0)
Yhit = Rl Stt’ 2 /ih,twii} (1.46)

And, let the house finding rate (matching probability of a searching buyer) be denoted
by Ap: and be defined®:

Mo = —E0EE = gt (1.47)

2.2.3.3 Transition Probabilities and Laws of Motion in the Housing Market

At time t, there are N; home-owning households. These homeowners become mismatched
with their house at an exogenous probability ¥, € (0,1). If mismatched, homeowners
become unhappy with their home and no longer receive the utility value of home-ownership
(zH). As a consequence, these households seek to sell their house which gets added to the
stock of houses for sale — S;, and become searching buyers — B; — trying to match with a new
house. Their law of motion is thus number of homeowners who did not become mis-matched
in the previous period — (1 — ¥4,+)N;—1, and those Ap, By searching buyers who successfully
matched with a house in the current period:

Ny = (1 = 9nt)Ni—1 + An i By (1.48)
The (1 — ) is a proportion of new borns who are perpetual renters. That is:
Fr=F 14+ (1 —vY1)pm—1Q¢—1- (1.49)
Then, the number of searching buyers at the start of period t is:
By =Q¢— Fy — (1 —Up) Np—1. (1.50)

The number of houses for sale is the sum of vacant houses and those still occupied as the
sellers are in a chain, the latter list their house for sale but remain in their house. In the
context of our model they rent from themselves. Therefore,

St = Vit + Chy (1.51)
where C}, ; is the number of sellers that are in a chain.

We assume that the number of sellers who are in a chain is a proportion of all sellers:

Cht = antSt (1.52)
Then, it follows that
Wiy = (1 - ah,t)Bt
t = ——/—————.
’ Hy — Qy

2.2.3.4 Housing Construction

In the construction sector, there are three key stocks: undeveloped land (KF), developed
land (H;), and constructed housing (Hy). All undeveloped land is owned by the government,
which releases it for development to firms in the construction sector. These firms operate
under perfect competition and undertake both the development of land and the construction
of new housing. To produce housing, firms combine developed land with construction labour
(Lp,¢) using a simple technology. They solve a cost minimisation problem dependant these
two cost factors: ) X

Hy\1 — H; = min (Ht+1 — A, ¢tLh,t) (1.54)

5See appendix section: A:2
6See appendix section: A:2
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Where: ¢; denotes the productivity of construction labour.

Solving the minimisation implies that land is developed until the cost of development
equals the cost of employing labour. That is:

Hyy — Hy = OeLp g (1.55)

Unable to store developed land and with free entry into the construction sector, firms
construct new houses so long as profitable. They therefore build houses on any developed
parcel of land. That is:

Hiv1 — He= ¢iLpyg (1.56)

Undeveloped land (K}) is released exogenously at the rate s, intended to capture the
rate at which the government releases land for development. Thus, the exogenous law of
motion for land satisfies:

KE, =1+ »)KF (1.57)

Such undeveloped land can be sold to construction sector firms at a price g5 ;. Prior to
making the purchase, the firm can costlessly evaluate the development costs associated with
the parcel. Reflecting that different parcels of land require different levels of development
with different levels of associated costs, these costs are assumed to be heterogenous and draw
from the distribution

c~ Ale), ce€led

With free entry, profits are driven to zero until all units of land with development costs
¢ < qn are used for construction, ensuring that land development is increasing in gy ;. With
the level of undeveloped land being the difference between total available land and developed
land — K} — H,, the quantity of land converted satisfies:

Hyor — By = A (i’;) (KE - ) (1.58)

w
Where, A <q£—f) is the reduced form land conversion function defined: A (%) , with
O0<w<l.

Consider the profit earned by firms operating in the construction sector. To construct a
new house, house builders face aggregate labour costs — Ly, ;wy, ; — and buy a unit of developed
land for g,;. They earn revenues by selling newly constructed houses. Once a new house
is built, it is listed for sale at the option price — Vt+1. Their profit function is thus: the
difference between the revenues earned from house selling and the cost of land acquisition for
the Hﬁl — H}T units of houses constructed, and the aggregate costs of hiring labour:

A ~
Heonst,t = (Hep1 — Hy) [ﬁEt [(ZlVHl)] - Qh,t:| —wptLpt =0 (1.59)

Where: Vt+1 is the value function associated with a vacant house not yet listed either for
sale or for rent, and can be thought of as the option price of a vacant house. Requiring the
profit function to equal zero follows from both developers and house builders operating in
perfect competition.

With stationary representation:

Wh ¢ GE, [)\t—HAt—H Vt+1:| Gt (2.6)

DAy - AMAr Ap Ay
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2.2.3.5 Value Functions and the House Price

A permanent renter may move home, but remains a permanent renter. Her value function
VI satisfies the following equation:

A
VE = —rl 4 BE, [Zlvﬁl} (1.61)

where 7 is a rent rate.

When an owner-occupier receives a mismatch shock with probability 9, 4, it causes her
vacate the house, move out into a rented accommodation, and either list house for sale or
put it on the rental market. The value function of an owner-occupier takes the form:

2P A
VNo= —mh 4 /\—tt + BE; [:1((1 — Dt (1 = Apes1)) Vi

+ht <]>t+1 - /\h,t+1pt}11) +Ont (1= Apes1) VEH)] :

In the current period, the homeowner pays maintenance and receives utility from the house.
The expected payoff is the following. If there is no mismatch shock then she remains an
owner-occupier. When mismatch shock happens, the expected value of the vacant house is
E; )‘f\tl ]}H.las the sale or rent may only happen one period later. The homeowner expects to
be the searching buyer with probability (1 — Ap++1) when not matched with a suitable house
next period, but she becomes a new owner-occupier if the next-period match realises. In
the latter case, the price she pays for new house is Pt'fH. Given the quarterly frequency of
the model, it is not realistic to demand that the buyer searches for a house more than one
quarter.

A searching buyer pays rent rate 7. Her value function can be described by the following
equation:

VP = —r} + BE; [)\:1 <(1 = A1) VE1 + Mt (WYH - Pth+1)>] (1.63)
With probability 1 — Ap, ;41 the searching buyer remains a searching buyer, and with prob-
ability Ap 41 there is a match so she becomes an owner-occupier, derives the value from
homeownership, but price PZ}H for the house.

At the beginning of each period, an unoccupied house l}t, can either be put on the rental
market, or listed for sale. Such vacant houses move frictionlessly between sale and rental
markets. Homeowners maximise profits and solve the following maximisation problem:

- Mo ~
V; = max[r! — m} + BE, [ ;“ vm} Vi (1.64)
t

Where the first argument describes the value of a house listed on the rental market and where
the house owner is responsible for maintenance payments. V; is the value of house designated
for sale. As houses move frictionlessly between the two markets, it follows that:

A ~
;\H Vt+1:| =V (1.65)
t
As homeowners will look for a new house, they are likely to sell when conditions seem right,

so we assume that they also do not want to wish to be locked to a long-term rental contract.
The value of an unsold house to a seller, V;, satisfies the following equation:

f/t:rf—mf—k,BIEt[

At+1 ~
V; = BE, {t; (a1 Py + (1= mes1) Vi ) ] (1.66)
t
When a searching buyer meets with a vacant house for sale, the buyer and the seller
determine the transaction price by engaging in Nash bargaining over the total surplus of a

match in the same way as wages are determined in the general industry.
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The match surplus for the searching buyer is:
VP =vN-vF-pp (2.7)
while the match surplus for the seller is:
VF =Pl -V,
Maximisation of the Nash product yields (see Appendix)
Pth =(1- €h,t)(VtN - VtB) +€ni Vi (1.69)

where €, ; is the bargaining power of the buyer.

2.2.4 Aggregation and Equilibrium
Aggregation of (1.20) yields

Lc,t = (1 - 190) Lc,tfl + ch,t'Yc,t (121)
The aggregate production function is
A
Y, = —ZtA Lethey (1.35)
¢

*\ —€
Where, Ay = (1 —¢) (%) +¢mf - Ay_q is the price dispersion in the economy. Because

the system is log-linearised around its deterministic steady state where: m = 1, A; = 1, the

price dispersion doesn’t introduce additional first-order dynamics outside of those described
in 1.35.

There exists a government whose sole purpose is to finance the unemployment benefit b,
paid to all U.; unemployed persons. This government raises money through charging lump-
sum taxes T} on all households, levying property taxes/charging maintenance costs m{* on all
Ny units of owned housing, and from proceeds arising from selling (K} — I:It) units of land
at the price (gp ). The governments budget constraint is thus:

bc,tUc,t =T+ Ntm? + qh’t(Kf — ﬂt)

Using the fact that all are either employed or unemployed, we can substitute: U.; =
Q¢ — L. to express the number of unemployed persons. Further, using that the construction
sectors zero profit condition (1.59) implies that all developed units are used for construction,
the governments budget constraint becomes:

= beUey =T} + Ntm? + qn i (Hip1 — Hy) (1.71)

Where: the level of lump sum taxes (7;) adjust to maintain the equality. The total value
of land sales (qp¢(Hi+1 — Hy)) is determined endogenously, while the values of land taxes
(m}) and unemployment benefits (b.;) reflect observed data ratios described in section 3.3.

And the requirement that net private bonds are in zero net supply A; = 0 yield the
resource constraint:

Y, =Cy+ Ve, (1.77)

A private sector equilibrium consists of stochastic processes of 26 aggregate endogenous
variables { Ry, X¢, A, Wh.t, Ct, &, Lty Uety Wets Wty hets Yy wha, VE, VN VB Vi, vl PR, By, S,
Ni, Fy, Lpy, Hy,qn} such that 26 equations ((1.12), (1.13), (1.14), (1.15), (1.21), (1.22),
(1.29), (1.30), (1.31), (1.32), (1.35), (1.41), (1.42), (1.43), (1.45), (1.48), (1.50), (1.49),
(1.58),(1.56), (1.60), (1.61), (1.62), (1.63), (1.65), (1.66), (1.69), and (1.77).

(1.69) hold, given the system of exogenous processes for population (1.1), land (1.57),
trend productivity (1.4) and AR(1) processes for trend to total factor productivity a¢, trend
to population growth ¢;, stationary productivity shocks z; in general industry, taste shock
0¢, shocks to separation rate in labour ¥.; and housing ¥} ; markets, shocks to bargaining
power in the labour €.; and housing €, ; markets, shock to land s, and shock to the number
of permanent renters, 1.

44



2.2.5 Interconnected Markets

This model does not distinguish between involuntary and voluntary job transitions. Workers
seeking to relocate may take housing conditions into account. If the housing market is very
tight, meaning there is a high relative number of buyers, this may deter potential job seekers
from looking for new jobs, as moving houses might be difficult. This would result in fewer
job quits and fewer new job matches:

- Wh,t o
Ret = KRept )
Wh,

—Cv
> Wh,t
190,15 = ﬁc,t < ) .
Wh

Similarly, if the labour market is very tight, meaning there are many vacancies, there
might be incentives to move to a better geographical location. Homeowners will receive a
mismatch signal more often, and finding a match with a new house may be easier, as many

people relocate:
U . _GN
- We, ¢ I+
Kht =R . —R
h,t h,t < We > <1 + T4l ) )

Up) . Oy
= We, t 1+
Ve =1 : — R .
ot m < We > (1 + T >

In this chapter, /. and &, ; are modelled as stochastic processes, each evolving according
to an AR(1) process with exogenous shocks. This allows for time-varying matching efficiency
in both labour and housing markets, capturing fluctuations in unobserved market frictions or
institutional flexibility. In contrast, separation rates—igc,t and ﬁhvt—are treated as constant
and calibrated from steady-state relationships.

Parameters ¢ and 7 are elasticities of one market matching efficiency and separation rate
with respect of the other market tightness. These elasticities affect the speed of the change
in either employment or homeownership, i.e. they measure the acceleration of employment
or homeownership dynamics over time.

We also assume that activity in the housing market can be directly affected by the house-
holds credit market conditions. Cameron et al. (2006) argue that the UK house prices
are significantly influenced by a credit conditions index, which is largely determined by the
loan to value ratio.” However, in our empirical specification we use real interest rate to
measure credit conditions. This approach attempts to mimic many transmission mechanisms
of monetary policy on the housing market that are missing in this model, and that could
help to identify housing matching shocks. Firstly, there are no mortgages. Even if mortgage
payments were introduced, they would have a very limited effect on consumption behavior
due to risk-sharing at the household level. Consequently, an increase in interest rate pay-
ments and lower disposable income of homeowners would have only a limited effect on their
consumption. Secondly, the model does not account for first-time buyers who face borrowing
constraints and would need to accumulate greater savings to obtain a mortgage with lower
interest payments when the interest rate is high. The introduction of the real interest rate
into the matching function — with 6, and 8y being relevant elasticities and R being steady
state real rate — aims to mimic the effect of stricter borrowing constraints at times of high-
interest rates.® Similarly, we assume that the separation rate can also be affected by a higher
interest rate, likely leading to an increase in the number of bankruptcies when interest rates
are high. We investigate the quantitative significance of these linkages.

"This index is estimated in Fernandez-Corugedo and Muellbauer (2006).
8In our empirical analysis, we were unable to find any strong link between the loan to value ratio and the
housing matching channel.
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2.2.6 Monetary Policy

To close the model, we assume that monetary policy operates with a simple interest rate rule:

VTtie (T4 \™ ([ 1+m \*" Y; A
1+iss—<1+i58> <<1+7788) ((1"‘#)(1"‘7)}/75—1) > *p (me)
Where: iss and 7 are steady state values.

To account for changes in the monetary policy framework over time we chose to introduce
two distinct monetary policy states: hawkish (H) and dovish (D) state, with different values
of parameter a, such that aff > af.? The switches of the economy between these two
regimes are governed by two-regime Markov chain vy, € {H, D} with transition matrix

™ _ 1—pap  pHD
PDH 1—ppH

Where: pij; = P (a1 = Jloae = 1) .

2.2.7 Shock Volatilities

The literature on good luck or good policy demonstrates that shock volatilities change with
time and play an important role in explaining inflation dynamics, see e.g. Sims and Zha
(2006). We, therefore, assume that shock shifts are governed by two-regime Markov chain
vg € {T,V}, where state T describes relatively low volatility of all shocks (‘tranquil’ state)
and state V' describes relatively high volatility of them (‘volatile’ state). Transition between
these state is described by matrix

rs_ | t—arv  arv
qvr  l—qvr

where g;; = P (vs11 = jlus: = 1).

2.3 Bayesian Estimation

The model has two unit roots: one arising from aggregate productivity growth (1.4) and the
other from population growth (1.1). To ensure a well-defined steady state and enable empir-
ical implementation, the model is transformed into a stationary representation by removing
these deterministic trends from the equilibrium system, as outlined in Appendix B.

To maintain consistency with this stationary formulation, the macroeconomic time series
used in estimation are also transformed into stationary counterparts. For level-based vari-
ables, we compute growth rates using log differences and remove sample means to eliminate
deterministic drift. For ratio-based variables, we compute changes in the ratio level and
similarly demean the series. Hours worked are normalised relative to a 40-hour work week.
Inflation and nominal interest rates are left in levels and not demeaned. The data sources
and transformation procedures are documented in greater detail in Appendix A:1.

2.3.1 Shocks and Data

We employ Bayesian methods to fit the log-linearized system to the UK data. For the
estimation period of 1971Q2-2020Q1, we use the following nine data series: the growth rate
of real output, the growth rate of real earnings, the unemployment rate, the growth rate of
labour market tightness, the growth rate of the house price-to-rent ratio, the growth rate
of the housing stock, house sales and the homeownership rate, see Figure 2.1. Detailed
descriptions of the data, data sources and data transformation can be found in Appendix
A:1. All computations presented in this paper were implemented using RISE toolbox ( Maih
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(2015)) for MATLAB, using methods discussed in Hashimzade et al. (2024), see further
details in Appendix A:5.

While the model accommodates various shocks, not all of them can be identified with
the available data. We have selected the following eleven shocks for estimation: stationary
productivity shocks 2, taste shocks p;, shocks to matching efficiency in the labour market x ¢
and in the housing market sy ¢, shock to bargaining power in the labour market €., shocks
to productivity in the construction sector ¢, shock to permanent renters 1, labour supply
chock X+, shocks to housing sale chains ay,+, shock to elasticity of substitution (cost-push
shock) €; and monetary policy shock m;.'°

2.3.2 Parameter Estimates

Parameters of the model can be divided into three subsets. The first subset includes the
structural parameters that can be calibrated using the observed long run (steady-state) ra-
tios. The second subset of parameters is calibrated because the simplicity of the model and
the shortage of available data do not allow us to identify them. The third subset includes pa-
rameters that are estimated, including the persistence and standard deviations of structural
shocks. We will discuss these sets in turn.

2.3.2.1 Observed Ratios and Implied Parameters

This model is relatively tightly parameterised, meaning that a large number of parameters
is pinned down by steady state relationships. These parameters are summarised in Table 2.1
and the detailed data sources are given in Appendix A:1.

Table 2.1: Known Steady State Ratios

Data ratio Notation Value UK
Trend productivity growth rate, quarterly 1%} 0.0000
Population growth rate, quarterly I 0.0025
Steady state level of inflation, quarterly 1+ 7gs 0.0123
Real interest rate, quarterly R = HT'Y 1.0045
Employment rate, quarterly le 0.93
Hours of work, normalised he 0.3418
Average duration of unemployment, weeks . 40
Daily filling rate d 0.05
Share of employment in construction sector ll—}cl 0.036
Earnings ratio P 1.18
Unemployment benefit to earnings ratio hZ’Z)C 0.19
Cost of posting vacancy to earnings ratio hCLw - 0.5
Houses to occupied houses ratio h 1.03
Share of rented houses to occupied houses b+ f 0.34
Average time to find a house, weeks ﬁ 20
Average time between house moves, years Iy, 13
Rent to earnings ratio hZZzC 0.356
House price to quarterly earnings hf Z}C 24.03

9 Zanetti (2016) chose to use a variable inflation target to account for these changes.

1OWe could have used shocks to the separation rate in the labor market ¥.; and the housing market 9y, ;
instead of matching efficiency shocks. This would lead to a nearly equivalent model. Similarly, we could have
used a shock to the rate of land conversion s, instead of the productivity shock in the construction sector.
These shocks have nearly identical transmission mechanisms, further results are available upon request.
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These ratios come from different sources. Parameters ~, i, R and [. are data averages
over the sample. We use data for the average weekly hours of work and assumed that the
total available time to divide between work and leisure is 16 hours per day for 6 days a week

to compute h.. The average duration of unemployment in UK is about 40 weeks that allows
52

us to calibrate weekly (AY) and then quarterly job finding rate, Ac =1 — (1 — A¥)4 = 0.28
which is consistent with findings in Hobijn and Sahin (2009).

When working with filling and finding rates one should note that both are probabilities
and should be below one. While our model is quarterly, many events in the labour market
happen at a higher frequency, resulting in quarterly estimates of these probabilities being
close to one. We are unaware of any research done with the UK data to estimate the filling
rate, while Davis, Faberman, et al. (2013) argue that one must look at daily filling rates
to get an understanding of labour market flows. We chose to calibrate the daily filling rate
74 = 0.05 following that study, however this does not bear any significant complications, as

365
it implies quarterly filling rate 7. =1 — (1 — vg) 4 =0.9907, which is very close to one.

The share of employment in the construction sector is the data average over the sample.
The earnings ratio h’l:’l}ll)c is computed by dividing weekly earnings in the construction sector
(wp,) by weekly earnings in the economy (h.w.); here we implicitly assume that given that
the construction sector constitutes less than 5% by employment, then excluding it from the

measure of the ‘rest of the economy’ would lead to negligible changes.

The replacement ratio is calibrated following the OECD data, to be hi’;c = 0.19. It is
difficult to set the ratio of cost of posting vacancy to earnings. This is hiring cost and its
value can be quite large. We set it to 0.5, although values in a large neighborhood of this do

not have any material effects on our findings.

The data on vacant, owner-occupied and rented houses come from the Ministry of Housing,
Communities & Local Government, we use them to compute the ratio of all housing units to
occupied houses ratio, we also assume that the share of rented houses to all occupied houses
reflects the share of searching buyers and permanent renters.

The average time between house moves was about 13 years in 2000-2008, as reported by
the Savills Estate Agents and Letting Company. It is hard to estimate how long it takes to
find a house in the UK. We assume that it takes about 20 weeks between the start of an
active search and getting the keys roughly speaking that breaks down as 4.5 month to search
1.5 month to complete.

The steady state ratios presented in Table 2.1 allow us to calibrate structural parameters
collected in P = {B,7, 1, &, u, Ve, €c, Xes On, Xny ¥, ¢} and some other steady states as dis-
cussed in Appendix C. Finally, parameters of utility function o, 0, v, elasticity of substitution
€, proportion of sellers in chains «y, are calibrated.

2.3.2.2 Calibrated Parameters

We calibrate a number of parameters. They are given in Table 2.2 and the choice is mostly
determined by a difficulty in identification. For example, if we estimate matching efficiencies,
matching elasticities d. and J;, have to be calibrated. The introduction of taste shock renders
0 (and o) weakly identified. The bargaining power of searching buyers €, is not identifiable
in this model given the availability of data used in estimation and so has to be calibrated.
Finally, parameters of the land conversion function, A and s determine the curvature of the
function, and units of measurement of unobservable land quantity, we cannot estimate them
without data on land, so we calibrate them also.

We assume AR(1) stochastic processes for matching efficiency in both markets, and for
separation and bargaining power processes in the housing market. The mean values for these
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Table 2.2: Calibrated Parameters

Habit persistence 6 0.8
Elasticity of substitution e 6
Elasticity of matches, labour o 0.7
Elasticity of matches, housing 4§, 0.7
Buyers bargaining power e, 0.5
Sellers in chain, HM Jp 0.5
Production function parameter A  0.025
Production function parameter s 0.5

processes and structural parameters, collected in Py = {d., n, In, €n, &, €, A, s}, are calibrated
as reported in Table 2.2. Together with ratios given in Table 2.1 these two sets of parameters
determine steady states: P3 = {u, We, Y, ¢, T, X, Aey Ve, Wes Why bes by ey P Uy Ay 12, 0y f Whis Vs K P,

v, 0B 0N oF g, zh}. The procedure to obtain these estimates is given in Appendix C.

2.3.2.3 Estimated Parameters

Finally, we estimate Py = {0, v, (s, Cs, N, N9} and shock parameters collected in Py = {p?, 0,1,
where j is the shock index.
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2.3.3 Historical Narrative

Figure 2.2 plots the estimated probabilities of being in a particular monetary policy and
shock volatility state. Table 2.3 reports the estimated policy coefficients. The estimated
monetary policy rule demonstrates a statistically significant difference between the hawkish
(el ~1.83) and dovish (af = 1.02) long-run response to inflation.

Our sample starts in 1971, just as the Bretton Woods system of fixed exchange rates
ended. For most of the five-year period following 1971, the UK had a floating exchange
rate but lacked a monetary anchor, as detailed in the brief history of UK monetary policy
frameworks by HM Treasury (2013) and King (1997).!' Our model identifies this period
as having large shock volatility and a 100% certainty of dovish monetary policy.

While the formal targeting of monetary aggregates began in 1976 with published targets
for M3, our model identifies a move towards a hawkish policy only after 1980, when Thatcher’s
government launched the Medium Term Financial Strategy designed to reduce inflation. The
Bank of England faced many difficulties in meeting its M3 target between 1976-79: the
targets were frequently overshot, and targets revised or abandoned. The Medium Term
Financial Strategy proposed a gradual decline in M3 growth rates. In addition, starting
from 1981, the M3 targets were complemented by M1 and later MO targets, recognizing
the destabilizing effect of financial innovations on the relationship between M3 and nominal
income, as discussed by e.g. Mishkin (2001). This strategy worked for some time; inflation
was steadily falling until 1985 when M3 substantially overshot the target. The M3 target was
suspended in 1985 and then dropped altogether in 1987. The steady increase in inflation in
the late 1980s occurred during a period when, ‘...the framework for monetary policy was, at
best, opaque’, ( King (1997)).

Consistent with this narrative, the model indicates a significant increase in dovish mone-
tary policy during the late 1980s. It also highlights a period of high shock volatility in 1988,
as shown in Figure 2.2. The Bank of England’s base rate rose rapidly from 7.4% at the end
of May 1988 to 12.9% in November 1988 and to 14.9% in October 1989, with mortgage rates
following the same pattern. This likely contributed to a subsequent decline in real house
prices by more than 40% over the following years. Our model — which correctly identifies
all recessions — singles out this very distinct market crash as a shock, rather than a change
in policy state.

The UK joined the Furopean System of Exchange Rates in 1990 and left in 1992, with
a 20% currency devaluation and the associated inflation spike. The first, perhaps implicit,
inflation target of 1-4% per year was introduced in 1992, and the Bank of England gained
instrument independence in 1997. Consistently, the model shows a quick reduction in the
probability of dovish policy from 1992 to 1995. Moreover, the probability of hawkish policy
remains close to 100% until the end of the sample: the Great Financial Crisis of 2008 and
the associated quantitative easing are not identified as dovish policy.

2.3.4 Interconnected Markets

Table 2.3 reports estimated elasticities. These results suggest that the housing and labour
markets in the UK are strongly connected.

First, an increase in labour market activity fuels housing market activity. The estimate
of 7, suggests that if the tightness of the labour market rises by one percent, the housing
market will have about 6% more matches. While the separation rate falls, the reduction of
half a percent is not substantial, and the matching effect dominates. This is expected, as
many separations in the housing market are the first part of a house move and are either not
recorded in the data because the corresponding match happens within the same quarter, or

1Gee also Batini and Nelson (2005) for an interesting and wide ranging discussion of British monetary
and macroeocnomic policy frameworks.
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Figure 2.1: Historical Data Used for Estimation. Panels A-K show: The Growth Rate of
real GDP, the Unemployment Rate, the Growth Rate of Real Earnings, Hours worked as a
proportion of a 40 hours work week, the Growth Rate of Labor Market Tightness, the Growth
rate of the House Price to Rent Ratio, the growth rate in the Housing Stock and Sales, the
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homeownership rate, and the monetary measures of Inflation and Interest Rates.
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Table 2.3: Estimation Results 1971Q2-2020Q1.

Parameters

Prior dist.

Type (mean,std)

Posterior dist.

Mean [95% conf.int.]

Model Parameters

Elast. of HM matching
eff-cy wrt. LM tightness
Elast. of HM matching
eff-cy wrt. Interest rate
Elast. of LM matching
eff-cy wrt. HM tightness
Elast. of HM separation
rate wrt. LM tightness
Elast. of HM separation
rate wrt. Interest Rate
Elast. of LM separation
rate wrt. HM tightness

U

N (3.0,1.0)
N (2.0,1.0)
N (3.0,1.0)
N (3.0,1.0)
N (2.0,1.0)

N (3.0,1.0)

5.1328
[5.0620,5.2238]

2.9702
[1.4903,4.2434]

4.4792
[4.4355,4.5159]

0.4069
[0.3815,0.4358]

1.6315
[0.6991,2.7304]

5.9529
[5.8998,5.9816]

Shock Processes

AR(1), technology p° B (0.5,0.10) 0.9555
[0.9553,0.9556]
AR(1), taste p° B (0.5,0.10) 0.7207
[0.7026,0.7377]
AR(1), housing tech. p? B (0.5,0.10) 0.9528
[0.9489,0.9554]
AR(1), labour supply pXe B (0.5,0.10) 0.9448
[0.9369,0.9509]
AR(1), matching LM ple B (0.5,0.10) 0.8979
[0.8943,0.9029]
AR(1), bargaining LM pce B (0.5,0.10) 0.9527
[0.9465,0.9555]
AR(1), matching HM plh B (0.5,0.10) 0.9552
[0.9540,0.9556]
AR(1), renters HM p¥ B (0.5,0.10) 0.9554
[0.9553,0.9556]
AR(1), sales HM ph B (0.5,0.10) 0.9534
[0.9480,0.9556]
AR(1), elsticity of subst. p° B (0.5,0.10) 0.9415

0.9311,0.9526]

continued in the next page

there is a corresponding match just one quarter later. Counterfactuals discussed in the next
section show that the estimated quantitative values of n—coefficients capture the imbalance
of matching and separation in booms as an important factor to explain the cyclical behavior
of house prices.

An active housing market, however, slows down activity in the labour market. A 1%
increase in housing market tightness reduces the number of matches in the labour market
and the separation rate by 4.5% and 6% respectively. Further counterfactual analysis shows
that these coefficients imply that the matching effect dominates: increased housing market
tightness results in a higher unemployment rate, though the quantitative effect is not very
pronounced.

We find there is some effect of monetary policy—directly via interest rates—on housing
market activity. The data indicate relatively high elasticities of housing matching efficiency
and the separation rate with respect to real interest rates. An increase in the real interest
rate by one percent reduces the matching efficiency by 3% and increases the separation rate
by about 1.5%. The combined effect is a reduction in the homeownership rate. As we discuss
later, this effect does not quantitatively compensate for the absence of financial frictions and
the presence of consumption risk sharing in this model.
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Table 2.3: Estimation Results 1971Q2-2020Q1 — continued.

Parammeters Prior dist. Posterior dist.
FATRETERS Type (mean,std) Mean [95% conf.int.]
H D
Policy form N (2,0.5) 1.7813 1.0067
[1.7748,1.7864] [1.0004,1.0132]
Policy « N (1,0.5) 0.2899
v [0.2738,0.3048]
Policy Q; B (0.5,0.15) o 8%%%988480]
T \Y%
Std, technology o 1(0.01,0.02) 0 0(())6(())%601()62] 0 0(1]521()50%64}
Std, taste o 1(0.01,0.02) 0.0572 0.1614
[0.0543,0.0602] [0.1550,0.1660]
Std, housing tech. o 1(0.01,0.02) : 0.09507 - 0.1947 }
0.0914,0.0976 0.1903,0.1983
Std, labour supply o 1(0.01,0.02) 0.0222 0.0352
Xe (0.0218,0.0227]  [0.0328,0.0373)]
Std, matching LM Ok, 1(0.01,0.02) 0.0548 0.0693
0.0540,0.0554]  [0.0584,0.0809]
Std, bargaining LM Oc, 1(0.01,0.02) 0.0989 0.2652
[0.0882,0.1136] [0.2427,0.2914]
Std, matching HM o 1(0.01,0.02) 0.4264 1.3051
[0.3785,0.4762] [1.2061,1.4067)
Std, renters HM o 1(0.01,0.02) 0.3529 0.7256
[0.3326,0.3664] [0.7155,0.7851]
Std, sales HM Oay, 1(0.01,0.02) 0.0822 0.2097
[0.0735,0.0920]  [0.1658,0.2560]
Std, elsticity Oc 0.0014 0.0031

[0.0013,0.0015]

[0.0026,0.0040]

Std, policy 0.0027

[0.0025,0.0029)]
State Probabilities

Prob. to move from Hto D pgp B (0.05,0.025) 0.0022
0.0011,0.0040]

Prob. to move from D to H pppy B (0.05,0.025) 0.0030
[0.0014,0.0049]

Prob. to move from T to V.= Q7v B (0.05,0.025) 0.0555
0.0360,0.0787]

Prob. to move from Vto T Qv B (0.05,0.025) 0.0595

[0.0161,0.1194]
Note: The posterior distribution is obtained using the Metropolis—Hastings algorithm.

We did not find that credit market conditions, as measured by the households’ debt-to-
income ratio'?, affected housing market matching efficiency in a quantitatively substantial
way (these results are not shown). This is likely because the transmission mechanism of
housing matching shocks is different in this model—they not only affect house prices but
are also important drivers of other variables that are not directly affected by credit market
conditions. We discuss these issues in the next section.

12Tn using these data, we implicitly assume that households typically borrow as much as they can, so these
data reflect the loan-to-income ratios that they face. While the data capture the whole mortgage stock, its
dynamics—when adjusted for the price-to-income ratio—are similar to those observed in the credit conditions
index constructed in Fernandez-Corugedo and Muellbauer (2006) for a comparable time period.
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2.3.5 Relative Importance of Shocks

Table 2.3 suggests that all shocks are relatively persistent and there is statistically significant
difference between their standard deviations in the high and low volatility states at 95%
confidence level. Figure 2.2 shows that the high volatility regime was prevalent in the pre-
1980s and then it virtually coincides with the Great Recession and the Covid recession.
Finaly, Table 2.4 presents variance decomposition in the ergodic state. This table, together
with the estimated elasticities helps to understand the relative importance of shocks in the
long run.

The general industry quantity variables are mostly driven by labour market and demand
shocks, but there are notable spillovers from the housing market. In particular, shocks
to matching efficiency in the housing market explain a substantial part of the volatility in
employment and the number of searching workers in the labour market.
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Table 2.4: Variance decomposition. Ergodic distribution.

2t Ot  Xet FRet €ct €t Rhg on Qpt (T
Output Y 5.7 243 89 03 14.1 241 182 0.7 28 04 0.5
Employment [, 0.0 1.0 05 20 330 92 445 16 6.7 09 0.2

Searching Ue 00 09 04 04 2061 75 542 21 6.8 1.1 0.2
workers

Real wage w,. 47 04 5.0 0.0 187 577 104 04 0.3 0.1 2.1
rate

Work hours  h, 70 281 95 21 143 144 197 07 3.0 04 04
Labour sup- [, 0.1 07 0.1 00 150 3.0 259 51.0 2.8 09 0.1
ply

Earnings in wjp 125 6.3 174 0.8 &84 384 11.5 04 1.7 0.2 1.7
construction

A

Housing 00 06 03 01 270 64 445 104 39 59 0.1

stock

Rent rate rh 0.2 1.2 04 0.1 297 44 502 36 43 46 0.2

House price P 0.7 16 04 0.1 297 44 502 36 43 46 0.2

Homeowners N 00 01 00 00 28 07 44 02 04 91.2 0.0
B

Searching 00 08 04 01 304 80 508 2.0 38 30 0.2

buyers
House sales ~v.B 00 06 02 0.1 131 32 63 1.8 16 731 0.1

Note: The list of shocks: technology z, preference (demand) g, labour supply x., matching
efficiency in the labour market k., bargaining power in the labour market €., matching
efficiency in the housing market rj, technology in constriction sector ¢, house sales ay,,

renters 1), elasticity of substitution (cost-push) e, monetary policy m.

Housing market variables are driven mostly by housing market shocks, although there are
meaningful spillovers from the labour market. Shocks to workers’ bargaining power explain
a notable part of the long run volatility of house prices, and the number of buyers. Notably,
the monetary policy shock explains little in the long run.

To understand the role of shocks in the short run, consider the growth rate of the house
price to rent ratio in the top panel of Figure 2.3, which covers the Thatcher period in office.
It is apparent that shocks to bargaining power drove the large cyclical reduction in house
prices in 1980-81 and explain the peak in 1988, the latter typically associated with rela-
tively low interest rates. In both episodes, bargaining shocks also explain a substantial share
of the growth rate of real earnings, consistent with the demand pressure on house prices.
Another significant driver of the price to rent ratio—the housing matching efficiency shock—
counterweighs the positive bargaining shocks to explain the relatively stable house prices in
the second half of 1979 and is nearly completely responsible for the dramatic fall in house
prices during 1988-91. This episode is often described in large measure as a consequence of a
sharp increase in policy rates'® and greater financial constraints'*. As this feature is not in

13See, for example, Boleat (1994).

1By greater financial constraints we are referring to factors such as those noted by Boleat (1994). He
notes: ‘Mortgage borrowing has itself become relatively less attractive as a consequence of government actions
that have reduced both mortgage tax relief and tax rates and, therefore, the value of tax relief.’. p.261.
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our model, stricter financial constraints are captured by a negative housing matching shock.

Growth rate of house price to rent ratio

1979Q1 1980Q4 198203 1984Q2 1986Q1 1987Q4 1989Q3 199102

Growth rate of house sales

1979Q1 198004 198203 1984Q2 1986Q1 1987Q4 1989Q3 199102

Il techology [ sales [l iabor sup M cost push [l bargaining power Il matching labor [ Jmatching housing [l construction [l policy [ Jrenters [ Jtaste

Figure 2.3: Historical decomposition of selected variables.

The bottom panel in Figure 2.3 shows that the main driver of the growth rate of house
sales is the shock to renters. In this model, this shock captures the influx of first-time
buyers. The figure shows a substantial effect of these shocks in the second half of 1979,
which coincides with the start of the Right to Buy privatisation program. This shock also
explains the collapse in sales in 1988-1991, consistent with prohibitive borrowing constraints
that disproportionately affect first-time buyers.

2.4 Economic Implications

In this section, we consider the economic implications of four substantial changes in economic
environment, that were introduced at the start of Mrs Thatcher’s term in office. They are: A
drastic reduction in housing construction and the large privatisation program; labour market
reforms aimed at, amongst other things, reducing the power of trade unions'; and a change

in core monetary policy objectives.

2.4.1 Fall in Housing Construction

Panel A in Figure 2.4 visualises the dynamics of housing construction in the 1980s. By 1982,
three years into the new government, the growth rate of Local Authorities (LA) housing was
less than a quarter of a percent, one-tenth the size of its rate in 1972. While there was some
increase in private housing construction, the effect was too small to compensate for the loss
of LA housing.

To understand the quantitative effects of this loss, we conduct a counterfactual experiment
where we apply a positive construction technology shock to increase the level of productivity
in the housing construction sector to compensate for the lost LA housing construction. Panel
B plots the actual data and the counterfactual line, which maintains the annual growth rate
of about 1.5% per annum, consistent with the average construction growth rate over the
1970s.

15For a different take on labour market reforms, related to the benefit system, see Zanetti (2016).
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Figure 2.4: Collapse of Local Authorities Housing Construction

A greater supply of empty houses reduces housing market tightness. With spillover to the
labour market, the labour market matching efficiency and the separation rate increase. A
higher separation rate leads to more searching workers and, generally, a higher unemployment
rate, despite an increase in the job finding rate. However, Panel C shows that the quantitative
effect on unemployment is very small. A more direct effect on the housing market is, however,
substantial: with a greater supply of houses, house prices go down, while real earnings are
virtually unchanged. As a result, housing affordability improves (Panel D).

In summary, the counterfactuals suggest that if the construction of houses remained at
about 0.4% per quarter for a period of 5 years, the price-to-earnings ratio would decrease by
more than 10%, while the effect on unemployment would negligible.

Note that in this experiment, we treat social housing tenants as homeowners rather than
permanent renters. This is because permanent renters in this model do not have any frictions
in moving a house. Homeowners have frictions, and so do social tenants, perhaps at much
greater extent. As we do not distinguish between private and social housing, we are likely to
overstate the implied counterfactual effect on the labour market if the attachment to social
housing imposes some restrictions on workers’ mobility ( Hughes and McCormick (1987)).
This experiment quantifies the effect of a reduction in housing construction as a whole.

2.4.2 Right to Buy

The Right to Buy programme started in 1980, and the number of sales of Local Authorities
houses peaked in 1982, with sales amounting to about 200 thousands dwellings. Panel A in
Figure 2.5 shows that from 1979 to 1982, housing construction was shrinking, and the house
price-to-earnings ratio was falling.

To understand the quantitative implications of this privatisation programme, we use a
positive shock to the number of permanent renters, assuming the proportion of permanent
renters in the economy does not fall as sharply, and the number of homeowners rises about
50% slower than what actually occurred (Panel B of Figure 2.5). The counterfactual increase
in the homeownership rate is consistent with the increase observed from 1971 to 1979.

With a higher proportion of permanent renters, the number of homeowners would be
lower, with lower activity in the housing market, and lower housing market tightness. The
direct effect of a lower real house price is an improvement in housing affordability: the house
price to real earnings ratio would fall. With a lower house price, housing construction would
fall further, reducing the house price. However, the quantitative significance of this shock is
not very large: house price falls about 3%, while the change in unemployment is very small.
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Figure 2.5: Right to Buy

2.4.3 Trade Unions

Panel B in Figure 2.1 shows that at the end of the 1970s, unemployment was relatively low,
but went up steeply in the severe recession of 1980-81. By that time, trade union membership
was at its peak and the number of labour disputes and consequent days lost was high, notably
in 1978-79 during the ‘Winter of Discontent’, as workers striked to keep wage growth in line
with high inflation (see Panel A in Figure 2.6).
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Figure 2.6: Trade Unions

Motivated by a desire to curb what was perceived as excessive union power, which had led
to widespread strikes and economic disruptions during the 1970s, the Thatcher administration
introduced a series of legislative and policy changes to reduce the power of trade unions.
These included the Employment Acts of 1980, 1982, and 1988, the Trade Union Act of 1984,
and the Public Order Act of 1986. While confrontations with trade unions were recurrent
throughout the 1980s—with the Miners’ Strike of 1984-85 a notable example—our estimations
show that bargaining power declined post-1980 and remained relatively low for the rest of
the administration’s period in office. Specifically, Panel B plots the smoothed latent data on
bargaining power that we recovered through Bayesian filtering.
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To quantify the effect of these reforms, we assume that these policy changes are captured
by a shock to workers’ bargaining power, €.;, which is estimated to be negative during the
period of interest. Therefore, in the following counterfactual experiment we set this shock to
zero. This generates a higher level of bargaining power, consistent with its level at the end
of the 1980, and maintains a slight upward trend as if it were following the pre-1980 pattern,
see Panel B. A higher bargaining power would lead to higher wages and earnings of those
employed in general industry, and to a higher unemployment rate — amounting to about 3
percentage points by the end of the five-year period, as shown in Panel C, and to a further
reduction in labour market tightness. A spillover to the housing market would generate lower
activity, with lower filling and finding rates, fewer matches and fewer separations. With
a substantial reduction in matches and only a small reduction in the separation rate, the
number of buyers would be higher, and housing market tightness would not be so subdued.
House prices would fall by less, and housing affordability, as measured by the ratio of house
price to earnings, would worsen, see Panel D.

2.4.4 Monetary Policy

Monetary policy gradually shifted from dovish in the pre-1980 period to hawkish in the post-
ERM period, as illustrated in Figure 2.2. This prompts the question of what the economic
impact would have been if monetary policy had adopted a more hawkish stance from the start
of the 1980s, similar to the shift observed in the US. Many researchers identify a decisive shift
in the US monetary policy framework around 1980 or shortly thereafter.'®

Figure 2.7 plots the results of a counterfactual experiment in which we assume that
monetary policy becomes 100% hawkish starting in 1981Q1 and remains so for the following
five years. This figure indicates that inflation would decrease by 2-4 percentage points and,
as a consequence, the interest rate would be reduced by about 2 percentage points. A lower
interest rate would lead to higher house prices, but the quantitative effect is approximately
2%, which is not very significant.
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Figure 2.7: Effect of a switch to Hawkish policy

While monetary policy plays an important role in identifying shocks, it has only limited
power in explaining the dynamics of house prices in this model. First, the demand effect of
lower interest rates is mitigated by the assumption of risk sharing, which is a common feature
of representative agent models estimated using time series. Second, the absence of financial
frictions and borrowing constraints mitigates the effect of interest rates on first-time buyers.
While we compensate for the absence of these features by assuming that housing market

163ee for example, Goodfriend and King (2005).
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activity can be affected by the real interest rate directly, this is not satisfactory. As discussed
in Section 2.3.5, borrowing constraints are likely to remain unexplained as part of the housing
matching efficiency shock and are not captured by monetary-policy-related factors.

2.5 Concluding Remarks

In a sequence of counterfactual experiments, we study the quantitative implications of three
macroeconomic reforms in the 1980s. The model suggests that, during the Thatcher era,
the spillovers between the housing and labour markets were significant. Thus, our results
indicate that the decision not to continue building council houses impacted negatively on
housing affordability but affected conditions in the labour market much less. The Right
to Buy privatization programme similarly affected negatively housing affordability, but also
resulted in a higher unemployment rate. On the other hand, labour market reforms, that
resulted in lower bargaining power of trade unions, generated a significant reduction in the
unemployment rate. The overall effect on the economy is plotted in Figure 2.8 and can
be summarised as follows: lower unemployment by about one percentage point at the peak
of unemployment in 1984, and a sustained reduction in housing affordability — about 10%
throughout 1982-85, as measured by house price to earnings ratio.

) A l‘Jn‘empI‘oy‘m‘ent ratg, % o B: House price to earnings ratio, index

- 0.1
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——data ——counterfactuals

Figure 2.8: Combined effect of three reforms: housing, trade-unions, and privatisation

The model is simple and lacks important features both of the housing and labour markets.
It also lacks important financial frictions in mortgage lending. For example, homes provide
housing services in the current set-up but they do not serve as collateral for loans. And
so, inevitably, this paper is a first pass at the issues it seeks to address. Nevertheless, the
interaction of these markets looks to be qualitatively significant and worth pursing in richer
environments.
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Chapter 3

A More Mobile Labour Market

This chapter studies the role of labour market flexibility in the macroeconomy. Guided by
a vast literature establishing that the United States has comparably higher rates of labour
mobility than the United Kingdom, I use the US as an alternative against which to evaluate
the UK economy. I estimate the model’s structural parameters based on eleven timeseries
for the two countries, showing that the higher level of labour mobility gives rise to a greater
sensitivity in labour markets to changes in housing market dynamics. Based on these findings,
I conduct a counterfactual experiment aimed at assessing the implications of a more flexible
labour market in the stabilisation of output and employment in the United Kingdom during
the early 1980’s.

3.1 Introduction:

Tight labour markets pull workers in, loose labour markets push workers away. However,
the ability and willingness of workers to move geographically differs significantly between
economies. This chapter investigates how labour mobility influences the housing-labour mar-
ket relationship. To answer this question, I estimate the spillover parameters in two economies
shown to have meaningful differences in labour mobility, using their results to conduct a coun-
terfactual simulation, asking the question: What if Margaret Thatcher’s interventions had
resulted in greater labour mobility? The results of this counter-factual is then used to quantify
the implications of greater labour market mobility on the UK economy.

The results of the investigation shows that the United States labour market is more
sensitive to changes in the housing market than that observed in the United Kingdom. With
the spillover elasticity fundamentally capturing how changes to housing supply and demand
affect the supply and demand for labour, I argue that this higher estimated sensitivity can
be partially attributed to the US greater level of labour mobility. That is, tight housing
markets have a stronger retarding effect on labour market relocation, than that observed in
the United Kingdom, where workers have been more geographically rigid.

The finding adds to the empirical evidence of labour in the United States displaying com-
parably high levels of spatial mobility. Born out of Mundell (1961) discussion surrounding
labour’s role in absorbing region specific shocks, there is a rich literature establishing that
labour mobility in the US exceeds that observed in Europe, and the link between mobil-
ity, convergence, and the efficient allocation of labour market resources (See for example,
Blanchard and Katz (1992), Decressin and Fatas (1995), Beyer and Smets (2015)).

The role of labour mobility in ensuring an efficient allocation of labour has also been
emphasized in UK specific studies (See for example, Langella and Manning (2022), or
Postel-Vinay and Sepahsalari (2023)), who similarly show that mobility is linked to produc-
tivity, output and household income. Judge (2019) and Cominetti et al. (2022) examine
the negative consequences arising from UK labour market rigidity, and discuss possible policy
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interventions. Building on this observation, I contribute to this debate through a counterfac-
tual experiment aimed at understanding the consequences of the UK’s higher level of labour
market rigidity. Leveraging the insights gained from the parameter estimation, I impose a
more flexible labour market on the UK, and examine the effects during the housing and
labour market interventions of the early 1980’s, as discussed in further detail in Chapter 2.

The structure of this chapter is as follows. Section 3.2 describes the structural model
introduced in Chapter 1. Section 3.3 report the empirical and calibrated parameters for
the UK and US economies. Based on these empirical parameters, steady state variables are
computed and analysed. Section 3.4 describes the investigation strategy, compares the eleven
time-series used for the estimation, before reporting, analysing and comparing the parameter
estimates. The counter factual expriment is reported in section 3.5, 3.6 concludes.

3.2 Model

3.2.1 Setting and Population

Time is discrete and the economy is populated by a measure J; individual agents. The
aggregate measure of population grows at the the constant and exogenous net rate u:

Qi1 = (1+ p)Qy

All households are infinitely lived, discount time at a rate Sy, own firms, and consume
consumables. Households own two types of labour. They supply labour to the the construc-
tion sector frictionlessly, and face search frictions when operating in general industry which
produces output goods. All agents also require housing which they either rent or own. While
the rental market clears in a Walrasian fashion in every period, households face search fric-
tions when buying houses in the housing market. F; agents are permanent renters who do
not want to own housing and are inactive in the transaction housing market. B; individuals
are searching buyers who either have never owned a house, or who have already sold their
previous house. Such buyers who are active in the search market and attempt to match with
a house for sale and who rent in the Walrasian market until they match successfully. Finally,
an aggregate measure N; individuals are homeowners who may suffer a mismatch shock, in
which case they list their home for sale and become searching buyers.

3.2.2 Households

The population is distributed amongst a constant number of households H. As the aggregate
population grows between periods, these pu@Q); new entrants are assigned to existing house-
holds s.t. each household grows by “TQt members per period. There is no mobility between
the households once assigned. To avoid creating a high level of heterogeneity and to aid
aggregation, we follow Merz (1995) in assuming that each household is made up of an ex-
tended family, where some proportion of the household is employed and earn a wage income,
and some proportion is unemployed receiving an unemployment benefit. Similarly, some pro-
portion of household members rent and and some own houses. Within the household, there

exists perfect consumption risk sharing.

3.2.2.1 The individual Household

The individual household derive utility from consuming the habbit adjusted composite good
(X¢), enjoying leisure hours (1 — hc;), and per period consumption of housing services (zy).
They derive disutility from providing labour to general industry (L. ;) and to the construction
sector (Lp+). Their utility function takes the form:
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(1.2)
Where: All variables with subscript ”i” represent choice variables belonging to the indi-

vidual household.

It is assumed that households habit adjusted bundle depend on external habits. That
is, the consumption bundle is made up of the individual households choice of per period
consumption (¢;+), and the per-household measure of all households consumption in the
previous period (C;—1). That is:

Czt

Xit=—— < 1.
I (5)
Where: Ay captures the trend level of aggregate productivity, and satisfies:

A1 = (1 4+ @) Ay (1.4)

X7

In (1.2), the first term — oy 72— % 9t _ represents the utility derived from consumption. Each
individual member of the household consumes the composite good X;; as described by (1.3).
Since the consumption adjusted bundle X;; represents the utility of an individual household
member, we multiply the bundle by % to develop a representation of the consumption of the
household.
I C .
The second term — X7 —5=,—— — represents the dis-utility of working in the gen-
eral industry. x. is a srnoothlng parameter. L.; is the aggregate number of people employed

in the general industry of the economy,
bers of the household. h;.; represent the number of labour hours provided by the individual
worker, and v represent elasticity of substitution with respect to leisure hours.

The third term — Xth,t% — represent the dis-utility associated with providing labour
hours to the construction sector. Since construction sector labour only depends on the in-
tensive margin, there is no need to normalise Lj; by the number of households The final
term — %ZH is the utility value of home-ownership derived by the &t 7+ proportion of the

household who are homeowners.

When firms and unemployed workers in the general industry match, they sign contracts
where the real wage rate w.; is obtained through a Nash surplus bargaining process. These
employed individuals thus receive a labour income h;.;w.;. Unemployed persons receive
an unemployment benefit b.; as a transfer from the government, which is financed through

lump-sum taxes'.

Households face a disaggregated budget constraint that states that all household members
(%) face costs associated with their expenditure on per-period consumption spending (Cj ),
lump sum taxes (T;;), any €;; housing costs, and, any savings in private bonds which can
be brought forwards to the next period (A;;4+1). Household incomes are made up of unem-
ployment benefits (b.¢) derived by the U.; = Q¢ — L.+ unemployed households, the returns
on bonds brought forward from the previous period (RtA; ), any profits made from owning
firms (®;;), and labour incomes in the two sectors: wch; ., derived by the L.; employed
agents in the general industry, and wy, ¢ incomes from the construction sector.

ISee: 1.71
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Households housing costs are divided into the maintenance/taxation (

RiA;

my

(1.5)

) costs paid by all

matched homeowners, rental costs (rf) paid by renters, and transaction costs in the housing
market for sales and purchases. These transactions are summarized by the final two terms of
expression (1.6) below. Because all agents who are active in the housing market transition
between either being a matched homeowner, (/V;) or a searching buyer (B;), any per-period
adjustments in the stock of homeowners must reflect either a successful match, or a separation
and sale. L.e: If a member of household ”i” has successfully matched with a house previously
owned by household ”j”, there has been a one unit increase in the level of home-ownership
in household ”i”, and a one unit decrease in household ”j”. The transaction is then carried
out at the equilibrium house price P, which is dlscussed in further detail in section 3.2.4.6.
Due to the presence of perfect risk sharing within the household the, these housing costs can

be collected together in the variable (€2;):

Q

H

Where: Subscript i’ denote variables belonging to household
longs to ”other” households.

3.2.2.2 Individual Households Problem

iy = Fiyr} + Nygmy + PP'(Nig — Nig—1) — PI'(Njy

— Nji-1)

(1.6)

’4’, while subscript ’j" be-

The households problem is to maximise their utility function (1.2), subject to their habitual
consumption bundle (1.3) and their budget constraint (1.5). They have choice variables of
consumption, labour supply to the construction sector, and bond savings — {Cj ¢, L p ¢, Ai 41}
— and take: { r!', mP, wey, het, bet, Wiy, Qry Nty Fy, Ley, and H } as given. Thus, the

households maximisation problem can be described:

] 1-v
t Qt Lc,t (1 - h;,c,t) -1
{Xi,tvci,rfal%i},(h,taAi,t} Eo Z b + Xeit H 1—v
Cit Ci_
St: X, = -0
MTA, At 1
And : Qt it+ QtAthrl + %T’zt—F %Qlt =
Ley Uect
Ci;q)lt+ chthctJF Hbc,t‘f’%

Yielding the following F.O.C?:

QtXi}U = MAs

—o Wht
Xh:QtXi’t A,
_ 1 Qi1
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it A BE: |ot+1 ”HAH QT

2See appendix: A:2 for derivations
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3.2.2.3 Aggregate Household

Consider the optimal choice of the individual household. Since all households are homo-
geneous, they all make the same optimal choices {X;+, Ci¢, L pt, Ai 41152, thus we can
express the aggregate budget constraint by multiplying by the number of households (H):

CitQt + Qe Aipp1 + Qs + Qi y = Qi Pyt + LeywetheiUectbet + Qiwn i Lipy + Qe RiAi

And defining the aggregate measure as the realisation of individual variables multiplied
by population:

Cr+ A1 + Ty + Q4 = O + Legwe the tUe tbet + wh Ly + Re Ay (1.5)
Where: The level of housing investment undertaken by households can be expressed as:

Nty
Q = Nym]' + BE; | (Het1 — Ht)(%lvtﬂ) (1.11)

And: SE{(Hi41— Ht)(’\f\tl Vi+1)} represent the discounted value of transacting for newly
constructed houses.

Where: the aggregation of the individual households first order conditions yield?:

Ahe = 01(5)77 (1.12)

Xn=0t(~)  ——
Q) A
And where the aggregate consumption bundle is defined as:

Xe G 0 Ci1
Qr Qi A 1Q—1

(1.15)

3.2.3 Labour Market
3.2.3.1 General Industry

Suppose there exists a continuum of final good producers who operate in perfect competi-
tion and frictionlessly package intermediary goods into final goods production — Y;. There
also exists j € J normalised by measure 1 intermediary firms in the general industry. Such
intermediary firms firms produce an intermediary good — y;(j) — by hiring workers through
a costly process of search and matching based on Diamond, Mortensen and Pissarides work-
house model summarised in Pissarides (2000). Once matched, a firm-worker pair negotiate
wages and hours through a Nash bargaining process, and a match is destroyed by a stochastic
process. Final goods firms sell their output to households, and intermediary producers sell
their goods in a monopolistically competitive market.

3.2.3.2 Matching Technology

Suppose that the probability that a worker matches with a vacant job is as typically in the
literature dependant on the aggregate number of unemployed workers and vacancies in the
economy. Let the total number of matches in the economy be captured by the matching
function M. (Ve Uey), which depend on the level of matching efficiency (kc.), and on U
and V. ; — the total number of unemployed workers and vacancies respectively. That is:

6c,t 1_5c,t
Met(Ueit, Ver) = ketUey Vey

3See appendix: A:2 for derivations
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Where: V. = fol Vi(7)ds aggregation over all firms, indexed by .

Let the labor market tightness be denoted as:

Vet
= 1.17
wc,t Uc,t ( )

We can then express the job filling rate (matching probability for the firm) as ~.:%,
ensuring that a tighter labour market reduces the matching probability of firms:
Mc,t(Uc,ta Vc,t) —dc.t

= K¢ tWet ’ (118)

/)/C,t = )
Vet

And the job finding rate of the unemployed (matching probability for unemployed) as
Act”, ensuring that a tighter labour market raises the matching probability of workers:

Mct(Uet, Ver 1-6.
Ac,t = Q(UvCC) = 'Yc,twc,t = /ic,twc,t ! (119>
c,t

3.2.3.3 Transition Probabilities and Laws of Motion in the Labour Market

At the beginning of period ”t”, there are L.;—1(j) employed persons in firm-worker matches
carried over from period "¢t — 1”7 within firm ”5”. During period ”¢”, these existing matches
suffers separations by probability: 9., € (0,1), such that (1 —9J¢)Lc¢—1(j) matches survive.
The firm also advertise vacancies, of which which 7. ;V.+(j) are filled within period ”¢”. The
number of employed persons at the end of period ”¢” is thus:

Lc7t(j) = (1 - 1907t)LC,t—1(j) + ’Yc,tvc,t(j) (1-20)

It is assumed that the job filling rate is the same for all firms. Aggregating the above
equation, we can express the total number of employed households L.; = fol Lcy(j),dj, and

the total number of vacancies V. ; = fol Vet(7), dj in the economy. That is:
Ley =1 —=9ct)Let—1 4 YeuVer (1.21)
Which has stationary representation®:

Lct Lc t—1 Qt—l ‘/ct
) — 1 _ ,ﬁc ) + . )
o ~ g g T,

At the beginning of period ”t”, the total number of unemployed households is defined
as being equal to the labour force less those who are not employed at the end of period
"t —17. During period "t”, ¥;L.;—1 persons become unemployed. They are then added to
the stock of unemployed, and immediately start searching for a new job. That is: U.; =
Qt— Lct—1 +Y¢Lc4—1. Hence, we can define the aggregate number of unemployed persons in
the economy at the end of period ”¢”:

(3.4)

Uet = Qt — (1 —Vet)Lei—1 (1.22)
Which has stationary representation’:

Uc,t
Qt

Lc,t—l Qtfl
Qi-1 Q¢

=1 (1 dey) (3.5)

1See appendix: A:2
5See appendix: A:2
5See appendix: A:2
"See appendix: A:2
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The timing described above can be summarised by Figure 3.1, below:
| Existing matches suffer separations, and i
created vacancies are filled and matches occur. i End of period: "

|
Beginning of period: "t 1
|

Realisation of L.; 1 Realisation 'of Lei, Uey

Figure 3.1: Timing of events in the labour market.

3.2.3.4 Final Good Producers

Following Dixit and Stiglitz (1977), there exists a continuum of perfectly competitive final
goods producing firms which purchase intermediary inputs and aggregates them according
to the production technology described by (1.23), which they then sell to households.

Y, = [ /0 () dy} - (1.23)

Where: Yy and y;(j) denotes the aggregate and individual output respectively. € > 1 is
the stochastic elasticity of substitution between intermediary input goods.

Such final good producing firms face a maximisation problem where they decide how
many final goods to produce, and how many intermediary goods to purchase — {Y;, y:(j)} —
taking prices {P;,p+(j)} as given in order to maximise profits:

1
=Y~ [ pi)u() 4 (1.24)
0
Where: P, and p;(j) denotes the aggregate and individual price level respectively.

Yielding the aggregate demand curve for intermediary goods®:

ye(J) = <pt(j)>EY;f (1.25)

Where: € > 1 is the elasticity of substitution between goods.

And path for the aggregate price level”:
1 =
p=| [ iyl (1.26)
0

3.2.3.5 Intermediary Good Producers

9 49

In the intermediary goods producing industry, firm ”j” operates the following technology:

ye(J) = ZtAth,t(j)hc,t(j) (1.27)

Where: Y;(j) is firm ”j” output, z; is a stationary productivity shock, A; is an aggregate
productivity shock, L.:(j) is the number of workers hired by firm ”j”, and hc(j) is the
number of hours provided by labour to firm ”;”.

These firms face a cost of « when posting vacancies, and must compensate labour at a wage
rate w.; determined through Nash surplus bargaining. The individual firms profit function
is thus:

#103) = 200,3) = wedhes () Leali) = Vo) (1.28)

8See appendix: A:2 for derivations
9See appendix: A:2 for derivations

67



Intermediary good producers set prices according to Calvo (1983), and keep prices in
each period with probability ¢ € [0, 1] such that (1 —¢) firms set prices optimally each period.

Hence, intermediary firms solve a profit maximisation problem described by (1.28) where
they must choose the price of their goods, level of labour to hire, the number of vacancies
to post — {pt(4), Let(4), Ver(j)} — subject to the law of motion for employment (1.20), their
production function (1.27), and their demand curve (1.25). They take {P;, wey, Y3}, as
given. That is:

S8 P () — e ahea () Eea(5) = Vo)
t=0

S.t: Lc,t(j) - (1 - 79c,t)Lc,t—1(j) + Vc,t‘/c,t(j)
And : Y (j) = 2z AeLet(5)het(5)

And : Yi(j) = (Z)](Df)yan

max d,(17) :E
e 28y ) o

The first order conditions of the firms optimisation yields':

L

= 1.29
Mt Yer ( )
At+1
N = hc,t(§tZtAt - wc,t) + (,3§>Et Tmﬂ (1 - T9c,t) (130)
t

L At41 L

= het (&2t At — weyt) + (B)E: | (1 — Deye) (1.31)
Vert At Vet+1
_ 1 e K\
+1) == 1—1—§< ) 1.32
(m+1) §< -9 (s (1.32)
Where: v )
Kl,t = wc,tit + §ﬁEt A= (1 + 7Tt+1)6+1K1,t+1 (1'33)
ZtAt /\t
A

Kag = Vi 608 | 214 min) Kagia| (134

Where (1.29) is the job-posting condition, and states that firm ”;” will post vacancies
so long as the value of filling a position is greater or equal to the cost of posting a vacancy:
MtYer > . (1.30) is the job-creation condition and states that firm ”j” will create jobs so
long the value of an unfilled vacancy is equal to the current period profit generated from
filling a vacancy, and the discounted expected future value of the vacancy in the next period.
(1.31) is a combination of (1.29) and (1.30), and relates the job-posting to job-creation in
equilibrium. & is the Lagrange multiplier associated with the demand curve (1.25), while »;
is the Lagrange multiplier attached to the law of motion for employment (1.20). (1.32) is the
Phillips curve and describes the path of path of inflation.

The aggregation of (1.27) and (1.28) for all j € J yields:

A
Y, = %Lc,thc,t (1.35)
¢
O =Y —weihetler — Ve (1.36)

* —&
Where, Ay = (1 —5) (%) +¢mj - Ay_q is the price dispersion in the economy. Because
the system is log-linearised around its deterministic steady state where: m = 1, A; = 1, the

price dispersion doesn’t introduce additional first-order dynamics outside of those described
in 1.35.

10See appendix: A:2 for derivations
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3.2.3.6 Value Functions in the General Industry

3.2.3.6.1 Workers Value Functions Let V,” and V;V represent the value of employ-
ment/unemployment respectively to a worker. If workers are employed in the general industry
they receive labour income, and enjoy (1 — hc) leisure hours which provide utility at a rate:

C,t%. We can then express the value to the household of employment as:
Xe,t (l_hct)liy_l
VE=h ’ ’ 1.37
t ctWet + A ( (1 — l/) ( )
A
FBE | S8 [(1 = i1 (1= Aeps1))Vily + Veppa (1 — )‘C7t+1)v;§l—{-1]:|
t

Where, the terms inside the expectation is a composite describing the expected pay-off
of being either employed or unemployed in the next period. With probability (1 —¥.+41) an
employed person does not suffer a separation and remains employed in the next period. Of
those ¥ +1 that become unemployed, they find a new job within the same period according
to the job finding probability: Ac;41. Alternatively, ¥¢;41(1 — Act41) become unemployed
and are unable to find a new job in the next period.

Next, consider the value of unemployment. These workers earn no labour income, but
receive the unemployment benefit: b.;. These unemployed households remain unemployed
in the next period with a probability: 1 — A.;11, and become employed by the job finding
probability: Ac;4+1. Thus, the value to the household of unemployment is:

A
ViV = bey + BBy [f\H (1= Aeer) Vi + )\c,tHVtEl}] (1.38)
t

We can then express the worker’s surplus from becoming employed (VW = V;F — V}V):

et [((1—he)t™V —1 A
= VW = he ey — bey + 22t ( 4 B [P (1 — 1) (1 — A1)Vl
At (1 — V) )\t
(1.39)

3.2.3.6.2 Firms Value Functions Let V;” and V" represent the value of a match /vacancy
to the firm. In each period, firms derive revenues from producing output, and has labour
costs hegwey per worker: VE = het (264 Ay — wey). In period 7t + 17, the match between the
firm and the worker survive to the next period by probability: (1 — 9. +1), and workers and
firms are separated from the match by probability: ¥.:4+1. The present value of a filled job
to a firm is thus a combination of this net-revenue and the future expected stream of revenue
from the match. That is:
Att1

VE = hey(260 Ay — wey) + BE, Tt[(l — Dep1) Vi +0ei VA

If a separation occurs, the probability of filling the vacancy is 7., and cause the firm to
incur a cost ¢ of posting the vacancy. By (1.29), firms post vacancies so long as the value
of employing a worker to the firm equals the cost of recruitment: %,tVtF = (. Recognising
that the value of a filled vacancy is equal to the R.H.S. of (1.30) with equilibrium described

L

by (1.31), we have: V' =g, = e Free entry of firms implies that the value of unfilled

vacancy will be driven to zero V;" = 0,Vt. In other words, the model assumes that the same
position cannot be readvertised and refilled, and the match between a particular firm and a
particular worker is destroyed with probability 1J. Thus:

A L
Vi = hea(atedr = wey) + BBy | =5 (1 = Yegi) (1.40)
t Ve, t+1
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3.2.3.7 Bargaining Problem and Wage Equation

When firms and workers meet to negotiate wages, they divide the total surplus from the
match according to a Nash bargaining process where we assume that worker’s share of the
joint surplus is given by €.;. Following the efficiency proof established by Hosios (1990), we
set the steady state value of €.+ equal to the matching elasticity in the labour market (d.).
Total surplus of a match is the sum of the value of the match to the firm and worker, that
is: Vg; = chf + VC}; Then, maximizing the Nash product of the match requires solving the
unconstrained maximisation problem:

max : (VV) e (V)7 — o (VY + Vi - V)

VE VY
F.O.C: 5L
iy = 0= (Ve Y
t
oL . .
7 = 0= (1= ) ()= (V) — gy
t

Which implies'!:

A 1 —e€ct)ee
heiwer = €t | he ez Ar + BE t;l(l —Oepr1) (1= (1= A¢ t+1)( Cet)Ccttl ’
T ’ ’ At ’ (L = €cpr1)ect ) Veprt
Xc,t (1 - hc,t)l_y - 1:|

et At 1—v

+ (1 —€ct) [b (1.41)

Where (1.41) determines the wage as a weighted average between the marginal revenue
product of the worker plus the cost of replacing the worker, and the outside option of the
worker.

3.2.3.8 Hours Worked

Finally to close the labour market, firms and workers determine how many hours to sup-
ply/hire based on an optimisation problem aimed at maximising the joint surplus of the
match:

HlaX(‘/tT) — ?}fllaﬁ (‘/tW + V;Fzrm)

{hec,t}
Xe,t (1 - hct)liy -1
= heWe,s — b : :
then) [ et = bet + 75 ( (1—v)
A
#OEL 2L 1= erin) (1 Aear) V]

A L
Fhei (2660 Ar — wey) + PE [;\H(l —Vett1) ”
t Ve, t+1

First order conditions:

Xc,t
At

0=wes — (1= hey) ™ + 28§ A — wey

From where we can express optimal labour hours:

Xe,t
At

z&eAr = (1 = hey) ™ (1.42)

1See appendix: A:2 for derivations
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3.2.4 Housing Sector

In the housing sector there is a stock of houses (H;) which grows endogenously through hous-
ing construction described in section: 3.2.4.4. Households require housing in every period,
which they either rent or own. To buy a house, searching buyers engage in a costly process
of search and matching similar to the friction described in section 3.2.3. Rental contracts are
either short- of long-term in nature. Permanent renters have no interest in owning housing
and thus opt for long-term contracts, while searching buyers are only renting temporarily
and thus opt for short-term contracts.

3.2.4.1 Housing Stock

At time ¢ the city has stock of housing in the economy (H;) which is either vacant and listed
for sale (V4,.), or occupied by one of the economies (); agents. Thus, total housing stock can
be defined:

Hy = Qi+ Vi (1.43)

Where: these Vj,; vacant houses are made up of a combination of newly constructed
houses by property developers, and houses which have been listed for sale by mismatched
homeowners.

Where the stationary representation of (1.43) is:

H, Vit

o 't

3.2.4.2 Matching Technology

Matching in the housing market is determined by the matching function Mj ;, which depends
on the matching technology (kp¢), and the number of searching buyers (B;) and houses for
sale (St).

My (B, Sy) = k4B S =on (1.44)

Let market tightness, which acts as our proxy for housing market liquidity be defined as
the number of searching buyers divided by the number of houses for sale. That is:

By

5 (1.45)

(JJh,t =
Let the house filling rate (matching probability for houses for sale) be denoted by ¢

and defined!?: My o(By. S)
Vhit = % = /fh,tw;?ft (1.46)

And, let the house finding rate (matching probability of a searching buyer) be denoted
by Ap: and be defined!3:

My, (B, S, _
Ay = Mpi(Br, St) _ Hh,twif} 1 (1.47)

3.2.4.3 Transition Probabilities and Laws of Motion in the Housing Market

3.2.4.3.1 Home Owners At time t, there are Ny home-owning households. These home-
owners become mismatched with their house at an exogenous probability ¥y, € (0,1). If
mismatched, homeowners become unhappy with their home and no longer receive the utility
value of home-ownership (z7). As a consequence, these households seek to sell their house
which gets added to the stock of houses for sale — Sy, and become searching buyers — B,
— trying to match with a new house. Their law of motion is thus number of homeowners

128ee appendix section: A:2
13See appendix section: A:2
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who did not become mis-matched in the previous period — (1 — ¥p,+)Ni—1, and those A\p By
searching buyers who successfully matched with a house in the current period:

Ny = (1 =) Ni—1 + A By (1.48)

With stationary representation:

Ni—q Qi B
t—1 Qi1 +)\h7t7t
Qi-1 Qs Qi

= (1= ) (3.7)

3.2.4.3.2 Permanent Renters Permanent renters never change type, and have no in-
terest in owning houses. By (1.1), each period the population grows by a rate u. Let i
represent the proportion of the u@; people who act as searching buyers, while 1 — ¢, be the
proportion that acts as perpetual renters. The stock evolution of perpetual renters is then
given by:

Ft = Ft—l + (1 - ¢t_1)[LQt_1 (149)
With stationary representation:
F Fi_ _ _
fe _ i Qi1 (1 ¢t—1)MQt 1 (3.8)
Qe Qi1 Q Qt

3.2.4.3.3 Searching Buyers FEach period, a proportion — 9, ; Ny — homeowners become
mismatched and transition into being searching buyers. Next, recall that by (??), the popu-
lation is equal to the stock of renters, buyers and homeowners. The stock of searching buyers
is thus given by the difference between per-period population, and per-period renters and
homeowners. That is:

By =Q¢— F — (1 = 9pt)Nea (1.50)
With stationary representation:
B F Ni_1 Qi
715_1_715_(1 19th) t th 1 (39)
Qr Qt Qi—1 Qr

3.2.4.3.4 Houses for Sale The number of houses for sale are those vacant housing units
— Vit — which are currently unoccupied. There are also ”chains”, which are those housing
units which are listed for sale but still occupied while the seller attempts to find match with
a buyer — C}, ;. This is a feature of multiple housing markets, notably prevalent in the UK,
where a sequence of houses listed for sale are dependant both upon the buyers receiving
the money from selling their houses and on the sellers successfully buying the houses that
they intend to move into!®. The shock thus mimics an implicit form of on the ”job” search
similarly to the process described in Pissarides (2000).

The stock of houses for sale is thus:
St = Vit + Chy (1.51)
It is assumed that some proportion — 7 — of houses for sale are in chains, that is:
Cht = 75t (1.52)
Combining (1.45) with (1.51), and (1.52) the housing market tightness must satisfy!®:

Bt (]. — T)Bt
E —_—  — 1.53
Ut =S, T H, —Q, (1.53)

14Gee: Office of Fair Trading (2010)

151.e: In a four-household chain, A buys B’s house, B uses the money from that sale to buy C’s house, and
C uses the money from that sale to buy D’s house

16See appendix section: A:2

72



3.2.4.4 Housing Construction

In the construction sector, there are three key stocks: undeveloped land (KtL), developed
land (H,), and constructed housing (H;). All undeveloped land is owned by the government,
which releases it for development to firms in the construction sector. These firms operate
under perfect competition and undertake both the development of land and the construction
of new housing. To produce housing, firms combine developed land with construction labour
(Lp,¢) using a simple technology. They solve a cost minimisation problem dependant these
two cost factors: ) R

Hyyr — Hy = min (Ht+1 .y ¢tLh,t) (1.54)

Where: ¢; denotes the productivity of construction labour.

Solving the minimisation implies that land is developed until the cost of development
equals the cost of employing labour. That is:

Hiy — H = OeLp g (1.55)

Unable to store developed land and with free entry into the construction sector, firms
construct new houses so long as profitable. They therefore build houses on any developed
parcel of land. That is:

Hiv1n — He = ¢1Lpy (1.56)

With stationary representation:

Hip1 Qe Hy s Ly,
- 5 — @t
Qt+1 Qt t Qt

Undeveloped land (KtL) is released exogenously at the rate sz, intended to capture the

rate at which the government releases land for development. Thus, the exogenous law of
motion for land satisfies:

(3.10)

Kf, =1+ %K} (1.57)

Such undeveloped land can be sold to construction sector firms at a price g . Prior to
making the purchase, the firm can costlessly evaluate the development costs associated with
the parcel. Reflecting that different parcels of land require different levels of development
with different levels of associated costs, these costs are assumed to be heterogenous and draw
from the distribution

c~ A(e), cé€leq

With free entry, profits are driven to zero until all units of land with development costs
¢ < gt are used for construction, ensuring that land development is increasing in g ;. With
the level of undeveloped land being the difference between total available land and developed
land -~ K — H;, the quantity of land converted satisfies:

Hyp—Hy = A (%Z;) (K} — Hy) (1.58)

With stationary representation:

Hiy1 Qi1 Hy - qht KitL _ &
A<At> (Qt Qt) (8:11)

Qi1 Qy Qr

w
Where, A (QAL’:) is the reduced form land conversion function defined: A <qz—’;> , with
O0<w<1.

Consider the profit earned by firms operating in the construction sector. To construct a
new house, house builders face aggregate labour costs — Ly, ;wy, ¢ — and buy a unit of developed
land for gp;. They earn revenues by selling newly constructed houses. Once a new house
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is built, it is listed for sale at the option price — f/}+1. Their profit function is thus: the
difference between the revenues earned from house selling and the cost of land acquisition for
the Ht 1 — H}T units of houses constructed, and the aggregate costs of hiring labour:

Att
eonstt = (Hey1 — Hy) [/BEt [(;\thtH)] — Qh,t:l —wpLpy =0 (1.59)

Where: Vtﬂ is the value function associated with a vacant house not yet listed either for
sale or for rent, and can be thought of as the option price of a vacant house. Requiring the
profit function to equal zero follows from both developers and house builders operating in
perfect competition.

With stationary representation:

Wht Atr1 Ay Vt+1] Qht
t _ gR, | A4 _ 2.6
od, 7 t[ MAL Ar] A (2:6)

3.2.4.5 Value Functions in the Housing Market

3.2.4.5.1 Perpetual renters Renters are never interested in buying a house, and thus
never transition. Their value function thus only depends on cost of their long-term rental
contracts and their continuation value:

A
— BE; [ ;“ Vtﬂ} — (1.61)
With stationary representation:
v _ GE, Ar1A Vi oy (3.12)
At )\tAt At + 1 At

3.2.4.5.2 Homeowners FEach period, homeowners homeowners pay maintenance/housing
tax costs — m/, and receive the utility value of homeownership — 27 — normalised by the La-
grange multiplier associated with households maximisation — A;. If they suffer a separation

shock, they list their house for sale and receive its expected value — t“ Vt+1 If a searching

>\t+1

buyer matches with a house for sale, they pay the house price — Pt L
N ho, 20 A1
Vit =—my + -+ BBy | — (1= One (1= A1)V
t t (1.62)

Fnt (Vier — Mgs1 Py) + O (1 — )\h,tJrl)V;tEl:H

Where: The first term captures that each period, homeowners pay maintenance/housing tax

h . . 01e ~H . . .
costs — my'. They receive the normalised utility value Ve The third term is a composite
capturing their continuation values. The first part of the composite term captures that with
probability 9}, ; homeowners suffer a separation, of which Ay ;1 match with a new house in
the next period. Thus the stock of households who start at homeowners in period ”t” and
remain as homeowners at the end of period "t + 17 is: (1 — ¥4(1 — Ap ), these households
then receive the next next period value of homeownership — V#}:l The second part captures
that of those who suffer the mismatch shock in period ”t”, all receive the value of a vacant
house, and that Aj;y; of them purchase a new house in the period immediately following.
The third term captures that with probability: ¥, +(1 — Aj ), mismatched households do not
match with a new house, and thus transition into searching buyers.

The stationary representation of (1.62) is:

VN mh 2 At+1 4141 Vit
Yoo T Z g, [ AHAHL N g (11— A
. N (3.13)
Vit Pl Vit
+1 A + Ppe(l— A
hit (At-‘,-l hitl g ht( h,t+1)At+1
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3.2.4.5.3 Searching Buyers In period ”t”, searching buyers rent through short-term
contracts, while searching for a house and pay housing rent — r/*. With probability: Ahi+1
they match with a house for sale in the next period, and pay the transaction price — )‘Ql PZ}H.

Their value function is thus:

VP = —ri™ + R, [A:l [(1 = M) Vs + A (Vi — Pﬂ‘rl)}] (1.63)

Where the first term is their rental costs, and the second term is their composite continua-
tion value. The first part of the continuation value captures that with probability: (1—MXp44+1)
they fail to match with a house for sale and continue to search in future periods. The second
part captures that with probability: A, ;i they successfully match with a house, taking on
the value function of a homeowners — V} | and pay the transaction price — P/ ;.

The stationary representation of (1.63) is:

VB VN Ph
1.1 ESRY t+1 i
( he+1) A M AL Al

A1 A1
>\tAt

v i
A A

+ BE;

] (3.14)

3.2.4.5.4 Value of a vacant house At the beginning of each period, an unoccupied
house, can either be put on the short-term rental market, or listed for sale. Such vacant
houses move costlessly between sale and rental markets. Homeowners wish to maximise
profits, so they solve the maximisation problem:

At ¢

Vi = max(ry” —mi + BE{==Virn} Vi (1.64)

Where: V; is the value of a vacant house. The first argument describes the value of a house
listed on the rental market. V; is the value of house designated for sale. As houses move
frictionlessly between the two markets, it follows that:

~ A N

Note that: this is an equilibrium condition - homeowners sell house until they are indifferent
between the sale price and rental return, and where rental prices (r7*) adjusts to maintain
the equality above.

Where (1.65) has stationary representation:

W 7“?* mh

s

(3.15)

Vi _ Ar1Ai1 Vip
Ay A A

MAr A
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A vacant house on the for sale market matches with a searching buyer in the next period
with probability: 7,41, and transacts at equilibrium hf)using price — Pt’fH. If no match
occurs, the house is valued at the future options value — V;41. Thus, the value of a house to
a seller, V4, satisfies:

A R
Vi = BE; [:1 [’}’h,t+1pﬁr1 + (1 - ’Yh,t+1)Vt+1H (1.66)

Where: The house transacting price (P/*) is determined through Nash bargaining!.
Where the stationary representation of (1.66) is:

Ph Vi1
L (1- 7h,t+1)At+
t+1 t+1

A1 Ai41

3.16
A, (3.16)

“t _ B8R

hot+17

3.2.4.6 Bargaining Problem, House Price Equation and Rents

3.2.4.6.1 House Prices When a searching buyer meets with a vacant house for sale they
determine the transaction price by engaging in Nash bargaining over the total surplus of a
match, similarly to how wages are determined in the general industry'®.

Let V;B"y be the value of successfully buying a house. This value is given by the value of
becoming a homeowner — V;¥ — less the cost of purchasing the house — P/ — and the value of
continuing as a searching buyer — V7.

VP =N - Pl - VP (2.7)

Let V;°¢" be value of a match to the seller, and be the difference between the value of
being a homeowner, and becoming a searching buyer after a sale. That is:

VPl = (P +v) - vN (1.68)
Let VT, = VSl + ;7.

Maximising the Nash product gives rise to the bargaining problem:

! !
maXB . (Vtse”)ehvf (V;Buy)l—eh,t
V;Sellj‘/t uy
Sit.: Vi, = vt 4 v
19

Which yields the familiar sharing rule for house prices

Pl =1 —en) (VN =VP) +eniVi (1.69)
Where: €p,; denote the bargaining power of the buyer.

And (1.69) has stationary representation:

ph N B
: i Vi ) Vi (3.17)

(1 - A 2
L man (T

17See section 3.2.4.6
189ee section: 3.2.3.7
19See appendix section: A:2

76



3.2.4.6.2 Rent Prices Long-term rental contracts are assumed to be related to the short-

term rate according to:
h

= orlt 4+ (1 —v)rt (1.70)
When v = 0 both rates are the market-determined optimising flexible rate. When v is
large, while the small proportion of the market is able to adjust the price when the new
rental contract is written, the substantial proportion of the market participants face a highly
persistent rent that reacts slowly to the market rent hikes and falls. This type of rent
dynamics can work as a rough description of a rent control policy where landlords are not
able to change the in-contract price, which mostly affects long-term (permanent) renters.

3.2.5 Policy
3.2.5.1 Fiscal Policy

There exists a government whose sole purpose is to finance the unemployment benefit b; paid
to all U.; unemployed persons. This government raises money through charging lump-sum
taxes T; on all households, levying property taxes/charging maintenance costs m/} on all N;
units of owned housing, and from proceeds arising from selling (K* — H;) units of land at
the price (gn+). The governments budget constraint is thus:

bc,tUc,t = Tt + Ntm? + tht(KtL — ﬁt)

Using the fact that all are either employed or unemployed, we can substitute: U.; =
Q¢ — L to express the number of unemployed persons. Further, using that the construction
sectors zero profit condition (1.59) implies that all developed units are used for construction,
the governments budget constraint becomes:

= betUct = Ti + Ntm? + Qh,t(Ht+1 — Hy) (1.71)

Where: the level of lump sum taxes (7;) adjust to maintain the equality. The total value
of land sales (gp+(Hi+1 — Hy)) is determined endogenously, while the values of land taxes
(m}") and unemployment benefits (b.;) reflect observed data ratios described in section 3.3.

3.2.5.2 Monetary Policy

The monetary authority sets interest rates by considering deviations of interest rates and
inflation, and the growth rate of output. That is, they follow the Taylor type rule described
below:

1+'Lt :<1+it—l>ai <<1+7rt>a7r< }/t >ay>1_ai6mt (1 72)
I+ 1+ iss 1+ 7 (1—}—#)(1—&—’}/)}@,1 ’

Where: iss and mgs are steady state values

The monetary authority can follow one of two regimes — Hawkish (H) and dovish (D) —
which governs how strongly they respond to inflationary deviations captured through param-
eter o, such that aff > aP. The switches of the economy between these two regimes are
governed by two-regime Markov chain vy € {H, D} with transition matrix

™ _ l—pup  pHD
pPpH 1 —ppH
Where: pij = P(Unre41 = jluae = 1).

The aggregate change in prices in the economy is defined:
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3.2.6 Spillovers

To capture the spill-overs that occur between housing and labour markets the model allows
for for the state of one market to affect the matching and separation probabilities of the other.
While the two effects move in opposite directions, the matching effect dominates throughout
giving rise to net gains or losses to employment/home-ownership in response to adjustments
in the other market.

3.2.6.1 Housing Market Spillovers

In the real world, people may separate from their current job due to a number of reasons, both
voluntary and involuntary. Following such a separation job seekers may choose to relocate
either within a local area or a more broadly to be close available job opportunities. The
"looser”?" the housing market tightness — Wht = % — the easier it is for such unemployed
workers to make the relocation both in terms of house finding probabilities and prices. It
is therefore assumed that the matching efficiency in the labour market which governs the

ability of unemployed workers to match with vacant jobs to be decreasing with housing

market tightness:
_Cn
- Wh
Ket = Reyt ( x ) (1.73)
Wh,ss

Conversely, if the housing market is very loose, currently employed workers may recognise
that the barrier of relocation is weak/small, and may respond by quitting/separating more

frequently. )
~ —69
ﬁc,t = ﬁc,t <Wh,t> (174)

Wh,ss

Where: In this chapter, k.. is treated as a stochastic process, evolving through an exoge-
nous shock that captures regime-dependent variation in labour market matching efficiency.
This allows the model to reflect shifts in institutional flexibility or structural frictions across
regimes. By contrast, 1§C7t remains deterministic and is calibrated from steady-state separa-
tion dynamics. The elasticities (, and (y determine the sensitivity of labour market frictions
to housing market tightness, forming part of the regime-switching spillover mechanisms ex-
amined in this chapter.

3.2.6.2 Labour and Monetary Spillovers

While financial constraints are not explicitly modelled in the economy, financial constraints
are a key restriction on households ability to purchase homes. Thus, and noting the pro-
cyclicality of both housing and labour markets?!,??, the decision to move house will be in-
fluenced by the ability to find employment in the new area. With greater market tightness
in the labour market — w.; = Uztt — the easier it is to find a job for an unemployed worker,
and by the wage bargaining solution (1.41), the higher the real wage earned by workers. In
a similar fashion to in the labour market, the matching efficiency in the housing market is
positively related to the the relative market tightness in the labour market, and negatively
related to the real interest rate:

Nk 1 . —0x
Kht = Rht ( et ) ( T R) (1.75)

We,ss 1+ m

The inclusion of real interest rates are motivated by the fact that while housing wealth
represent the majority of households assets, it also represents the largest liability faced by
households?? with the cost of financing directly influenced by the prevailing real interest rate

20That is, the lower the ratio of searching buyers to houses for sale
21For housing, see for example Piazzesi and Schneider (2016)
*2For labour, see for example Ashenfelter and Card (2011)

23See for example Causa et al. (2019)
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set by the monetary authority. Thus, its inclusion captures the transmission mechanism of
monetary policy onto the housing estimated in Iacoviello and Neri (2010) now seminal

paper.

As in the labour market, where a tighter housing market acted as a barrier to labour
market transitions, affecting both matching and separation rates, housing market separation
also responds to both interest rates and labour market conditions. A tighter labour mar-
ket and lower interest rates facilitates moves, speeding up matches as described above, and

separations by:
N9 ; by
~ Wet 144
Ipe =1 : R 1.76
ot ot <wc,ss> <1 + T > ( )

Where, R is the steady state value of the real rate of interest. As in Chapter 2, K, is
treated as a stochastic process, evolving with its own exogenous shock in order to capture
time-varying frictions in the housing market. In contrast, 1§h,t remains deterministic and
calibrated from steady-state separation behaviour. The elasticities 1, and ny determine the
responsiveness of housing market matching and separation rates to labour market tightness
and interest rate fluctuations, shaping the transmission of monetary policy across regimes.

3.2.7 Equilibrium

All consumption undertaken by households are produced endogenously in the economy as
described in section 3.2.3.4. Combining the households budget constraint (1.5) with the ag-
gregated profit function (1.36) of intermediary producers, the governments fiscal policy (1.71),
the level of housing investment undertaken by households is given by (1.11), the construction
sectors labour demand equation (1.60), and the law of motion for housing construction (1.56),
we can express the aggregate resource constraint?*:

Yi =Cp + Ve (1.77)

Where: (1.77) implies that output can be converted costlessly into consumption goods and
has stationary representation:

Yy o Ci + LUt
QtAr  QiAr QA

(3.18)

3.3 Calibration

3.3.1 Stationarity

The model applied in this chapter retains the same structure and trend properties as described
in Chapters 1 and 2, featuring deterministic growth in both productivity and population. To
enable a meaningful steady-state representation and ensure compatibility with the estimation
framework, the system is transformed into a stationary form by removing these trends. This
transformation allows all macroeconomic variables to be interpreted as deviations from a
balanced growth path. To maintain consistency with this model specification, the observed
data for both the UK and the US are similarly transformed into stationary counterparts. Level
variables are converted into growth rates using log differences and demeaned by subtracting
their sample mean, while ratio-based variables are differenced and demeaned in the same
fashion. Hours worked are normalised relative to a 40-hour work week, and inflation and
nominal interest rates are used in levels without demeaning. These transformations are
applied consistently across countries to ensure comparability, as detailed in Appendix A:1.

24Gee appendix: A:2
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3.3.2 Empirical Parameters:

Figure 3.1 reports the empirical and calibrated parameters imposed on the model described
in section 3.2. The empirical values reported relate to the long run (”steady-state”) ratio’s
observed in data for the period of investigation®®. These ratio’s are used to compute steady-
state variables and non-calibrated parameters. presented in sections 3.3.3 and 3.3.4. For
information about sources and computation, please refer to the appendix section A:1.

Parameter Meaning Value (US) | Value (UK)
o Trend population growth rate 0.00356 0.0025
147 Steady state level of inflation, quarterly 0.0026 0.0123
R Real interest rate, quarterly 0.00389 0.0045
le Employment rate 0.94 0.93
he Hours worked 0.4358 0.4101
ll—h Ratio of Construction to General Employment 0.05 0.036
hl:):}f;p Wage in construction to general ratio 1.41 1.18
hffvc Unemployment benefit to earnings ratio 0.44 0.39
hprp Vacancy posting to earnings ratio 0.15 0.5
= Unemployment duration 18 weeks 40 weeks
:C:l Daily job filling rate 0.05 days 0.05 days
% Housing stock to occupied housing ratio 1.13 1.03
% Rent to occupied house ratio 0.34 0.34
Iy Average time between house moves, years 11.9 years 13.4 years
ﬁ House finding duration 24 weeks 20 weeks
h:z)c Rent to earnings ratio 0.275 0.356
hfZ}r House price to earnings ratio 16.91 24.03

Table 3.1: Empirical Parameter Values in the US and the UK Economies

The growth rate of population (u), real rate of interest (%)7 rate of inflation (1 + ),
and the rate of employment (I.) is set to match the mean of the reported data variable. The
intensive margin of labour (h.;) is expressed as a fraction of a 40 hour work week. The ratio
of construction sector to consumption sector labour is obtained by calculating the ratio of
all employees in the construction sector to the number of total employed persons in the two
economies.

The ratio of earnings in the construction to consumption sector is calculated as the ag-
gregate income in the two sectors ( hquzc)’ where the notation account for the fact that the
consumption sector differentiates between the intensive and extensive margin, while the con-
struction sector only adjusts across the extensive margin. In the US, we calculate aggregate
earnings as the product of average hourly earnings and average weekly hours in the two
sectors, while in the UK we use measures from the Office for National Statistics on average
weekly earnings.

The ratio of benefits to earnings, ( hffuc) is taken from the OECD. The provided measure
is the long run mean observation from 2001 to 2020, expressed as the proportion of benefits
received by a single person without children after five months of unemployment who previ-
ously received the average wage. Other benefits such as social payments or housing benefits
are excluded. The results indicate that the US net replacement rate is higher than that
observed in the UK is however senstive to the choice of including benefits in addition to the

direct wage insurance payment, or the period of unemployment?°.

251965Q2-2020Q1 for the US, and 1971Q2-2020Q1 for the UK

263ee for example Whiteford (2022) showing how the UK unemployment benefit is is one of the lowest in
the OECD if taken by itself after a month period of unemployment, but one of the highest after 5 years of
unemployment
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While the aggregate income (h.w.) can be obtained through the sources discussed in A:1,
there exists no good, published, quantified measure of the cost of posting vacancies that
are comparable in the two countries. This ratio is thus calibrated and uninformed. The
motivation to set UK posting costs higher than US posting costs is informed by the fact that
the UK labour market suffers from stricter regulation than that in the US, as measured by
the OECD’s Strictness of employment protection measure?’. While this measure does not
fully isolate the cost of hiring from flow and firing costs, the imperfect proxy still acts to
inform the calibration of the variable.

In parameterising the transition probabilities in the two economies, we follow Pissarides
(2000) and define the average unemployment duration as one over the job-finding rate ( )\%)
With the data measured in weeks, we use this measure in our parameterisation, and then
compute the quarterly job finding rate as: A\, =1 — (1 — XC")E’Q/A‘.

Following Davis, Faberman, et al. (2013), who shows that treating monthly job open-
ings and hiring flows as outcomes of a daily processes helps address issues relating to time
aggregation biases. Specifically, as many vacancies are filled within less than one month,
aggregation at a monthly frequency will not account for vacancies that a posted and filled
within the reference period will be unrecorded in vacancy stocks, causing an underestimation
of vacancy durations. These issues would be even more pronounced in our model, as the data
is taken at a quarterly frequency. They report a mean daily job filling rate of ~ 5.2%, and
we use this parameter for both the US and UK economy. We then translate the parameter

into a quarterly measure through: 7. =1— (1 — 75)365/ 4,

We parameterise the housing stock relative to the stock of occupied housing (%) and rent

to occupied housing ration (%) from the the two economies respective housing surveys. For
the UK data, some of the UK national countries (specifically Northern Ireland and Scotland)
suffer from discontinuities in their timeseries, as such, the data from the English housing
survey is used as a proxy for the United Kingdom as a whole.

For estimates on the average time between house moves, I have to rely on industry data
provided, but not published by major real estate firms developers. However, these estimates
are sensitive data availability, with alternative estimates estimating average separation rates
both higher and lower than those reported in table 3.1. Similarly, we also depend on industry
data as there are no academic or governmental sources on the average completion time for
housing transactions. Using industry data, we say that in the UK, the average period for
a housing transaction is 20 weeks, while for the US the estimate is somewhat higher at 24

weeks. We translate the monthly measure into quarterly data through the transformation:
A =1— (1= \w)52/4,

For house prices, we use the estimate provided by the Land Registries hedonic model
for the UK housing market. For estimates on rental costs, we produce a combined measure
of rental costs taken from the OECD which provides a price-to-rent index, and translate
the index values to nominal prices through observations on average let agreed prices for a
reference period. In the US, we use the quarterly estimates for median house and rental
prices prices provided by the U.S. Census Bureau, Housing Vacancy and Homeownership,
table: 11A/B. To express the ratio of prices/rental costs to incomes, we use the same data
on aggregate income discussed above in relation to the labour market.

2TSee:  Organization for Economic Co-operation
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3.3.3 Calibrated Parameters:

Table 3.2 reports calibrated parameters for the US and UK parameterised economies. The
trend growth rate of technology ¢ is set to zero to to allow the discount rate () to be
established directly from the steady state level of interest. The habit persistence parameter
associated with the consumption bundle is set to a reasonable 0.8, the same level reported
in Christiano, Eichenbaum, and Evans (2005), and instead use the inter-temporal elasticity
of substitution (o) to alter consumption dynamics between the two countries. We set the
elasticity of labour supply is set to capture the greater level of rigidity in the UK labour
market, resulting in a smaller variation in the intensive margin or labour (h.+) in response
to changes to incomes. The elasticity of substitution between goods (€) which determines
the level of mark-ups and price stickiness is set to reflect an assumed greater level of price
competition in the US consumption sector than the UK consumption sector.

Parameter Meaning Value (US) | Value (UK)
1%/ Trend productivity growth rate 0.000 0.000
o Inter-temporal elasticity of substitution 3.0 2.0
0 Habit persistence parameter 0.8 0.8
v Elasticity of labour supply 3.0 2.0
€ Elasticity of substitution between intermediary goods 11.0 6.0
O Matching elasticity in labour market 0.7 0.7
Op, Matching elasticity in housing market 0.7 0.7
A Production function parameter 0.025 0.025
EN Production function parameter 0.5 0.5
v Rent control parameter 0.0 0.0
'S Calvo Parameter 0.8 0.8

Table 3.2: Combined Calibrated Parameters for US and UK

As the level of matching efficiency in the housing (k) and labour (k) market is estimated
directly using Bayesian methods, the other parameters associated with the matching functions
(1.16) and (1.44) must be calibrated. We thus set all matching elasticity parameters (d., dy)
to 0.7. Notice that that the bargaining power for buyers in the housing market (ep) is set
to 0.5, assuming an even split of the surplus between buyers and sellers. With &, # e,
this parameterisation violates Hosios (1990) efficiency condition for the housing market.
This choice is motivated by an assumption that the decentralised nature of the the housing
market, the heterogeneity of the housing market, and the non-modeled financial constraints on
transactions, are all captured by the searching and matching frictions. Because the bargaining
power of workers (e.) is estimated, the labour market also violates the efficiency condition.

A and s{ are parameters associated with the production function of land conversion
A(gn.t), which has the functional form: A(gp¢)*:. The scaling parameter, A, and the elasticity
parameter, s;, are set to reflect the assumption that land is scarce, motivated by the obser-
vation that the ratio of construction to stock of houses for the reference period is only 0.3
percent?®. Finally, as the focus of the current study is to understand the spill-overs between
the two markets, the parameter governing rental contracts is set to zero, so rental contracts
are fully flexible and optimized in each period.

28Gee A:1
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3.3.4 Computed steady-state parameters

Based on the systems steady state relationship?®, the empirical and calibrated parameter
values reported in tables 3.1 and 3.2, the model’s remaining structural parameters and steady
state variables: {3, Ae, Ve, &, Ue, Ve, We, We, Yy € Ty N, Xes Xhs €cs Why 27, Gy by 7 06, 5,1, 0, f, wh,
Abs Vhs ﬁh,cb,v,mh,vB,vN}, are reported in table: 3.3%°. While many of the steady-state
variables have limited direct economic interpretation, some interesting results emerge when
comparing the two countries, hinting at greater labour market flexibility, and a more active

housing market in the US than in the UK.

SS Variable (Sym- | Value (US) | Value (UK) | SS Variable (Sym- | Value (US) | Value (UK)

bol) bol)

Discount Rate (8) 0.9961 0.9955 Number of Homeowners 0.6785 0.6746
(n)

Finding rate (labour) 0.5243 0.2805 Number of searching 0.0435 0.0300

(Ae) buyers (b)

Filling rate (labour) 0.9907 0.9907 Number of permanent 0.2965 0.3100

(Ye) renters (f)

Mark-up (&) 0.9091 0.8333 Housing market tight- 0.3014 0.6010
ness (wp)

Unemployment rate 0.06 0.07 Housing market finding 0.4249 0.4867

(1-1.) rate (Ap)

Employment rate (I.) 0.94 0.93 Share of  searching 0.1261 0.0973
workers (u.)

Separation rate 0.0671 0.0269 Housing market filling 0.1281 0.2925

(labour) (9.) rate (yp)

Labour market tight- 0.5293 0.2831 Matching efficiency 0.2965 0.4177

ness (we) (Housing) (k)

Wages  (consumption 0.8990 0.8249 Construction sector 0.1189 0.0769

sector) (we) productivity (¢)

Output (y) 0.4097 0.3814 Vacancy Value (Hous- 6.2607 7.9395
ing) (v)

Period Consumption (c) 0.4058 0.3786 Cost of housing mainte- 0.2008 0.2386
nance/tax (m™)

Habitual Consumption 0.0812 0.0757 Value of being a search- -12.5755 -29.1357

(x) ing buyer (v?)

Multiplier on house- 1867.8 174.4295 Value of homeowner- -5.5845 -20.8170

holds (X) ship (v™)

Dis-utility (Consump- 305.4169 50.5849 Utility Value of Home- 323.6985 17.3952

tion sector) (x.) ownership (2)

Dis-utility ~ (Construc- 1048.4 69.6287 Land for construction 1.2613 2.6943

tion sector) (xn) (qn)

Bargaining power of 0.5733 0.1323 Undeveloped land (k) 1.5009 1.0927

workers (e.)

Wages  (Construction 0.5603 0.3992 Rent (") 0.2472 0.2937

sector) (wp,)

Unemployment benefit 0.1724 0.1319 Vacancies (v.) 0.0318 0.0198

(bc)

Cost of posting vacancy 0.0588 0.1015 Houses for Sale (s) 0.1300 0.0300

(v)

Matching efficiency 0.6346 0.4095 House Price (p") 6.6259 8.1291

(Labour) (k)

Labour supply (Con- 0.0338 0.0335

struction) (Ip,)

Table 3.3: Steady-State Variables

29Gee section: C

30Computations are in the appendix, sections B and C



First, the computation of the discount rate (3) reflects the higher long-run observed real
interest rate (R) in the UK compared to the US. Similarly, the steady-state finding rate ()
and separation probability (¢.) are estimated to be about 80% and 300% higher in the US
than in the UK, reflecting the greater flexibility of the US labour market.

This higher dynamism leads to greater turnover and higher frictional unemployment in
the US, consistent with previous studies®!. Consequently, the steady-state unemployment
rate is higher in the US than the UK. This result, however, contrasts with the empirically
calibrated long-run employment rates of 94% in the US and 93% in the UK??. This discrepancy
highlights the influence of observed data in calibrating long-run targets versus the dynamics of
the theoretical model. While the steady state units of wages, consumption, output, are higher
in the US than the UK, reflecting the higher per-capital earnings, output, and consumption
levels observed in the two countries’ data.

Comparing the steady state values of the two economies housing markets, many results
have little economic meaning, or follows uninterestingly from empirical parametrization — for
example the higher observed wage in the construction sector observed in the US. I note that
while the steady state estimates for home-ownership (n) is very similar, there level of housing
demand (b) is computed to be higher in the US. While the similarity between homeownership
is somewhat surprising given the observed behaviour discussed in section 3.3.2, the higher
level of housing demand observed in the US — and subsequent lower renting demand — can
be seen as reflecting the change observed in UK housing tenure due to the Right to Buy
policy discussed in Chapter 2, whereby policy was used to facilitate households transition
from subsidized renting to home-ownership.

31See for example: Davis and Haltiwanger (1999), who in the handbook for labour economics notes that
for the 1980’s-90’s, the US labour market both has lower unemployment, but greater dynamism and thus had
more job destruction and matching than in the UK.

32Gee section: 3.3
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3.4 Bayesian Estimation

3.4.1 State Space Representation:

Let P represent the entire set of parameters. The system described in section 3.2, sum-
marised in the appendix, section A:4, is inherently non-stationary. To ensure tractability and
comparability, the system is transformed into a stationary representation by controlling for
the growth rates of trend technology (4;), population (Q;), and land (K/). The derivations
for this transformation are detailed in Appendix B.

The calibration process begins with the empirical parameters described in Section 3.3,

b 1 .d h bt h h
which are stored in the set P; = {p, 7, R, lc,hc, it T{;c’ oo m, 30 Ve @ —f , Oh, w pvl o T

Next, the calibrated parameters discussed in section: 3.3.3 are stored in the set Py =
{v,0,0,v,¢€,06c,0n, A, s3,v,6}. Using these parameters, the steady-state relationships detailed
in Appendix 3.3.4 allow us to compute the remaining steady-state parameters, stored in the

_ h h
set P3 = {57 0776757ucaﬁcawcawayvcvwaAvXCthaecawhvz ,Qh,k‘,r » Ucy S, n7b> f?whv)\h7’7h>

ﬁh7¢7v mh UB N}

The final block of parameters is estimated using Bayesian techniques, implemented with
the RISE toolbox??. These include the structural parameters—spillover elasticities and the
monetary policy coefficients associated with the Taylor rule. These estimated parameters
are stored in Psy, = {Ck, Co, s M95 Oy B9, 0y, v, 0 b, and the shock parameters stored in
Pys = {p*, 0%, pP 0P, p¢, Jcb’pxc’(jxc’ plie, alie pee ge, phin, Unh,pw,aw,pm’ o™, p° 0%}

The system is then represented in state-space form as follows:
X = A(s1;P1, P2, P3, Pap)Xi—1 + B(s¢; Pas )y,
Where:

e X;: State vector of latent variables defined: X; = {R¢, Xy, A, wht, Cr, by Let, Uet, werts
We,t, hc,t7 }/;57 Whts VF,ta VN,t7 VB,tv V;fa Th,ts Pth7 Bt7 Sta Nt: Ft7 Lh,ta Ht7 Qh,t}

e A: Transition matrix, determined by regime index: s, € {T'D,VD,TH,VH}, and
parameters: Pr, P2, P3, Py p.

e B: Shock impact matrix, determined by Py .

e u;: Vector of structural shocks: u; = {2, pt, Ret, €ct, Rht, Pt Uty Xets Tty €t my}

3.4.2 Identificataion Strategy

To estimate the parameters in Py, we use Bayes’ rule:
P(Pu4|Y) o< P(Y[P4)P(P4),
Where: P(Y|Py) is the likelihood function, and P(Py) represents the prior distributions.

And the identification relies on mapping the log-linearized system to the data of observed
variables through the generalized measurement equation:

Yt = CXt + DGt,
Where:

e Y,: Vector of observed variables, defined as:Y; = {Output,, Earnings,, Housing Stock,,
House Price to Rent Ratios, Labour Market Tightness,, Hours Worked;, Housing Sales,,
Homeownership Proportion, }.

338ee: Maih (2015)
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o C: Measurement matrix, mapping states to observables.

e X;: State vector of latent variables defined: X; = {R¢, X¢, A, wht, Cr, &ty Loy, Uet, e,
Wety hets Yoo Whts VEg, Vg, VBt Vi Thits Pl B, Sty Noy Fyy Li g, Hy, qpt}

e D: Measurement error matrix
e ¢;: Vector of measurement errors.

The specific mappings between the observed variables Y; and the latent states X; are
defined by the measurement equations summarised in table: 7. For observables on growth
rates (Output, Earnings, Housing Stock, House Price to Rent Ratio, Labour Market Tight-
ness, and Housing Sales), growth rates are computed at quarterly rates before the data is
demeaned. To recover real earnings from nominal data, the times series are deflated using the
quoted measure of inflation. For the the intensive margin of labour, UK measure is computed
by dividing the total number of hours worked by the number of persons in employment. A
full description of the data is available in the appendix, section: A:1.

The likelihood function P(Y|Py) is computed recursively using RISE’s standard Kalman
filter3* to update guesses of latent state variables stored in X, using predictions from the state
space system and observed realisations. The likelihood optimization has been conducted using
the Artificial Bee Colony algorithm of Karaboga and Basturk (2007). Once the likelihood is
maximized, the posterior distribution of parameters is explored using the Metropolis-Hastings
(MH) algorithm with 100,000 draws are taken from the Markov Chain.

3.4.3 Measurement and Data

The time series of the observables contained in vector Yy for the two countries is plotted in
figure: 3.2. When estimating parameters in the UK economy, we use time series running from
1971Q2-2020Q1, while for the US the period of study covers the period 1965Q1-2020Q2. The
growth rate of output (Panel A) is more volatile in the UK than in the US, both in terms
of frequency of fluctuations and magnitude of deviations®® from the mean growth rate. The
UK experiences sharper peaks and troughs in its business cycle, indicating greater variabil-
ity. However, the US demonstrates stronger reductions during recessions and accelerated
recoveries during expansions®®, suggesting a heightened sensitivity to shocks that shape its
business cycle dynamics. This difference may stem from structural factors such as greater
labor and capital market flexibility in the US, more responsive policy interventions, or differ-
ing propagation mechanisms of economic shocks. Thus, while the UK exhibits higher overall
variability, the US’s sharper short-term responses underscore its greater sensitivity to shocks
in driving cyclical adjustments.

Given the well-established stylized fact that labor market variables are typically pro-
cyclical in nature3”, and the connection between incomes, productivity, and output, the
greater observed fluctuations in UK GDP growth are also reflected in the growth rate of real
earnings (Panel B), which exhibits a higher frequency of fluctuations in the UK but stronger
business cycle responses in the US.

Turning to the remaining labor market variables, the growth rate of labor market tightness
(Panel E) shows high levels of volatility in both countries (0.0937 < o < 0.0996), but the UK
displays greater responses in terms of amplitude (AYyx = 0.7333 > AYygs = 0.5911). The

34Gee: Maih (2024) for further details about the implementation of the Kalman filter

35Determined by comparing standard deviations — opx = 0.0093 > oys = 0.0055 — and amplitude ranges
— AYyr = 0.0769 > AYys = 0.0318.

36For example, see the behavior of the variables during the Great Recession.

37See, for example, Rogerson and Shimer (2010), who provide an excellent discussion of these stylized facts
in their chapter of the Handbook of Labour Economics, where they that the pro-cyclicality is primarily driven
by changes in productivity and the income effect on labor supply.
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Figure 3.2: Historical Data Used for Estimation. Panels A-K show: The Growth Rate of
real GDP, the Growth Rate of Real Earnings, the Unemployment Rate, the Growth rate of
the House Price to Rent Ratio, the Growth Rate of Labor Market Tightness, the growth
rate in the Housing Stock and Sales, the homeownership rate, and the monetary measures of
Inflation and Interest Rates. The United States is plotted on the solid blue line, while the
UK data is plotted in the dashed red line. The US data ranges from 1965Q2-2020Q1, while
the UK data is for 1971Q2-2020Q1.

unemployment rate, shown in Panel C, initially lies below the US rate during the 1970-1980
period, while exhibiting similar business cycle dynamics. In the early 1980s, both countries
experienced significant increases in unemployment due to contractionary monetary policies
aimed at achieving price stability, structural changes linked to de-industrialization, and labor
market reforms that reduced workers’ bargaining power. Unemployment peaked at 10.8
percent in the US and 11.9 percent in the UK, but the US labor market recovered by 1982Q4,
whereas the UK recovery lagged until 1985Q1. From 1980-2000, the UK unemployment rate
remained consistently higher than that of the US.

Examining Panel G, the proportion of time spent working (expressed as a percentage of a
standard 40-hour workweek), we observe that the mean time spent working has fallen in both
countries over the period of study. Notably, beyond this negative trend, the data consistently
show that hours worked are lower in the UK than in the US, a well-established stylized fact3®.

Next, consider the housing market. In the growth rate of the price-to-rent ratio (Panel D),
we observe a pronounced pro-cyclical behavior with clear perriods of housing housing market
booms and busts. Both countries exhibit significant volatility (oyx = 0.0576, oys = 0.0498),
with the UK again showing a greater range of fluctuations (AYyx = 0.322 > AYyg = 0.284).
The elevated volatility in the UK’s price-to-rent ratio is partially explained by the housing
market interventions prior to and during Thatchers premiership discussed in Chapter 2 where

38See, for example, Alesina et al. (2005), who attribute this difference to institutional factors such as labor
laws, union strength, and cultural preferences for leisure in Europe compared to the US.
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average house prices were affected by sudden periods of supply and demand increase, as well
as reflecting that UK’s housing demand is fairly elastic, while supply is very constrained”.

The growth rate of the housing stock (Panel: F) shows that the trend growth rate is falling
in both countries, and that the US consistently has a higher rate of housing construction
than the UK. In both countries, there is relatively little volatility, with standard deviations
of oy = 0.0048 and orrg = 0.0032. Finally, the growth rate of housing sales depicted in
Panel: H demonstrates substantial volatility in both countries, underscoring the sensitivity
of housing transactions to economic and financial conditions. The standard deviations are
comparable (oyx = 0.1234 and oys = 0.1125), with slightly greater amplitude in the UK
(AYyg = 0.5532 > AYyg = 0.4871), suggests that housing transactions in the UK may be
more responsive to changes in (unmodelled) credit conditions and changes to macro variables.

One of the perhaps most interesting time series is the proportion of the economy acting
as home-owners (Panel: I). While the US proportion is relatively stable, fluctuating between
62.5 and 69.5 percent and with a mean value of 65.23 percent, the UK starts comparatively
low, with a home ownership rate of just over 50 percent. During the period of observation, we
notice a significant growth in the measure as Thatchers ”Right to Buy” regulation came into
effect?®. Due to this policy intervention, the proportion of home-owners in the UK continues
to grow, eventually surpassing the US measure in 1988Q4. After this period, the proportion
of homeowners continue to grow in both countries, until they reach a peak before the Great
recession, and home ownership again falls to &~ 65 percent.

Finally, the rate of inflation (Panel: J) is broadly similar in the two countries, apart
from the stagflationary period of the 70’s which more stronogly affected the UK, resulting
in higher peak inflationary observations. Similarly, the rate of interest (Panel: K) in the
two countries can be split between Three periods. The 70’s, where both countries monetary
authorities are engaged in monetary targeting, keep interest rates relatively low and stable.
The Volcker reforms and shift to inflation targeting resulting in both countries drastically
increasing interest rates in the early 80’s, before economic conditions allowed rates to come
down in both countries. Finally, the post Great Recession period has both countries engaged
in very loose monetary policy, with interest rates approaching the Zero Lower Bound.

3.4.4 Estimation Results:

The estimation results for the UK and US economies, covering the periods 1971Q2-2020Q1
and 1965Q1-2020Q2, are presented in Tables 3.4 to 3.6. The tables report prior distributions,
posterior means, and 95 percent confidence intervals for the estimated parameters in P4. For
regime-switching parameters, posteriors are separated into (H)awkish and (D)ovish monetary
policy regimes, while shock volatilities are categorized by (T)ranquil or (V)olatile states of
the world.

The first six rows of Table 3.4 report spill-over elasticities {(s, C, ks M9, Ox, 09}, which de-
scribe interactions between the housing, labor, and money markets:

*CH Nk 1 - *95
Ket = Reyt ( “hit ) s Kht = Kht ( Weyt ) <+ZtR> (1.73, 1.75)
Wh,ss We,ss I+ me
B —Co N ) 144 0o
Vet = D <w“> o Uhe=Uns < et ) <+“R) (1.74, 1.76)
Wh,ss We,ss 14+ miq1

39Recall that housing stock to population is significantly higher in the US than in the UK — See: 3.3
40Gee: Chapter 2
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Table 3.4: Estimation Results 1971Q2-2020Q1 (UK) and 1965Q1-2020Q1 (US).

Parameters

Prior dist.
Type (mean,std)

UK
Posterior dist.
Mean [95% conf.int.|

Prior dist.
Type (mean,std)

Us
Posterior dist.
Mean [95% conf.int.]

Elast. of LM matching

K N(3.0,1.0 4.4792 N(3.0,1.0 .1595
eff-cy wrt. HM tightness (C) (3.0,1.0) [4.4355,4.5159] ( ) [&1589%,1%00]
Elast. of LM separation . .
rate wrt. HM tightness (Co) N (@0, 1'0) [5.8%@%%.29%16] N(3'07 L0) [5,3%'1%%?’34646]
Elast. of HM matching
eff-cy wrt. LM tightness (1) N(3.0,1.0) [5.0%'2%)%.22%38] N(3.0,1.0) [1.5%)21226(?180]
Elast. of HM matching ) | N(2.0,1.0) 2.9702 N(2.0,1.0) 0.0646
eff-cy wrt. Interest rate [1.4903,4.2434] [-0.0011,0.1173]
Elast. of HM separation
rate wrt. LM tightness (19) N(3.0,1.0) [032‘1%9)64%58] N(3.0,1.0) [0‘6%'23%36%38]
Elast. of HM separati
ast. of HM separation iy N(2.0,1.0) 1.6315 N(2.0,1.0) 0.4884
rate wrt. Interest rate [0.6991,2.7304] [0.4490,0.5203]
Poli N(1,0.5 0.2899 N(1,0.5 0.2871
oney () (1,05) [0.2738,0.3048] ( ) [0.2860,0.2888]
Policy () B(0.5,0.15) 0.8398 B(0.5,0.15) 0.7049
[0.8337,0.8480] [0.7002,0.7084]
Monetary regime H D H D
Policy (ar) N(2,0.5) 1.0067 N(2,0.5) 2.1407 1.1014

1.7813
[1.7748,1.7864)]

[1.0004,1.0132]

[2.0739,2.2213]

[1.0999,1.1035]
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Table 3.5: Estimation Results 1971Q2-2020Q1 (UK) and 1965Q1-2020Q1 (US) — continued.

Parameters Us
Prior dist. Posterior dist. Prior dist. Posterior dist.
Mean ~ Type (mean,std) Mean [95% conf.int.] Mean ~ Type (mean,std) Mean [95% conf.int.]

AR(1), technology ) B(0.5,0.10) 0.9555 B(0.5,0.10) 0.9556
[0.9553,0.9556] [0.9555,0.9556]

AR(1), taste (p?) B(0.5,0.10) 0.7207 B(0.5,0.10) 0.8275
[0.7026,0.7377] [0.8131,0.8404]

AR(1), housing tech. (p?) B(0.5,0.10) 0.9528 B(0.5,0.10) 0.9070
[0.9489,0.9554] [0.9014,0.9091]

AR(1), labour supply (pXe) B(0.5,0.10) 0.9448 B(0.5,0.10) 0.9391
[0.9369,0.9509] [0.9388,0.9393]

AR(1), matching LM (phe) B(0.5,0.10) 0.8979 B(0.5,0.10) 0.9368
[0.8943,0.9029] [0.9293,0.9454]

AR(1), bargaining LM (p) B(0.5,0.10) 0.9527 B(0.5,0.10) 0.7565
[0.9465,0.9555] [0.7560,0.7573]

AR(1), matching HM (p™) B(0.5,0.10) 0.9552 B(0.5,0.10) 0.8838
[0.9540,0.9556] [0.8795,0.8885]

AR(1), renters HM (p?) B(0.5,0.10) 0.9554 B(0.5,0.10) 0.9555
[0.9553,0.9556] [0.9554,0.9556]

AR(1), sales HM (p™) B(0.5,0.10) 0.9534 B(0.5,0.10) 0.9556
[0.9480,0.9556] [0.9556,0.9556]

AR(1), elsticity of subst.  (p°) B(0.5,0.10) 0.9415 B(0.5,0.10) 0.7346

[0.9311,0.9526]

[0.7343,0.7352]
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Table 3.6: Estimation Results 1971Q2-2020Q1 (UK) and 1965Q1-2020Q1 (US) — continued.

Parameters

UK

UsS

Prior dist. Posterior dist. Prior dist. Posterior dist.
Type (mean,std) Mean [95% conf.int.] Type (mean,std) Mean [95% conf.int.|
T \% T \Y%
Std, technology (02) 1(0.01,0.02) 0.0061 0.0159 1(0.01,0.02) 0.0064 0.0063
[0.0060,0.0062] [0.0153,0.0164] [0.0059,0.0068] [0.0058,0.0066]
Std, taste (00) 1(0.01,0.02) 0.0572 0.1614 1(0.01,0.02) 0.0433 0.0519
[0.0543,0.0602] [0.1550,0.1660] [0.0427,0.0438] [0.0511,0.0529]
Std, housing tech. (04) 1(0.01,0.02) .095 0.1947 1(0.01,0.02) 0.1542 0.3055
[0.0914,0.0976] [0.1903,0.1983] [0.1533,0.1551] [0.2817,0.3281]
Std, labour supply (0x.) 1(0.01,0.02) 0.0222 0.0352 1(0.01,0.02) 0.0143 0.0249
i 0.0218,0.0227] [0.0328,0.0373] [0.0141,0.0145] [0.0243,0.0254]
Std, matching LM (0k,) 1(0.01,0.02) 0.0548 0.0693 1(0.01,0.02) 0.0283 0.0337
[0.0540,0.0554] [0.0584,0.0809] [0.0281,0.0286] [0.0316,0.0369]
Std, bargaining LM (0c.) 1(0.01,0.02) 0.0989 0.2652 1(0.01,0.02) 0.1824 0.2757
[0.0882,0.1136] [0.2427,0.2914] [0.1776,0.1865] 0.2743,0.2773]
Std, matching HM (Oky) 1(0.01,0.02) 0.4264 1.3051 1(0.01,0.02) 0.1424 0.4051
[0.3785,0.4762] [1.2061,1.4067) [0.1348,0.1489] [0.4035,0.4064]
Std, renters HM (oy) 1(0.01,0.02) 0.3529 0.7256 1(0.01,0.02) 0.2606 0.6515
[0.3326,0.3664] [0.7155,0.7851] [0.2594,0.2620] [0.6021,0.6820]
Std, sales HM (oay,) 1(0.01,0.02) 0.0822 0.2097 1(0.01,0.02) 0.3089 0.8716
[0.0735,0.0920] [0.1658,0.2560] [0.3072,0.3101] [0.8177,0.9453]]
Std, elasticity (0e) 1(0.01,0.02) 0.0014 0.0031 1(0.01,0.02) 0.0018 0.0021
[0.0013,0.0015] [0.0026,0.0040] [0.0017,0.0019] [0.0019,0.0023]
State Probabilities
Prob. to move from Hto D  pgp B(0.05,0.025) 0.0022 B(0.05,0.025) 0.0676
[0.0011,0.0040] [0.0671,0.0679]
Prob. to move from D to H  ppy B(0.05,0.025) 0.0030 B(0.05,0.025) .065
[0.0014,0.0049] [0.0633,0.0678]
Prob. to move from T to V. Qrvy B(0.05,0.025) 0.0555 B(0.05,0.025) 0.0987
[0.0360,0.0787] [0.0951,0.1065]
Prob. to move from Vto T Qv B(0.05,0.025) B(0.05,0.025) 0321

0.0595
[0.0161,0.1194]

0.
[0.0310,0.0338]




Starting with the spill-over from the housing to the labour market. The estimation results
indicate that in both the UK and the US, tight housing markets have an adverse effect
on aggregate labour market outcomes. With matching elasticities dominating separation
elasticities ((x < (y), increases to housing market tightness will result in a net increase in
employment, ceteris paribus. That is, during periods when transacting in the housing markets
is more difficult, workers face greater barriers to job changes, ultimately resulting in a less
dynamic job market and higher unemployment.

One notable finding is that the difference between matching and separation elasticities
(s — Cy) is larger in the US than in the UK, suggesting that the US labor market is more
sensitive to housing market conditions. To show the implications of this on the model, I
simulate the behaviour of the estimated US and UK economies to unit shock housing supply
and demand shocks similar to the implementation in Chapter 1. As shown in figures 3.3 and
3.4, the higher sensitivity found in the US gives rise to a stronger labour market response.

Given the numerous structural differences between the two economies, the source of this
higher sensitivity is difficult to pin down. However, a plausible explanation lies in the greater
level of labour mobility in the United States. With workers showing both a higher willingness
and ability to relocate during "normal” times, the cooling effect of a tight housing market is
more pronounced than that observed in British workers, who are are shown to be more local
in the data.

Next, turning to the housing market. Recall that labor market tightness (w.+) and interest
rates (R;) jointly influence housing market matching and separation rates. With. higher
levels of labor market tightness improving housing market matching efficiency and reducing
separation rates, while, higher interest rates negatively impact both metrics, reflecting the
dual role of credit conditions in housing dynamics.

In both the UK and US, housing market matching is more sensitive to changes in la-
bor market outcomes than to interest rates (7., > ), indicating that household income
constraints are more significant than credit constraints for housing transactions. Elasticities
with respect to labor market tightness (ny) are smaller than one, implying that separation
effects in the housing market are dampened during recessions — a finding consistent with the
observed decline in housing sales during economic downturns?!, and is consistent with the
descriptive statistics in Hedlund (2016) and Garriga and Hedlund (2020).

41See Growth Rate of Housing Sales, Section: 3.4.3.
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Figure 3.4: Housing Demand Shock

Comparison of Housing Supply and Demand Shocks under Baseline US and UK
Parameters Note that in both figures: LHS: Housing Market Tightness, RHS:
Unemployment. The UK is plotted in red and the US in blue. In both simulations shocks

are identical unit shocks.
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The estimated elasticities picks up on significant differences between the UK and US hous-
ing markets. In the UK, elasticities with respect to interest rates (6, yx and 6y k) exceed
one, suggesting that credit conditions played a stronger role in housing market dynamics over
the period than in the US. With estimates (0, s < 0y,rs < 1), there appears to be only a
muted response to interest rate fluctuations, and a weak response to the labour market.

The final three rows of table: 3.4 report the elasticities associated with the Taylor rule.
Overall, the results are not significantly different, and were not the primary interredest of
this study, so the quantification of the policy rule parameters should not be overstated. For
both countries, a,; > 1. However, the estimated inflation response parameter is consistently
higher in the US (ar s > ar k) under both the hawkish and dovish monetary regimes. This
aligns with the historical emphasis of the Federal Reserve on combating inflation, particularly
following the Volcker reforms of the early 1980s, while the BoE’s formal adoption of inflation
targeting only began in 1992. Further evidence of the model doing a good job of capturing
this historical shift can be seen in figure 3.5, which plots the estimated probability of being
in a Dovish Monetary State per period.

1

[ - T T T T T T T T T T T T T T T T
\
‘\~ ====== UK: Prob. of Dovish Monetary Policy
\ US: Prob. of Dovish Monetary Policy
“ UK recession
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08 1 .
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Figure 3.5: Probability of Being in Dovish Monetary State. United States plotted in solid
blue, United Kingdom plotted in dashed red.

3.5 Counter-factual

Having established that the stronger sensitivity of labour market activity to housing market
changes in the US can, in part, be attributed to a more mobile US labour force??, the
counterfactual explores an alternative scenario: What if labour mobility in the UK had been
encouraged under Thatcher’s premiership? To investigate this, the simulation imposes US
parameter estimates for the spill-over elasticities between the housing and labour markets,

42Gee section 3.4.4
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specifically {Cx,Cg, i, n9}- In effect, the state-space representation of the UK economy is
recalibrated to reflect this counterfactual flexibility:

_ UK. pUK pUK pUK UK.pUK
Xt - A(St ) Pl ? 7)2 ) Pg ’ P4:p{CH7<19777%77719}[]5{0%79197ay7aivaﬁ}UK)Xtil + B(St ) P4)5 )Ut

This setup isolates the impact of spill-over dynamics in the markets of interest, while
holding other structural characteristics constant, including interest rate elasticities. The de-
cision to focus solely on the interaction terms between housing and labour markets is to
enable a clearer understanding of the mechanisms driving spill-overs, avoiding the conflation
of effects stemming from structural differences in financial and credit markets, which are not
the primary focus of this study. Moreover, simulations confirm that including or exclud-
ing US interest rate elasticities does not materially affect the qualitative predictions of the
counterfactual®3.

As the counter-factual gets implimented in 1980Q1, the UK economy is undergoing various
reforms discussed in chapter 2, and the growth rate of labour market tightness is positive as
discussed shown in panel E of figure 2.1 in section 3.4.3. This positive growth rate translates
into the model predicting the latent variable of the levels of labour market tightness being
above its steady state level**, encouraging housing market activity. In the housing market,
the right to buy programme has resulted in high levels of sales and homeownership, ultimately
translating into estimates of above steady state levels of housing market tightness, acting as
a drag on the labour market.

Recall that the direct effect of altering the spillover parameters on the labour market is
a reduction in both the separation and matching elasticities associated with housing market
tightness'®. This ensures that responses in both matching (k) and separation (9. ;) are more
muted compared to the baseline calibration. However, as discussed in section 3.4.4, the gap
between separation and matching elasticities ((y — () widens. Consequently, tighter housing
markets are expected to increase unemployment relative to the baseline, ceteris paribus, as
the reduction in matching efficiency outweighs the decline in separation rates. Simulation
results validate this assertion, showing that the counterfactual specification has an amplifying
effect on the labour market relative to the baseline®.

In the housing market, the effect of imposing the US estimates for {n,,ng} is to reduce
the sensitivity of housing market matching (k) to changes in labour market tightness®’.
In terms of separation, sensitivity to labour market tightness increases*®. However, noting
that the change in matching elasticity outweighs the change in separation®’, the net effect,
all other things being equal, is to amplify the housing market’s response to labour market
fluctuations. This is confirmed through simulated shocks to labour supply, demonstrating

stronger interactions under the counterfactual specification®.

As shown in figure 3.6, the counter-factual simulation diverges significantly from the
actual data observables upon the imposition of the US spill-over elasticities in 1981Q1°!.
From the backdrop of a tight housing market, and the change in parametrization resulting in

43See appendix, figure 15, which shows that the counter-factual simulations, both with and without the US
sensitivity to interest rates implemented

44Gee the appendix, figure 15

45gpecifically, (VK = 4.4792 exceeds ¢V = 3.1595, and ¢§¥ = 5.9529 exceeds ¢J° = 5.3634.

463ee appendix, figure 13, showing the amplified response of the counter-factual simulation to a housing
supply shock

4TRecall: VX = 5.1328 while n¥° = 1.6069.

48pUK — 0.4069, compared to n5° = 0.6931.

YA, =nVE — VS = 3.5259, while Any = n§% —ny% = —0.2862

08ee appendix, figure 14, showing the stronger housing market response to a labour market supply shock

5INote that auxiliary variables are printed in the appendix, figure 15. These variables are used to verify
certain model dynamics, but are not of primary interest to the counter factual simulation.
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the UK labour market showing a greater sensitivity to transaction probabilities in the housing
market, we unsurprisingly see a strong response in the labour market to the tight housing
market. This is depicted in panel A of figure 3.6, where the weaker drag generated by the
housing market translates into improved transition probabilities in the labour market. There
is an immediate drop in unemployment from 8.14 to 7.2 percent, before the unemployment
rate stabalises at 6.5 to 7 percent over the two year period. This result is likely overstated,
since the change in parameterisation is implemented as a shock/exogenous change of the
"world”, rather than a more likely gradual adjustment.

A: Unemployment
T

15 T

Percent (%)

1976 1978 1980 1982 1984 1986 1988
B: Homeownership Rate C: Houses For Sale D: Output
0.66 3.5 0.06
0.64
3 3 0.04
0.62 .
0.6 2.5
0.02
0.58 >
0.56 0
1.5
0.54
0.52 1 -0.02 |
1975 1980 1985 1975 1980 1985 1975 1980 1985

Figure 3.6: Responses of Select Variables to Counter Factual Simulation of the UK economy
with US spillovers

In the housing market, the more flexible labour market, together with the starting point
of an above-steady-state level of labour market tightness ensures that the amplifying effect
on of the labour market on the housing market becomes weaker. Upon the imposition of the
counter-factual in 1980Q1, we thus observe that the transition probabilities in the housing
market falls, resulting in fewer matches for searching buyers and a lower homeownership rate
as shown in panel B.

With lower transaction probabilities, the price of housing falls, reducing the incentive
for housing construction and reducing the growth rate of the housing stock. With less new
houses added to the economy, and fewer homeowners separating from their matched house,
housing supply suffers as shown in panel C. With both increases to demand and decreases to
supply, the housing market stabalises through increases to housing market tightness, which
further encourages labour market activity and drives down unemployment further.

Output in the economy is dependent on employment. While some gains in employment
are offset by the model predicting reductions in the extensive margin of labour, the overall
effect on aggregate labor supply (h¢¢Lcy) is to increase. While the underlying data on output
growth is volatile, causing the counter-factual to display similar levels of volatility, the model
predicts that the quarterly growth rate of output produced in the economy will increase by
a mean of 0.47 percentage points over the two year period.
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3.6 Concluding Remarks:

In this chapter, I extended my study into the relationship between housing and labour markets
by developing and estimating the model described in Chatper 1 for both the United States
and United Kingdom. I discuss how the model captures the theorised greater flexibility in
the US labour market through a comparison of estimation results, showing that the response
in UK labour markets are only about two-thirds as strong as in the United States. I argue
that these results can be partially attributed to the Greater level of labour mobility seen in
the United US vis a vis the UK.

Finally, an experiment is conducted to examine the counterfactual that, as a consequence
of Thatchers interventions into the housing and labour market discussed in Chapter 2, UK
workers developed a similar level of housing and labour market mobility to their American
counterparts. Based on the counterfactual simulation, I find that a more flexible economy
would have had a positive effect on UK employment and output levels, with the unemploy-
ment rate dropping approximately 2 percentage points. and a mean improvement in the
quarterly growth rate of output of 0.47 percentage points. With more relocations, there is
an increase in renting households, and the homoeownership falls as workers undertake more
frequent job moves. While these results are in line with the literature on labour flexibility, the
counterfactual is implemented as a sudden realized shift, while a more gradual adjustment
might allow for the investigation of important transition dynamics.

While this study quantifies the spillover based on the US time series, and thus contributes
to the non-existent literature on empircal macro search models over the joint housing-labour
market, the US results are primarily used as an alternative against which the UK economy is
assessed. In addition to addressing the methodological extensions discussed in the preceding
chapters, future research should be applied more directly to evaluate US policy interventions
and market dynamics.
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A:1 Data Sources and Measurement Equations:

A Details on data used in estimation

Measurement Equation Data Concept
Output, = log ((1 +p) g (14+7)ar yf’il) Growth Rate of Real GDP
Earnings, = log ((1 +7) at%) Growth Rate of Labour Market Earnings
Housing Stock, = log ((1 + ) q H’j;) Growth Rate of Housing Stock
Labour Market Tightness, = log (%) Growth Rate of Labour Market Tightness
Hours Worked; = hc ¢ Growth Rate of Hours Worked
Housing Sales, = log ((1 + 1) a ) Growth Rate of Housing Sales
Homeownership Proportion, = n; + ah,tbtw;j Homeownership Proportion
Unemployment, =1 — ., Unemployment Rate
Inflation; = 4 Inflation Rate
Nominal Interest Rate, = (1 + i¢) Nominal Interest Rate
h

House Price to Rent Ratio; = log ( PgPi:t"' ) Growth Rate of House Price to Rent Ratio

—17 1

Table 7: Measurement Equations and Corresponding Data Concepts Including House Price
to Rent Ratio

A.0.1 Output

United Kingdom

As a measure of real Gross Domestic Product (GDP) in the United Kingdom, we use the
Office for National Statistics data series: ABNI. The series tracks GDP as a chained volume
measure and provides seasonally adjusted data. The quarterly growth rate is computed,
before the mean growth rate over the observation is removed from the observations.

United States

We take observations on real GDP in the United States from the U.S. Bureau of Economic
Analysis, data series: GDPC1. The time-series is a chain measure of GDP and is seasonaly
adjusted. The quarterly growth rate is computed, before the mean growth rate over the
observation is removed from the observations.

A.0.2 Labour Market Earnings

United Kingdom

To express the growth rate of earnings in the labour market, we produce an estimate from
two time-series. For the period 1971Q1 - 1999Q4, we use ‘Spliced Average Weekly Earnings,
1919-2015’ from the Bank of England publication ‘A millennium of macroeconomic data’.
To update this series until 2020Q1, we use the time-series for ’Average Weekly Earnings’
of total pay for the whole economy from the  Office for National Statistics, data series:
EARNOL1.

To construct a real measure of earnings, we deflate the earnings data by the Organization
for Economic Co-operation and Development dataset for the Consumer Price Index for all
items (OECD Descriptor ID: CPALTTO01, OECD unit ID: IDX, OECD country ID: GBR).
The quarterly growth rate is computed from the real data, before the mean growth rate over
the observation is removed from the observations.
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United States

To express weekly nominal earnings we compute the measure as the product of average earn-
ings per hour multiplied by the average numbers of hours worked. For data on hourly wages
we use the U.S. Bureau of Labor Statistics timeseries over Average Hourly Earnings of Pro-
duction and Nonsupervisory Employees, Total Private, series id: AHETPI. For observations
on hours worked, we use the U.S. Bureau of Labor Statistics estimate of Average Weekly
Hours of Production and Nonsupervisory Employees, Total Private, series id: AWHNONAG.

To express the real measure, the computed weekly earnings are deflated by the GDP
deflator. For data, we take observations on the deflator from  U.S. Bureau of Economic
Analysis, series id: GDPDEF. The quarterly growth rate is computed from the deflated data,
before the mean growth rate over the observation is removed from the observations.

A.0.3 Housing Stock

United Kingdom

To express the growth rate in the residential housing, we produce a time-series on on the
housing stock from two times-series. For the period 1971 - 2014 we take estimates on all
dwellings in the United Kingdom from the  Ministry of Housing, Communities and Local
Government data on housing tenure, table: 101. For the period 2014 - 2020, we reproduce
the time-series by adding the data from the three countries of the United Kingdom together.
We use data from the Data’Houses’"UK'Eng, table: 100, for data on English housing
tenure. We then add data on housing tenure in Scotland from the  Scottish Government,
Local Government and Housing Directorate, and for Northern Ireland Department for
Communities housing tenure data is available in table: Supply.

We then compute quarterly growth rates from the data. The observations are converted
into quarterly frequency by assuming a linear growth rate through the year, and then per-
forming a seasonal adjustment. We then divide the gross increase by the seasonally adjusted
total stock of houses. Note that the stock of houses series is heavily rounded, and the number
of completed new dwellings is relatively small, so the growth rates are not heavily affected
by using the annual data as the base for calculating the growth rate.

United States

For estimates of the growth of the housing stock we use data on New Privately-Owned Housing
Units Completed: Total Units, series id: COMPUTSA, provided jointly by the U.S. Census
Bureau and U.S. Department of Housing and Urban Development. For estimates on the
stock of housing, we use data from the U.S. Census Bureau. The quarterly growth rate is
computed, before being demeaned.

A.0.4 House Price to Rent Ratio

United Kingdom

For estimates on house prices, we use U.K. Land Registry data on nominal average
transaction prices in the UK, reported in GBP. For estimates on rental cost, the Home Let
provide a point estimates in GBP. These point estimates is then combined with time series
data from Organization for Economic Co-operation and Development on rental costs as an
index value. We then compute the quarterly growth rate and demean the data.
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United States

For the United States, two time series are combined before computing the demeaned growth
rate. For the period 1964Q1-1969Q4, house price data is taken from industry source ”dqydj”,
available from: https://dqydj.com/historical-home-prices/. For 1970Q1 - 2020Q1,
data on house prices are taken from the Bank for International Settlements data on
Residential Property Prices for United States, series id: QUSNG628BIS. Observations on rental
prices are consistant accross the period, and are taken from the  U.S. Bureau of Labor
Statistics estimate for average rental costs of primary residences in U.S. Cities, series id:
CUUROOOOSEHA.

A.0.5 Labour Market Tightness

United Kingdom

For the period 1978Q1 - 2001Q1, we use the spliced time-series on unfilled vacancies from the
Bank of England publication ‘A millennium of macroeconomic data.” To update this series
until 2020Q1, we use the Office for National Statistics vacancy data, series id: AP2Y.

For statistics on the number of unemployed persons, we use the  Office for National
Statistics estimate of the number of unemployed persons aged 16 and over, based on the data
from the Labour Force Survey. Series id: MGSC.

Tightness is computed as a ratio, before the growth rate is computed. The data is then
demeaned.

United States

For data on labour market tightness we take reproduction files from Brian C Jenkins exami-
nation of the Beveridge (1944) curve applied to US data, available from: (https://github.
com/letsgoexploring/economicdata/blob/master/dmp/csv/beveridge_curve_data.csv).

Tightness is computed as a ratio, before the growth rate is computed. The data is then
demeaned.

A.0.6 Hours Worked

United Kingdom

To obtain the data on average weekly hours worked, we divided ‘Total actually hours worked’
estimates from Office for National Statistics by ‘The number of people in employment’ from

Office for National Statistics. We then divide the estimate by an assumed 40 hour work
week to express the data as a percentage rate.

United States

We take data on average hours worked from the  U.S. Bureau of Labor Statistics, who
provide an estimate of ” Average Weekly Hours of Production and Nonsupervisory Employees,
Total Private”, series id: AWHNONAG. We again express the measure as a percentage of a
40 hour work week.

A.0.7 Housing Sales

United Kingdom

We take data on the number of residential property transactions from U.K. Land Registry.
Prior to 1995 this data is only available as annual measurements. For these periods, quarterly
estimated are produced assuming linear yearly growth rates, before seasonal adjustments are
applied, and demeaned growth rates are calculated.
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United States

To compute demeaned growth rates of housing sales in the United States, we combine two
time series.

For 1968Q1 to 2020Q1 we take data from the estimate of quarterly housing sales. This is
proprietary data, retrieved through Refinitiv data stream service. Prior to 1968, no estimates
exist for sales of existing homes, so we use data on new home sales from the .

A.0.8 Home-ownership

United Kingdom

For estimates on home ownership in the United Kingdom we have to use England as a proxy
due to the lack of good data on Scotland and Northern Ireland. We use data from  Ministry
of Housing, Communities and Local Government, who report the proportion of homeowners
in the English Housing Survey in annex table 1.1. Annualized growth rates are computed,
before quarterly estimates are produced assuming linear yearly growth rates, before being
seasonally adjusted.

United States

For the United States, we use estimates from the U.S. Census Bureau tenure data (Table
8). We then compute quarterly growth rates.

A.0.9 Inflation

United Kingdom

For data on inflation, we use the  Office for National Statistics 12 month change in the
index value of the Retail Price Index, expressed as a quarterly rate. Series id: CZBH.

United States

We take observations on inflation from the Board of Governors of the Federal Reserve
System (US) measure of consumer price inflation, series id: CPIAUCSL.

A.0.10 Nominal Interest Rate

United Kingdom

As a measure of UK interest rates, we use the Bank of England ”Bank Rate”, available at:
https://www.bankofengland.co.uk/-/media/boe/files/monetary-policy/baserate.xls.

United States

We use data on the ”"Federal Funds Effective Rate” provided by the Board of Governors of
the Federal Reserve System (US), series id: DFF.
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B Steady State Computation

SS Variable Computation Value (US) | Value (UK)
Discount Rate | 8 = {1} 0.9961 0.9955
Finding rate | Ao =1 — (1 — \W)52/4 0.5243 0.2805
(labour)
Filling rate | y. = 1 — (1 — 9)365/4 0.06 0.07
(labour)
Mark-up &= 5;1 0.9091 0.8333
Unemployment | u, = {54 0.1261 0.0973
rate
Separation rate | 9. = 1 — U= 0.0671 0.0269
(labour)
Labour — market | w, = 2¢ 0.5293 0.2831
tightness
XVages (tcor)lsump— We = (m(l—ﬁégf—ﬁc))+vc) 0.8990 0.8249
ion sector
Output y = hele 0.4097 0.3814
Period Consump- | c =y — ﬁwcuwchc 0.4058 0.3786
tion
Habitual  Con- | z = (1—0)c 0.0812 0.0757
sumption
Multiplier on | A=x"° 1867.8 174.4295
households
Dis-utility (Con- | ye = EA(1 — he)” 305.4169 50.5849
sumption sector)
Dis-utility (Con- | xp = 277 ;- wehe 1048.4 69.6287
struction sector)

hetve—bot Xe (=he) =V —1
Bargaining power = 2 R 0.5733 0.1323
of workers hebtB1=de)rezo—bet 55
Wages (Construc- | wy, = %hcwc 0.5603 0.3992
tion sector)
Unemployment be = 72— hewe 0.1724 0.1319
benefit
Cost of posting | ¢ = T heow, 0.0588 0.1015
vacancy
Matching  effi- | ke = Aow 1% 0.6346 0.4095
ciency (Labour)
House Price P = - hewe 6.6259 8.1291
Labour  supply | I, = il 0.0338 0.0335
(Construction)

Table 8: Steady-State Variables (Page 1)
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ATX:Y

SS Variable Computation Value (US) | Value (UK)
Number of Home- | n = ==l 0.6785 0.6746
OWners
Number of | b= WEpIb=]) 0.0435 0.0300
searching buyers
Number of per- | f=1-— A b 0.2965 0.3100
manent renters 1=9p)Ap
Housing market | wy, = 17200 0.3014 0.6010
tightness
Housing market | A\, =1 — (1 — \Y)>2/4 0.4249 0.4867
finding rate
Housing market | v, = wpAp 0.1281 0.2925
filling rate
Matching  effi- | k= Ay, " 0.2965 0.4177
ciency (Housing)
Construction sec- | ¢ = % 0.1189 0.0769
tor productivity
Vacancy  Value | v = (l_ézﬁ%hw 6.2607 7.9395
(Housing)
Cost of housing | m" = ﬁhcwc - (1-p) 0.2008 0.2386
maintenance/tax

7 2
Valte of being a | vF = —Rem et S e 125755 | -29.1357
searching buyer
Value of home- | oY = vP + (1 — =282 ) 2 how, -5.5845 | -20.8170
ownership
Utility Value of | zh = A (1—5)(1—5((11—_195();_5;:;_(:;%)‘“‘eh)%” (VN —oB) — (" — mh) 323.6985 17.3952
Home-ownership
Land for con- | ¢, = (v — whé 1.2613 2.6943
struction
Undeveloped land | k = "ot 1.5009 1.0927
Rent = we 0.2472 0.2937
Vacancies Ve = we(l —1e) 0.0318 0.0198
Houses for Sale | s = 2047 0.1300 0.0300

Wh

Table 9: Steady-State Variables (Page 2)
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A:2 Mathematical Appendix

A Households:

A.0.1 Households Problem: The households problem then has choice variables: {C@t, Lipe, A

and take: { r!', m, wey, het, bet, Why, Qt, Nty Fy, Let, and H } as given. Thus, the max-
imisation problem:

00 X;[—O'Q L ( hz )—1/_1 Q N,

U(- t nt c,t ,C,t L t t H
{Xi,tvoig}%fh,tw‘li,t} ();5 (Qtil_g H + Xeyt H 11— — Xh zhtH T© )
Cit Cy_

S.it:X; -0

e At At 1
And : thzt+ %Ai,t+1+ %Et_‘_ %Qit:

L, Uecy
%q)zt‘f‘ chthct+ Hbc,t‘f‘%whthht_’_Qth-A

Solving the optimisation of (1.2) w.r.t. (1.3) and (1.5) gives rise to the following La-
grangian and First Order Conditions:

t Qt Lc ( h‘;ct) =1 @ & H
L= EoZﬁ{ 1o T Xetpg Ty —XnLhi—or + 7%
Cit Cy_ >
— -0 - X;
(At At 1 !
(%Czt + %Az’,tﬂ + %th + Qtht
Lc - Lc
%(I)zt - Htwcthct %bc,t %wh tLint — QtRw“i,t)}
oL —n _ At o‘Q t aQt
OXM_O_B th H+BU_>( ) th H (19)
(9£ _ o t 1 t Qt o Qt
9Cis = 0=(-)8 Ut(At) Bx(r) = (Fve = Aehe (20)
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oL Qt+1 Q1 Qt+1
=0= M\ 18 — MBHEL) = N = BEAN 22
DA 0= A 187 (g Beat) = AB (1) = A = BE{da ( 2 Ri)t (22)
Combining (19) and (20):
_ 1
Xz to‘% = At)\tQH — QtX’Lt = At)\t = Qtht A )\t (17)
Combining (21) and (1.7):
Xh = 00Xt (1.8)
2,t At
Substituting (22) into (1.7):
o 1 Qt+1
th A ﬁEt{)‘H-l( Qt Rt—i—l)}
And the fact that (22) implies that: A1 = 01X, At+1
o —0 1 Qt+l
01X X = BE{or+1X WA 0 —— R} (1.9)
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A.0.2 The Aggregate Household The Aggregate Households Problem:

Consider the aggregation of the individual households optimal choice {X; ¢, ¢i ¢, i pts Ai i1 1020
as described by: (1.7) - (1.9). Multiplying by population @Q; to express the aggregate choice
of the consumption bundle:

QtXiTtg = )\tAt (17)
— A Q= o X; 7 Qu
—ANQ Q7 = a X, QRITQ "
S ANQ Q7 = aX;7Qit
—AMQy 7 = 0 X;
X
— A\ = Qt<*t)7a (1.12)
Q1
—oc Whit
_ X o= 1.8
Xh o Xi 4 (1.8)
—o Wh,
—xnQt = QtXi,tUTtQt
t
oN—0o —o Whit o —0
—xn Qi Q7 = X Ay Qit7Q;
— _oWhit
—xnQi Q7 = Xy A e
_ —o Wh
—XrnQ; 7= 0t X, 7 A’t
¢
Xy —oc Whit
Sy = : 1.13
X Qt(Qt A, ( )
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o1 1 Qi1
01 X E = BEH{or+1X ”+1A o) ———Riy1} (1.9)
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The aggregate consumption bundle:
Consider the households habit adjusted bundle:
= 1.
b el (13
All households make same choice:
Cit Cit—1
— b 0 )
T T AL
The aggregate habit adjusted bundle:
it Qt Cit—1 Cy Ct—1 Q-1
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B Matching Technology in the Labour Market:
Recall that labour market tightness is defined:

Vet
of = = 1.17
Weyt Ues (1.17)

B.0.1 Job Filling Rate in Labour Market:

1—0c,¢

6c,t 55 _5(:

’Y _ MC(7 ) . K/Cthcﬂf ‘/;,t =k <Uc,t> ot — Kk ( ‘/;,t > ot —_— w—(sc,t (1 18)

c,t = - — Pt — Pyt — et t .
Vet Vet Vet Uet ©

B.0.2 Job Finding Rate in Labour Market:

Oc —0c
L MC()  ReUL VT
cht: =

be,t—17,1—0c ¢
:’ic,tUc,t Vc,t

Ve Uc’f_é t (1.19)
‘/;,t @ 1*612,15
= Kt U = RetWe ¢ = Y tWe,t
c,t
C Matching Technology in the Housing Market:
Recall that labour market tightness is defined:
By
_ bt 1.45
“nt =g (1.45)
C.0.1 House Filling Rate:
MH(By, S B gon _ B\
'Yh,t = ( b t) = F Dy t = IihﬂnghSt On = /ﬁ?hﬂg J = /'ih,twght (146)
St St St ’
C.0.2 House Finding Rate:
My, (B, S Borgl=on ~ ~ B\ %! _
)‘ht = h’t( ¢ t) = K:h’t t t = Rp, tStl 5hB?h 1 = Rhpt —t = Rp, thht ! (147)
’ By By ’ TS o
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D Housing Market Tightness Equation with Chains:
Recall that labour market tightness is defined:

Whit = — (1.45)
Re-arrange the definition of stocks of houses for sale (1.51) to isolate vacant houses (V}, ;)

St =Vhit+ Cht = Ve = St — Chy (1.51)

Combine the re-arranged version of (1.51) with the definition of sale chains (1.52):

Chi =75 (1.52)

— Vh,t = St(l — T)
Vae (23)

— (1 — 7_) = St

Combine (23) with the definition of housing market tightness (1.45):

_Bt . Bt _Bt(l—’]’)
Whit = G 7 Wht= Vi,

St a—r)

Vit

Isolate vacant houses (V},+) the housing stock definition (1.43):
Hy=Qt+ Vit = Viy = Qr — Hy (1.43)

Finally, combine (D) and (1.43):

(1.53)
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E Final Good Producers

E.0.1 Demand Function: We have the profit function:

1
max I :Py_/ . N di
{Ye,y: ()} ! Lot 0 pe(7)ye(d) dj

(1.24)

Substituting the final good producers production function (1.23) into (1.24) we have:

Y, = [ /0 () dy} - (1.23)

1 e—1 . ﬁ ! . . .
— max II; = P, [/ y(J) e d]] —/ pe(3)ye(d) dj
{ye(4)} 0 0

Solving the unconstrained maximisation:

Ot ¢ Ul }5116—1 NI
) =0= B € d e—1 —
oy (4) e—1"1 o yi(7) J c ye(J) pe(J)

—-0=P [/01 yt(j)% dj] o y(5)« —pe(4)

1

1 ~
—0=PY, y(j)c —pe(j)

= u(j) = (pzﬁf)fn (1.25)
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F Intermediary Goods producers

F.0.1 Firms Problem:

m Z{ Bo)! [p'f]ﬁt)y () = Wethed () Lea(s) —avc,t@')]}

{pt(4):Lec,t(4) +—0
Sit:Ley(j) = (1= Det)Les1(5) + vesVi(j)
And : y1(j) = 2t AtLet(3)het(5)

and i) = (2 v

F.0.2 Job Creation: Consider the optimisation problem faced by firms when making
their decisions in the labour market with search frictions. They need to decide on how many
workers to hire, and how many vacancies to create to achieve this number of employees —
{Lct(j), Ver(4)}. Substituting the demand curve (1.25) into the firms output function (1.27)

and profit function (1.28) the optimisation problem becomes:

max
{Lc,t(j))vcat(j t Z {

St LCt(] ( 19(:15)116,15—1(].) + ’Yc,t‘/t(j)

)

And : <pt1§f ) — 2 ALt (j)hes(f)

| (0 >>” Vi = wathes () Leald) — Vi)

Yielding the Lagrangian:
o~ gy | ()
L=Ey) {(Bs)'+ Vi — wethe(5)Let(5) — tVer ()
= Ao Py

_nt(LC,t(j) -(1- QSlv:,lt)LC,t 1) = Ve, (j)%t)
—Ne+1(Lea1(5) — (1 = Dea) Lot (G) — Virr () ver)

- (( ]St')>En—ztAthm)hc,t(j))”

Consider the First Order Condition of the labour market variables:

oL N )
8‘/:3775(]) - (Bg) 7[/ * (ﬂg)tronthc,t =N = Ye,t
OL \

OLc4(5) =0= (ﬁ§) wcthct( ) — (5§)t/\—;77t

+E {(5§ )t t+1 } ﬂ§) f(ztAthqt(j))

. A .
= = —wWethe(J) + (Bs)Ee { Zlntﬂ} (1 =) + &(2eAthes (7))

) A
= Nt = het(§)(E2eAr — weyr) + (B)Eq { :1 77t+1} (1 —"2cy)

Where the aggregation of j € J in 24 yields:
A
= Nt = het (&2 A — wer) + (B)Eq {Zlﬁtﬂ} (1 =)
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Then, using the fact that (1.29) implies that: 741 = ﬁ, and combining (1.29) and

(1.30) we can express the firms job-creation condition:

L

Ve, t

=

A L
= hepl6este — o)+ (BB { 25 (1= 0y (131)
t Vet+1

F.0.3 Price setting: Consider next the price setting decision faced by the intermediary
good producer with maximisation problem:

ma th{ PD0) — wesheati et - )

{ps(J

St Ley(5) = (1= 9er)Les1(5) + Yer Vi)
And = yy(j) = 2t AtLei(5)het(5)

And : y(j) = <pj§,f)>_5n

Re-arrange the firms production function (1.27) to isolate he¢(j)Let(j) = yt(j)ziéxt and

introduce into the profit function (1.28):

oo, I Z { [ ye(J) — yt(J)ZZtt - L‘/C7t(j):| }

t=0
S.t: Lc,t(j) - (1 - ﬁc,t)Lc,t—l(j) + Vc,t‘/t(j)

And : y(j) <pt(j)>_syt

Then, substitute in the demand curve (1.25) into the profit function:

( )>1 : (pt(])> : We,t .
P, P - Lc
{p[ltlaX H { ( ) )t ) }t . qt et (.7)

St: Lc,t( ) — (1 - ﬂc,t)Lc,t—l(j) + /yc,t‘/t(j)

}

Yielding the Lagrangian:

. 1—e . —&
L= EOZ{ o (;ﬁ;”) n—(pﬁ» Vi = Veld)
=Nt (Let () = (1 = o) Leg—1(7) — Ver () vert)
“Ne1(Lep+1(7) = (1 = o) Leg(3) — Virr () ve)]}t
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Maximise with respect to own price:
oL S Aei (pz <j)>5 ( Wetik > (pz <j>>“
_ =0=F o)k 1—¢ +e ’ Y,
pe(J7) tz {(6 ) At ( ) Pk ek Airk ) \ Pey i

s 0= 3 {25 [ (0wt Fie (G2 oy ) i)

Zt+kAt+k

}

= 0=m > {025 (- amirore (S ) meit ) v}

Py Zerk Atk
> A > A w
A _ E Mtk ct+k +1
= (e - 1DE E {(5<) N P P )Pt+kYt+k} = ek, E {(ﬁC) N <2t+kAt+k> Pl Yt+k}

k=0 k=0

00 k Atk We,t+k e+1
e Eedilo {Uk) N (szAm) Pk Yt+k}

= pi(j) =
i (4) (e—1) E Y%, {(,3 )k >\t-{t—k Pts—&-kY;+k}

EA We, 1 1
= P ) = < g Zzo:() {(ﬂg) E\tk (Zt-&-kzlj—k) Pta—:_k P Yt—i-k}
P (5—1) Etzzo:o{(ﬁ )k)\tHCPtEJrkP Y;H_k}

A . .
N P (j) __ ¢ B> ko {(ﬁg)k f\tk (ﬁ) (Pyy 1 P; )EHY;t-s-k;}
P, (e—1) E:d pep {(/8 )k HE (P, Py e Y;f-s—k}
kA We t4+k P, e+1
e BrE ot () () i)
TR (e-1) —— s (Ps)y
t 2 k=0 | (BN P, t+k

Let K1; and K5 ; be defined:

— k >\t+k; We t+k Pt+k =t
K1 =E, Z (<) v ’ 2} Yiik (25)

2 A
o trk Ak

= Atk (PtJrk)E }
Koy =E o)k Y, 26
=3 {605 () i (20

Where the recursive representation of (25) and (26) is

Att
Ko =Y ( ) | BeE, { L1t 7Tt+1)€+1K1,t+1} (1.33)
tAt >\t

Att
Koy =Y, + By {

N (1 + mg)° KQ,t—i—l} (1.34)

Such that we can express:
Pt e—1 Kg’t
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F.0.4 Deriving the aggregate price level: Substituting the demand function (1.25)
into the final goods producers production function (1.23) we have:

" {/olytu)tl dj} - .
Y= /01 (plgn) 2 dj] =
v [ () v
e[ <p]gj>> dj]
e e

/01 <ptpgf)>1_a dj]el

P = [/Olpt(j)l_e dj] o (1.26)

Recall that in the presence of Calvo style pricing, (1 — <) firms set prices optimally to

p;(j), and ¢ firms maintain the existing price, thus in each period, the aggregate price level
is described:

1

=[] =[ [ aer [ nr -

—<

1—¢ 1 1 1 lie
P [ | [ opi dj]
0 1—¢

= P =(1-P" " +<PL
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Phillips Curve:
Rewriting (28) we can express:

= Ptlfs o §Pt1:16 _ (1 . g)Pt*l—a

P\ !¢ P,_
é(l—C)(Ptt) —1—<<;t1

)
() s -0
)

R G R R e e I

Thus, finally establishing:

1
Py 1 'S 1—e e Ky
L. 1— - 2Lt 29
P [(1—@ ( (1+7rt+1)1_5)} e—1Ky; (29)

Yielding the Phillips curve expression:

1 — K 1—¢

L1 S _ S £ 1.t

(1 —|—7Tt)1_€ 1 (1 —6) KQ,t
L1 1 _1—§( € Kl,t>15

s (I+m)lt—e ¢ (1—¢) Ky,
N 1 1 1—§< € Kl,t)l_a

(I+m)t—= < S (1—¢) Koy

g 1 e K \'F
= (14 m) 1:§<1_(1—<)<(1_8)K;) ) (1.32)
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G Output Aggregation

The final goods producer aggregates a continuum of intermediate goods y;(j) using a CES
aggregator:

, = [ /0 L) dy} - (1.23)

Cost minimisation implies demand for each good j is given by:

ye(j) = <pt<j>>_8Y;€ (1.25)

P

993949

Let the price difference between firm ”j’s” output and aggregate output be denoted by
the price dispertion term: Ay:
1 N\ —€
pe(J) .
o \ B
Aggregate intermediate output is thus:

= /Olyt(j),dj - /01 (pt]ﬁf))_adj —AY,

Each intermediary firm j uses labour to produce output:

ye(J) = ZtAth,t(j)hc,t(j) (1.27)

With symmetry across firms, it follows that the aggregation of: L.(j) = Lcs, and
het(§) = hey for all j. Aggregate aggregate output becomes:

yt(j) = ZtAth,t(j)hc,t(j)
1 1
= [ w)di =i [ Leaihests).d
0 0
=Y Ar = 2 Ay Lethey

Yjﬁ = Lcthct (135)

G.0.1 Price Dispersion In the presence of Calvo pricing, we know that 1 — ¢ firms
set prices optimally, while ¢ firms unable to do so. Thus, the price dispertion term can be

expressed:
A, = /01 <ptf()f)>€dj _ /01‘< (101’{];;&7'))Eder/llg <m£)fj)>€dj
o0 (B) e (B [ ()

*

P —€
= At = (1 - §) <Ff> + §7Tt8 : At—l (30)
t

Where 30 is the recursive expression of the price dispertion term quoted in the text.
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H Wage Bargaining Problem:

The surplus bargaining problem is:

max 1 £ = (V) (V)7 — o (VI + V- V)

v v
F.O.C: or
GYA =0 = e (V) "1 (V) et —
= @p = €y (V) er T (V) e
8£ € —€c,t
gi7 = 0= (=) (V) (V) e —
t

= or = (1 =€) (V) et (V) et
Which implies:

ect(Vi ) V)T = (L= ee) () (V)T = eedV = (L= eV} (31)

Substitute into the worker’s and firm’s surplus expressions: The worker’s surplus from a
match is given by:

e ((L=hey)t ™7 —1 A
V;tW = hc,twc,t - bc,t + Xi <( ’t) ) + /BEt { ;\—H (1 - ﬁc,t+1)(1 - )\c,t+1)v;f‘-/[|—/1}

)\t 1—-v t
(1.39)
The firm’s surplus from a match is:
A L
VE = he(&20Ar — wey) + BE {;\H(l —Vett1) } (1.40)
t Ve,t+1

Substitute the expressions for V;/" and V}'V into the surplus-sharing condition (31):

A L e [(L=he)t™" =1
€c,t At |:hc,t(£tZtAt — We,t) + BE; { as (1 —=Yct41) H = (1 = €ct) Mt | hejgwes — bey + Xe <( 2 >
At Ve, t+1 At 1-v

A
+ BE; {Zl(l — Ve py1)(1 — /\C,t-‘rl)vt‘fl}

Now cancel the A; on both sides and group terms:

A L e ((L=he)' ™" =1
€eit [hc,t(thtAt — we) + PE {Hl(l — Vett1) H = (1 —ecy) [hc,twc,t — bet + Xe <( +) )]
At Ve,t+1 At 1-v

A
+ (1 — ect) BE { f\:l (1 =Pepr1)(1— )\c,t+1)‘4‘f1}

Next, using that (31) implies that e.;V,}; = (1—¢.;)V,";, and substituting in (1.40) with
a one period forward lead yields:

Substitute the firm’s future surplus:

L A9 L
Vi = —— 4 BB {)\H (1 —=cpq1) }
Ve, t+1 t41 Ve, t+2

Hence:

€c,t+1 L At42 L
yw - e [ + OE 1{1—19 1}]
LT —eein (et t+ )\t+1( o )’Yc,t+2
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Substitute this into the expectation on the right-hand side:

A
E; {Hl(l — Depy1)(1 — )‘C,tJrl)Vt‘—/lI-/l}

At
= {)\Hl(l Do) (L= M) - { — + BEu1 {Atﬂ(l —Depr) — H }
At I —€ct+1 [ Vetr1 At+1 T Vet 42

Now collect all terms and isolate hcjwe ¢:

A 1 —eqt)ee )
hcvtwc,t = 60775 |:hc,t§tZtAt —+ B]Et { trl (1 — 1907,5_;,_1) <1 — (1 — )\c,t—f—l) . ( ’t) ’t+1> . }:|
At (I —e€civ1)ect) Yet+1

Xe (L—he)t™—1
1 — o) oy — 22 ’
+( f,t)[,t N 1>

(1.41)
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I House price equation
The maximisation problem:

I !
omax (V) (V7)1
t (A7

St VI, = Vel 4y

Which gives rise to the Lagrangian:

L= (Ve (VE)Y " me — (VS + VP - Vi)

First Order Conditions:

8[, e, — U —E/
0 = e, (V5 e (V) 700 — g

8‘/{96” - (32)

! ’
= & = eng (V) m L (V)1 h

oL : J _;
a‘/tBuy =0=(1- 6h,t>(VtS) nt (VP)"ne — &
= & = (1 — ) (V) ot (V,5Y) =

Set & = & in (32) and (33):

! / / /
en s (VI me (VP = (1 — €, ) (V) Rt (V) = ht
!

! Sell __ Buy
= (1=, )V = e,V

Use (2.7) and (1.68) to show:

VP = (Y - Pl - VP (27)

Ve = (VP +v) - VY (1.68)
= (1- eh,t)[VtB +Vi— ‘/;N} = 6h,t[VtN - Pth - VtB]
= VE+Vi -V = e VP — Vit e Vi = e Vi — e PP — e, VP

= VP + Vi - VN = e Vi = —e,, P

= (e + DV = VE+ VN = ¢, PP

1 1
=Pl =1+ -—)Vi+— (VN -V
€ht €ht

Let e, =1 — -1 then the house price satisfies:
€h,t

= Pl'=(1—en) (VN =V + eV (1.69)
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J Resource Constraint

Consider the households budget constraint (1.5):
Ci+ A1 + Ty + Qp = O + Legwethey + (Qr — Let)bey + whi Lt + ReAs (1.5)
Introduce the aggregated profit function (1.36):
T wc,thc,th,t - LVc,t (1-36)

= Ci+ A + 1+ =Y —wethetLeg — Ve + Legwethet + (Qr — Lt )be g +wh ¢ Ly ¢ + Re Ay
=>Cr+ A +T+ U =Y, —Vey + (Qt — Leyt)bet + wh Ly + Re Ay

Introduce the governments fiscal policy (1.71):

Ci + A1 + T +
=Y; — Ve +(Qt — Le)bey +wp e Ly + R Ay

bc,t(@t - Lc,t) =T+ Ntm? + Qh,t(HtH - Ht) (1-71)
=0+ Apr1 +
=Y; — Ver + Nemj! + qnp(Hepr — Hy) + wpgLng + ReAy

And the level of housing investment undertaken by households is given by (1.11):

A -
Qt = Ntm? + BEt {(Ht+1 - Ht) <t+1Vt+1> } (111)

A N
=Ct + A1 + BE, {(HtJrl — Hy) (tHVtH) }
=Yy — Ver + qui(Hep1 — Hy) + wp Lt + ReAs
Introduce the labour demand equation (1.60):

A N by N
L = BE, { as Vtﬂ} — Ghs = why = G Py {t“vm} — Gens (1.60)
d)t )\t )\t

A ~
=Cy + A1 + BE; {(HtJrl — H;) (tHVtH) }

A N
=Y — o Ver +ani(Hip1 — Hy) + Ly [@m@t {ZIVZH} - ¢t(1h,t] + Ry Ay

Introduce (1.56):
Hyp1 — Hy = ¢iLiny (1.56)

by ~
=Ci + A1 + BE; {¢tLh,t <§\—:1Vt+1> }

A N
=Y — Ver + qniPieLlng + Ly [¢t/3Et {;\H Vt+1} - ¢tQh,t:| + Ry Ay
t

= Ci+ A1 =Y — Ve + RiA

Finally, imposing that savings in private bonds (\A;) must be in zero net supply: A; = 0, Vt,
we have:

Yt = Ct + Lch,t (318)
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A:3 Stationary representation:

There are two trend growth variables in the model, population growth described by (1.1),
and productivity growth (1.4).
Qt+1
Q4

The growth rate of population affects the household behaviour due to aggregation through:
(1.12), (1.13), (1.14), (1.15). By the definition of population (??), the employment and
unemployment (L¢, Uet) law of motion is affected through: (1.21), (1.22). Similarly, the
law of motion for housing market outcomes (F;, Ny, B;) is affected through: (1.48), (1.49),
(1.50). As production depends on employment through (ztA;Lcthcy), output (1.35) grows
with population through (L. ;). By extension, the resource constraint grows with population
through output in (1.77). Finally, since all agents making up the population require housing,
the housing stock is defined as the sum of population and vacant housing units through
(1.43), thus, the law of motion for development of land (3.11), and housing (1.56) grows with
population.

—(1+p) (1.1)

A1 = (1+ 2)4, (1.4)

Meanwhile, the trend growth rate of productivity (A¢), raises output through the produc-
tion function (1.35). Changes to output affects consumption through the resource constraint
(1.77), which in turn affects the habit adjusted consumption bundle (1.15). The change con-
sumption also affects the households optimal choice of (1.12) and the Euler equation (1.14).
As the stochastic discount factor (A;) grows with productivity through (1.12), we must also
control for the trend productivity growth rate in affected equations: the construction sector
labour demand equation (1.60), and the value functions associated with the housing market:
(1.61), (1.62), (1.63), (3.15), (1.66). And the transaction and house price equation (1.69).

The production function is also part of the intermediary good producing firms maximi-
sation problem, and thus enters into the job-creation equalibrium (1.31). The production
function is also part of the Nash bargaining problem faced by workers/firms in the labour
market, thus affecting the wage equation (1.41), and by the extension the decision about how
many hours to work (1.42).
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A Households:

The aggregate representation of the households variables: (1.12), (1.13), (1.14), (1.15) are
already stationary through the aggregation described in section: A.0.2.

X
A = 0 (ZH)7° (1.12)

Q:

Xt _oWhyt
=o(=)"—+ 1.13
Xh Qt(Qt A, (1.13)
Xi\ Q1 Xit1,_o Qi1

—) °— =BE 7 R 1.14
Qt(Qt) A, B t{Qt+1(Qt+1) A 1} (1.14)
X G g G (1.15)

Qr QiAr A 1Qi

B Law of Motion for the Labour Market

Recall that by (1.1), population grows each period, to ensure a stationary representation
(1.21) and (1.22) is obtained by normalising for population Q:

B.0.1 Law of Motion for Employment:

Loy =1 —=Dct)Leg—1+ Vet Ver (1.21)
Lct Lc t—1 cht

—»——=(1-9 —— 4 :
Q¢ ( o) Q1 Ted Q¢
Ley Let—1 Qi Ve

-t = (19 ’ : 3.4
Q1 ( o) Qi—1 @y Tet Q1 (34)

B.0.2 Law of Motion for Unemployment:

Uc,t = Qt - (1 - ﬁc,t)-Lc,t—l (122)
Uct Qt Lc t—1

- = _(1-9, ’
Qr Q¢ ( 2 Q1
Ueqt Leg1 Qi1

———=1-(1-19, : 3.5
Q¢ ( ) Qi1 Q¢ (3:5)
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Y = 2t A Lethey (1.35)

C Law of Motion for the Housing Market:

Recall that by (1.1), population grows each period, while population affects the types in
the housing market through (??) to ensure a stationary representation of housing types we
normalise for population Q:

C.0.1 Law of Motion for Homeowners:

Ny = (1= p4)Ni—1+ A By (1.48)
—>gz =(1- ﬁh,t)]\gtl - Ah,tgi
g = (1= O G o (3.7
C.0.2 Law of Motion for Permanent Renters:
Fr=F 1+ (1 —v%1)pQi (1.49)
i R (TR
0o ey 69
C.0.3 Law of Motion for Buyers:
By = Q¢ — Fy — (1 = 9p,4)Ny 1 (1.50)
o=l g oy
g Tl g Ut 9
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D Output:

Since employment (L. ;) grows between periods, a stationary representation is obtained by
normalising for population Qy:

Yt = 2t AtLethey (1.35)
Lct

—>— = 2 Aihe, ??

Q  TQ (*?)

E Resource Constraint:

Since output growth with population through (L.+), and directly through trend productivity,
a stationary representation of the resource constraint requires normalising for both trend
growth variables:

Yi =Cp+ Ve (1.77)
Y Cy Wt
QA QiAr QA ( )

F Housing Stock:

Housing stock grows with population through the definition of population (?7). We there-
fore normalising the expression of the housing stock (1.43) by @ to ensure a stationary
representation:

Hy = Q1+ Vg (1.43)
Ht Vit

: 3.6
"o~ T (3.6)

G Production of Developed land:

Due to the free entry into the housing market we know that hy = hy as discussed in section: ?7.
Housing stock grows with population through (?7). We therefore normalising the expression
describing how much land gets developed (1.58) by @Q; to ensure a stationary representation:

]fIt+1 - lfft =A (?Izt> (Kt ﬁt) (1.58)
t
Hy  He | (ane) K& Hy
o %) G a
L H Qe He ) (ane K& H
Qt+1 Q1 Q A < > ( Qi Qt) -

H Law of Motion for Housing:

Housing stock grows with population through (??). We therefore normalising the expression
of the housing law of motion (1.56) by @, to ensure a stationary representation:

Hyy1 — Hy = ¢tLpy (1.56)
Hip1 & _ g It
Qy Q¢ Q¢
H H, L
L H Qe Hy g, Lt (3.10)
Qi1 Q¢ Q1 Qy
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I Construction sector wage equation:

Since the trend productivity growth rate affects the stochastic discount factor (A;), we need
to normalise the expression of construction sector wages (1.60) by the trend growth rate (A;):

w A
nt 5Et{ . Vt—l—l} — Gnyt (1.60)
on At
Wht A1 Viga } dh,t
-t _ BE Yer1 | dn,
ouds P f{ N AT A
_, Whit Ait1Ai1 Vigr } Tht
= f0E; { ————— - = 2.6
oA, P t{ NAL A A, (2:6)

J Value Functions in the Housing Market:

As the trend productivity growth rate affects the stochastic discount factor (A;) through
(1.12), we need to normalise the expressions of the value functions in the housing market
(1.61), (1.62), (1.63), (3.15), and (1.66). Similarly, the transaction and house price equation
(1.69) is also made statinoary through normalising the trend ptoductivity growth rate A;.

J.0.1 Value Function of Permanent Renters:

A
= BEt{ ;“Vm} ry (1.61)
viE At41 Vt+1 e
U1 ) _ 1t
oy, TP { N A A,
v 1A Vi Tf
W _sg 3.12
- Ay PR { MNA, A1 A ( )

J.0.2 Value Function of Homeowners:

h A
V= it 5 B 2 [0 = 1= )V

0t (Vier — Mer1 Ply) + O (1 — )\h,t+1)V£1] } (1.62)

‘/;N m?’ Z{L )\t—i-l ‘/;]—?—71
AT T4 E 1— 901 =X
— At At + )\tAt +/8 t )\t ( h,t( h,t+1)) At

Vi VB
+79h,t< as >\ht+1 A, >+19ht — Apps1) ot

At At
vy mp At+1 A1 VY
Lo T B g, JARIEHL g, (1 - A
Ay Ay MAy Py At Ay ( i h’Hl))AtH
Vit Pl |/
9 A 9 — A 3.13
+0p4 (At+ h,t+1At+1 + Ope(1 h,t+1)At+1 (3.13)
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J.0.3 Value Function of Searching Buyers:

At

A
v = el 08 { 2 (= M)V + e (2 - P |

VtB 7’? i At+1 ‘/;3-1 thil P t]}i-l
At At 6 t At ( Ah7t+1) At + )\h7t+l At At
v T A1 A Vi Vi
ot E, { 2t g = _
AT A + BE¢ A, ( /\h,t+1)At+1 + Antr1 Aoy

J.0.4 Value of a Vacant House 1:

A N
Vi=rh —m?%—ﬁEt{:lV},H} =V

Vi b
A A
Vi o
A A

J.0.5 Value of a Vacant House 2:

m

h
= L BE
4, + 8 t{

h
~ L BE
4, + 3 t{

A1 Vit }

At

M1Ai41 Vipa
A Ay

A1 }

Vi = BE { L [7h7t+1pt}f&-1 + (1 - ’Yh,t+1)‘7t+1} }

t
Vi t+1 Ph Vit
-t = BE L4 -
A B t{ N | A L (1= yhpn) A,
Vi A1 A1 i
—— =0E; { ——— 1—
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A:4 Full System:

The system has 34 endogenous variables: {Y%, X, Gty My &t Lc t) Uc ty Wety, Wets he b >\c ty Yeits 79c t, WhityWht, Lh,ta )\h,m Vh,t
B ..h

Vt 7V 7rt*7rt7Pt 7Vt7Bt7Nt7FtaStaHtaqhtRt7Zt77rt7K‘Cta’ﬂCt’/{htvﬁht} Threeexogenousvarl-

ables: {Q¢, A¢, Ki}. And, 11 exogenous shock variables: {o¢, Xc.t, €, 2t, €c,ts Uts T, Pty Koty Kbty Mt }

A Aggregated Variables

A.1 Endogenous Variables
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X w
2 xn = o1 <QZ> Ai: Swny  (1.13)
o @t Xit1, o Qi41
3:0 E 7 R — R 1.14
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4.— = -0 — — 1.15
o~ ad A0 o W
MC(- _
5 et = V( ) _ Ke W, f“ = Yert (1.18)
c,t
ME(.
6 )‘c,t = ( ’ ) Ye,tWe,t — )\Ct (1 19)
Uc,t
Lct Lc t—1 Qt—l cht Lct
T2 = (1= ) F Yep 2 — ot 3.4
Q¢ ( ) Qi1 Q¢ Ted Q¢ Q¢ (34)
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K = + 5Et{ L1+ m) T t+1} (1.33)
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A
g =Y+ P 2L (14 ) Ko (131
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A.2 Exogenous Variables:

A.3 Shocks:
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39
40
41

42 .

43
44

45 :
46 :
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Qr11
S}

36 :At+1 =
= (14 ) K}

37 K},

= (1+p)
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B Normalised Representation

. — X J— C _ _ Y; _ _ Lc,t _ Vc,t _ Uc,t _
Let: Ty = jact - QtijitaAt )\tAt7yt — QtifqtvL - ft,lC,t - @avc,t - Q¢ , Ut = Q¢ , g =
N, _ F _B _Lht L _ KN _ VY h_mf B _ VP h_
é’ft = o = g lhe = she = t kt - Qit”)t = ftvmt = Tiavt = ,aft Ty =
Th F (2 Ph wct wht gh,t :

AoV = AP = Ao Wer = 4, yber = At sWhit = 455 qht = 4 And, introduce the
process for the exogenous variables: Qggl = (14 p), A“’l = (14 2)A;, Ky = (1+3a)K}.

B.1 Endogenous Variables
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B.2 Shocks:

35 :(0t) = poloe-1) + €greg ~ (0,05,); — 0
36 :(Xet) = Pye(Xei—1) + €xei€xe ~ (0, Ui,i); — Xeit
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1 I)\t = th:t—a
A=x7 — A
2:xn = orwy “wpy
Xh = T—oyy, — Wh
- o (1+p)
3 2tht e BEt{Qt"rlxtflmRt"rl}
1
0= ﬂ( + 1)
(1+9)
(1+9)
R= 2] SR
(1+ w8
47 =c —Ocq — Ty
x 7 =(1-0)c —x
MC Ty —6c
5 Net = V( ) = ﬁc,twcyt ! — Ye,t
c,t
Ve = chgéc — Ve
MC(.,-
6 :)\c,t = Uc(,t ) = Ve, tWe,t
Ae = YeWe — Ac
(1 —c4)
Tidey = — oy
ot (1 +,u) et—1 T Vet Vet
1-19
:ZC — <(1 + LLC)) lc + ,}/CUC — lC
(1 —7cq)
8: =1——"1.4_ —
Ue,t (1 T M) ct—1 Ue,t
(1 B 190)
We =1— l —
e (1+p) ° e
L A L
91— = hey(§z — wer) + <ﬁ<>ﬂ«:t{ (= der) } = Wey
c,t t Ve, t+1
L L
i— = he(§ —we) + (B<) (1 — 19C)l — We
c Ve

A:li

(1.12)

(1.13)

(1.14)

(1.15)

(1.18)

(1.19)

(3.4)

(1.31)



10

11

12

13

14

15

16

:hcwc—ec[ EHBL=0) (1= (1= A) )L]

. e—1 _ 1 _ _ € Kl,t 1=e
(me+1) 1_§<1 (1 g)<(e—1)K27t> > — Tt

A
Kyt = wepyr + PR { ;H (1+ 7Tt+1)6+1K1,t+1}
t

A
Koy =y + PE; { Zl (14 mpq1) Ko t+1}

:Steady-state simplifications:

1

K =

Ko=y+fr—

2 =Y §ﬂ1—§3(1+ﬂ)6

1 e Ki\'°¢

() =2 (11— 21

(r+1) g( ( <>(6_1K2> ) o
Y = 2theley — Yt
= hel. —y

Ihc,twc,t = €t [hc t2tE¢

+B(1 = D) Ey {)\tﬂ <1 — (1= A1) G Gc’t)gcvt“) Lit1 H

At (1 - €c,t)€c,t Ve,t+1
A1 o) [bct N (“‘é’l_)t;_l)] e

+B(1 - c) [bc+>§\c((1_1_y 1)}

:hcwc = €¢ [hc§

Ye
Xe [((1—=h)'V —1
1—€.) |be+ 5= c
o 6)[ 5 (5 o
2 Ay = —het) Y
26 Ay = )\t( ,t)
( he)™ —¢
N "
Whit = S,
B —
Wh = —
h g Wh
on
Yht = KhtWp
:’yh:/ihwih — Yh

op—1
At = “hiwh]?t

op—1

:)\h = KpWwy, — )\h

A:lii

(1.32)

(1.33)

(1.34)

(77)

(1.41)

(1.42)

(1.45)

(1.46)

(1.47)



17

18

19

20 :
ther1 (T4 p) — by = Gelpy
th(1+p) —h = dly

21

22

23

Ny =

b=1—f—n

z A
ol = —m?+ t+ﬂ]Et{ A=

(1 —="ny)

AL (TER T VN )
= Ng—1 + Ap,t0t

2TL<1 + M) = (1 — ﬂh)n + )\hb

" Anb
_19h+,u

(Lt p) = fior + (1= Ye1)p
S +p)=f+ 1 —P)u
fr=(1—9¢)u

f=0-19)

by =1—fr—m

(1 =)
(1+w)

(1 —9p)
(1+w)

:h% — 1,
% — BE, {)\ZIVQH} — hy
3% =BV —qn
wp,
qp = BV — ?

h

At At

-H9h,t(f/2+1 - Ah,t+1p?+1) +Op(1 — )\h,t+1)vgr1} }

8 (1= 0(1 = W)™ + IV = Mup) + 0 (1 = M)

[(1—Dpe(1— Ant+1)) 0P

Acliii

—n

— qh

(1.48)

(3.8)

(3.9)

(3.10)

(1.60)

(1.62)



24

25

26

27

28

29 :

hraa(1-4 ) = b= & (%) (6 = )

30

B

vy

U=

=

L h
g
h

‘P

h

ZT’h

hu

:h =

. A
= —Tth + ,BEt { ;\—:1 |:(1 — )\h7t+1)vﬁ1 + )\h,t+1 (’Uﬁl — p?+1)i| }

wB = 4 [(1 — AP 4+ (UN —ph)}

At

A
Uy = ’I"?* - mh + BEt {H_I’Ut+1}

w=r"—mhl+ Bo

w(l —B) =™ —mh

Th* _ mh

(1-5)

A
wy = BEy { Zl [’Yh,t+1p?+1 +(1— 7h,t+1)Ut+1] }

w = Bypp” + B(1 — v

Bynp”
1—B(1 =)
= (1 —ene) () —vP) + ensv
=(1—ep)(0N —0B) + v
=urf g+ (1=v)r

=or’ + (1 —v)r™

:rh(l —v)=(1- v)rh*

Ay

:M1+M—h:A(@)w§—m

A
a(4) o=

h(p+ ALy = A (qi‘) kL

A
A (%) ko
(n+A%)

A

A:liv

— v

— rf*

N ,r,h*

— v

— T

(3.14)

(1.65)

(1.66)

(1.69)

(1.70)

(1.70)

(3.11)



5 —C
31 Wy = Vey <w’”> (1.74)
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A:5 Numerical Implementation

We use RISE toolbox (Maih2015) for MATLAB to perform all parts of the numerical im-
plementation.®?> We code the model in a symbolic form and then solve with perturbation
methods. In our estimation we impose relatively wide priors and use the Artificial Bee
Colony algorithm by KarabogaBasturk2007 for global optimisation. We use the IMM
filter and recover latent variables using the associated regime-switching smoother developed
in HKKM2024. Variance and historical decompositions are computed using the standard
routines in RISE.

52RISE stands for ‘Rationality in Switching Environments’. The codes and documentation are available at
https://github.com/jmaih/RISE_toolbox
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A:6 Simulation Appendix for Chapter 1: Housing and Labour
Market Spillovers

A Labour Supply Shock

1: Shock Decomposition (xc)
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Figure 7: Response of the system to a unit shock to the disutility of working in the consump-
tion sector, with and without active spillovers between the housing and labour market
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Figure 8: Response of the system to a unit shock to construction sector productivity, with
and without active spillovers between the housing and labour market
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Figure 9: Response of the system to a unit shock to total factor productivity, with and

without active spillovers between the housing and labour market
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Figure 10: Response of the system to a unit shock to consumption preferences, with and
without active spillovers between the housing and labour market
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Figure 11: Response of the system to a unit shock to the elasticity of substitution between
inputs, with and without active spillovers between the housing and labour market
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Figure 12: Response of the system to a AR(0) unit shock to monetary policy, with and

without active spillovers between the housing and labour market
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Figure 13: Response of the UK economy under Baseline and counter-factual experiment to
a unit shock to housing construction productivity.
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Figure 14: Response of the UK economy under Baseline and counter-factual experiment to
a labour supply shock

A:Ixiii



growth rate of labour market tig ate of real earnings output growth raté of housing stock
05 0.0 0.04 20
0 ' 0.02 10
X 0
05 gg -0.02 0
1980 1984 1988 1980 1984 1988 1980 1984 1988 1980 1984 1988
homeownership rate unemployment

growth rate of house price to regagatidnours of work

0 0 8.8
0.1 -0.02 -0.05 ﬁ@
0.2 -0.04 8
1980 1984 1988 1980 1984 1988 1980 1984 1988 1980 1984 1988
growth rate of house salesbarg power, bargaining renters, F Affordability, P/(wh)
0.2 0.4 0.4 15
0 0.3 M 0.35
0.2 0.2 03 :
1980 1984 1988 1980 1984 1988 1980 1984 1988 1980 1984 1988
inflation «1interest rate House price s Tightness, labour
0.04 20 1.2
0.02 10 1
9 0
-0.02 0.8 0
1980 1984 1988 1980 1984 1988 1980 1984 1988 1980 1984 1988
3 Tightness, house Filling, labour 05 Filling, house Finding, labour
o . ; =)
: : ik -
1 -4 0 )
1980 1984 1988 1980 1984 1988 1980 1984 1988 1980 1984 1988
Finding, house 0 Separation labour 2Separation housing
0
-2
? ﬁ\ 2 15
2 -6 1
1980 1984 1988 1980 1984 1988 1980 1984 1988

(a) Simulated UK economy with only US labour market spillovers
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(b) Simulated UK economy with full US labour market spillovers

Figure 15: Comparison of simulated UK economies under different US labour market spillover
scenarios. Panel (a) shows the effects of only US labour market spillovers, while Panel (b)
includes full spillovers. Aslxiv
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